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� Y._aQ�WZYl����O F*KMb�D3ECF^Ic[\gk� � ��D{��O ]�WZECF�N�Ic[\f�O QLR�KM_aQCRcYl_aRcFoO Q�WZECFHVXIL�`��YCQlO W�g ILG¡ElO RcE�F^QCF^[\Rcg

¢ E�g�]AOMV^O ]\WZ]�p3sXWPO ]�QCIcW{WZECF�F^]�IcWZF^[�OMV{WZELF^Ic[\g£_cV^VXF^]\]�O ¤lK FPWZIeWZECF�]A�`_cKMK¥Rc[\IcY ¢ ILGLF^¦ ¢ F^[\WZ]�§¥WZELF�¤l_a]�OMV�OMbcF*_a]ILG � ��D¨El_ZdcFoWZI�¤�F£G"_c�eOMKMOM_a[`WZI�_cKMK{�©F*��¤�F^[\]ªILG�WZECF£VXIL�`��YCQlO W�g*pMD�ECF^[\F«_a[\F;Q�Yl��¤�F^[�ILG3F^¦�VXF*KMK F^Q�W
WZF^¦�WZ¤¡I�Icf�]�IcQ � ��D{p¬D3ECFHKMO ]\W�ILG�WZECFP[\F*VXIL�`�©F^QlbcF*b�¤�I�Icf�]�V^_aQ¤�FUGJIcYCQlbO Q[\F*G�® qa¯ p�°�]�_�[�YlK F�WZECF^g
_a[\F�[�_aWZECF^[�K F^QCRcWZE�g*§LWZELFH_ZdcF^[A_aRcF�]�O ±^FPILG�WZECF²]\W'_aQ.bC_a[�beWZF^¦�WZ¤�I�IcfkO ]�ILG¡WZELF²Ic[�biF^[�ILG�³c´c´ ¢ _aRcF^]�pPD�ECFIcQlK g�N©_\gTWZI YCQlbiF^[�]\W'_aQlb � ��DµO ]�WZIoW'_afcFUIcQCF�ILG¶WZELF^]\F`¤�I�Icf�]e_aQlbHWZI ] ¢ F^Q.beIcQLF`gcF*_a[²Ic[U��Ic[\F�WZI]\WZYlbcgTO W'p�sXW²O ]�E._a[�b�N©_\g*§·¤CYLW�QCIc¤�I�bigef�QCI�N{]�WZELF�¤¡F^WZWZF^[�IcQCF*p{miI4O ]�KMOMG¸F*¹

D�ELF�RcIL_cK�ILGCWZECF^]\F`K F*VXWZYC[\F^]�O ]�QCIcW�WZI ¢ [\I'd�OMbiF`_aQ�ge]\g�]\WZF*�`_aW'OMV�O Q�WZ[\I�biYlVXW'O IcQoWZIªWZECF©]\YC¤¬º"F*VXW'p.sXWO ]�OM� ¢ Ic]\]�O ¤lK FPWZITbiITO Q4jCdcFoK F*VXWZYC[\F^]Ap²D�ECF²RcIL_cK.O ]�WZIH[\F*�`O Qlb`WZECF²]\WZY.biF^Q�WZ]�N{El_aW�WZECF^gk_cVXWZYl_cKMK gEl_cb]\WZYlbLO F*bk_4GJF^N»gcF*_a[\];_aRcILpk¼^YC]\W²WZECFe¤l_a]AOMVeVXIcQlVXF ¢ WZ]A§¬QLIcW'O IcQC];_aQ.bo[\F*KM_aW'O IcQC]ªILG � ��D½NPO WZECIcYCW;K IcQCRbiF^[�O d·_aW'O IcQC]ª_aQlbª¤�Ic[�O QCR GJIc[��`_cKMO ]��`p
¾ � ¾ �©¿�@C?�= z B ~)| <e@Lv �Àx{z}|�~}� <��
sXQ�WZECF�Á{KM_a]\]�OMV^_cK�Â¶E�g�]�OMVX]oWZECF ¢ _a[�W'OMV^K F^]h_aQlbhjCF*KMbi]k_a[\FTdcF^[\gÃbCO Ä¡F^[\F^Q�Wkbcg�Ql_c�eOMV^_cK�]�g�]\WZF*��]�pÂ�_a[\W'OMV^K F^] _a[\F ¢ _a[�W'OMV^K F^];_aQlbojCF*KMbi]U_a[\FejCF*KMbi]�p D3ECF^[\FO ]PQCIoN©_\g�WZIhVXIcQlGJYC]\F`WZELF^]\F`QCIcW'O IcQC]Ap4D�ElO ]HO ]F^dcF^[\g�bC_ZgoN�O ]�biIL�`p
D�ELF�]\g�]�WZF*�ÅILG ¢ _a[\W'OMV^K F^]²E._a]�jCQlO WZF`Q�Yl��¤�F^[�ILG1biF^Rc[�F^F^]²ILG�G¸[\F^F*bcIL�ÇÆ�p�DCIhbcF^]�VX[�O ¤�F�WZElO ]Ubig�È

Ql_c�`OMV^_cK�]\g�]\WZF*�ÇIcQLF4El_\dcF4WZIÉO Q�WZ[\I�biYlVXF4WZECF4RcF^QCF^[A_cK�VXI�Ic[�bCO Ql_aWZF^]�Ê\ËX�)ÌÍ�U�)Î4Ï qcÐ^ÑcÐ^ÒMÒMÓ �;_aQlbTWZELF*O [
W'OM�©F£biF^[�O d·_aW'O dcF^]ÕÔÊ\ËX�)Ì^��Ic[4VXIcQLº"YCRL_aWZF*bÖ��IL�©F^Q�W'_H×�Ë��)Ì^�Zp�Ø�O WZELF^[�N�F;]\WZYlbigkWZECF;¤¡IcYLQlbiF*bk��IcW'O IcQÖIc[
WZECF�]�V^_aWZWZF^[�O QCR ¢ [\I�VXF^]�]\F^]`_aWª_aQ�g4W'OM�©F�N�FoV^_aQT]�_\g4ECI�NÙ�`_aQ�g«biF^Rc[\F^F^]©ILG�GJ[\F^F*biIL�ÚWZECF�]\g�]�WZF*�ÛE._a]�p
Ø�dcF^QUN{ECF^Q�N�F{Ic¤C]\F^[�dcF{WZECFPbiF*V^_\gªILG*WZELF�]\g�]�WZF*�ÉN�FP_a[\F{]\YL[\F�WZEl_aW�IcYCWZRcILO QCR ¢ _a[\W'OMV^K F^]�N1F^[�F{¤�IcYCQlbiF*bO QC]�OMbcF�WZECFUO QlO W'OM_cK¥]�g�]\WZF*�µ¤�F*G¸Ic[\F�WZELFebiF*V^_Zg*p�D�ElO ]²O ]�F^d�OMbiF^Q�W'p

��O F*KMbTWZECF^Ic[�g�O ]_HWZELF^Ic[\gkILG�WZECFo]\g�]\WZF*�ÜNPO WZEÝO QCjLQlO WZFoQ�Y.�{¤�F^[ªILG�biF^Rc[�F^F^]`ILG�GJ[\F^F*biIL�epÞDLI
biF^]�VX[AO ¤¡F�WZELF�F*K F*VXWZ[\IL�`_aRcQCF^W'OMVPjCF*KMbi]�N�F`El_\dcF`WZI f�QCI'NÜG¸IcYC[�È ¢ IcWZF^Q�W'OM_cK�ß�àk_aW�F^dcF^[�g�] ¢ _cVXF ¢ ILO Q�W�á�pn�_a¦�N�F*KMK·F*â'Yl_aW'O IcQC]�RcI'dcF^[\Q�WZECF�F^dcILK YCW'O IcQ�ILG�WZECF�jCF*KMb O Q W'OM��F*p

D�ELF � Y._aQ�WZYl�ãneF*VäEl_aQ.OMVX]e� � n�1ILG¶QCIcQC[\F*KM_aW'O d�O ]\W'OMV ¢ _a[\W'OMV^K F^]�N�_a]ebiF^dcF*K I ¢ F*b�O Q qcåcÑ SaÈ Ñcæ p�sXQ� n�big�Ql_c�`OMV^_cK¥]\g�]\WZF*�µNPO WZE Ó biF^Rc[\F^F^]�ILG�GJ[\F^F*biIL�ÙO ]�biF^]�VX[�O ¤�F*b�¤�gHN�_ZdcF;G¸YLQlVXW'O IcQ
ç �ZÊ Ð Ì^��Ï ç �ZÊ'è Ð^ÒMÒMÒMÐ Ê\éªêXÌ^� � qcÒMq �

WZEl_aW{]A_aW'O ]\jCF^]�WZELF�N©_\dcFPF*â'Yl_aW'O IcQ
Î�ë
ë Ì
ç �ZÊ Ð ÌÍ�3Ï½ì��)× Ð Êi� ç �ZÊ Ð Ì^� � qcÒMÑ �

N{ECF^[�F�ì��)× Ð Êi��O ]�WZELF²í�_c�`OMK WZIcQ.OM_aQ�_aQlb©×eO ]�WZECF�I ¢ F^[�_aWZIc[�ILG¡�©IL�©F^Q�WZYl�`î¬×UÏ½ï�Î ë�ðcë Êip�D3ECF�Q�Y.�{¤�F^[ILG�biF^Rc[\F^F^]{ILG�GJ[\F^F*biIL� Ó N�_a]�]\Y ¢L¢ Ic]�F*b�WZI`¤�F�jC¦�F*b�F^¦�_cVXW'K gkKMO fcFHO Q«Á{KM_a]\]�OMV^_cKln`F*VñEl_aQlOMVX]�p
D�ELF�jL[\]\W`â>Y._aQ�W'O ±*_aW'O IcQhILG¶F*K F*VXWZ[\IL�e_aRcQCF^W'OMV�jCF*KMbc]�El_cbH¤�F^F^Q�biIcQCF _aW�WZECF�]�_c�©F�W'OM��F4O Q qcåcÑcæ

¤�góòlIc[\Ql§²í�F*O ]\F^Q�¤�F^[\R½_aQlb�¼^Ic[�bC_aQÕO Q�WZECF*O [o]\F*VXIcQlb ¢ _ ¢ F^[;IcQ � n�p�D�ELF^g�[\F ¢ [\F^]�F^Q�WZF*b«[�_cbLOM_aW'O IcQF*K F*VXWZ[\IL�`_aRcQLF^W'OMV�jCF*KMb£_a]o_aQÀO QCjCQ.O WZF`]\F^W²ILGlEl_a[A�©IcQlOMV©Ic]�V^OMKMKM_aWZIc[�]4_aQlb£â'Yl_aQ�W'O ±^F*b4WZECF^]\FUIc]�V^OMKMKM_aWZIc[\]�p
D�ECF^g�GJIcYCQlb WZEl_aW²F^¦�V^O W'_aW'O IcQC]�ILG.WZECFUIc]�V^OMKMKM_aWZIc[\]�¤�F^El_ZdcFTKMO fcF£_4GJ[\F^F��`_a]�]�K F^]\] ¢ _a[\W'OMV^K F^]�ô ¢ ELIcWZIcQC]�pD�ECF�Q�Yl�{¤�F^[©ILG ¢ ECIcWZIcQC]©N©_a]�QLIcW�jL¦�F*bCp�D3ECF^g N�F^[\F VX[\F*_aWZF*b£_aQlbTbiF^]\WZ[�I'gcF*b;¤�g«VñEl_a[\RcF*b ¢ _a[\W'OMV^K F^]Ap� Yl_aQ�W'O ±^F*bhWZECF^Ic[\g�ILG�F*K F*VXWZ[�IL�`_aRcQCF^W'OMV;jCF*KMbk¤�F*V^_c�©FÖ_ WZECF^Ic[�g�ILG ¢ _a[\W'OMV^K F^]oô ¢ ECIcWZIcQC]ApÛÂ�ELIcWZIcQC]N�F^[\F;QCIcW4õa¤�IcYCQlbiF*bCõO QC]�OMbiF£VñEl_a[\RcF*b ¢ _a[\W'OMV^K F^]A§�WZECF^ghN1F^[�F�VX[�F*_aWZF*b�G¸[�IL�öõaQCIcWZElO QCRLõU¤�gk]�V^_aWZWZF^[\F*b
VäE._a[\RcF*b ¢ _a[\W'OMV^K F^]Ap{D�ECF ¢ E�g�]AOMV^_cK�OMbiF*_�ILG ¢ ELIcWZIcQC]�N©_a]�O Q�WZ[\I�biYlVXF*bP¤�g�Ø1O QC]\WZF*O Q W�N1F^Q�W÷g;gcF*_a[\]{¤�F*GJIc[\F
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WZElO ] ¢ _ ¢ F^[�§�¤CYCW�WZECFeGJIc[��`_cK¬â>Yl_aQ�W'O ±*_aW'O IcQTILG�jCF*KMbª]\ECI�N1F*b`WZEl_aWPâ'Yl_aQ�W'O ±^F*b`jCF*KMb4O ]�F*â'YlO d¥_cK F^Q�W�WZIeWZECF]\g�]\WZF*�ÕILG ¢ _a[\W'OMV^K F^]�WZEl_aWPV^_aQ¤¡FeVX[�F*_aWZF*b4_aQlb bcF^]\WZ[\I'gcF*bLp
�iIc[�]\IL�©FPW'OM�©F ¢ E�g�]�OMV^O ]\WZ]�WZ[�O F*b�WZIUjCQlb _�[\F*KM_aW'O d�O ]�W'OMV{dcF^[\]AO IcQILG�N�_ZdcF�F*â>Yl_aW'O IcQÖ� q p Ñ ��G¸Ic[�WZECF

¢ _a[\W'OMV^K F^]ª_aW�ElO RcE4F^QCF^[\Rcg*p
D�ELF`jC[\]\W�]�YlVäE£F*â'Yl_aW'O IcQ«N©_a]PN{[�O WZWZF^Q�O Q qcåcÑcæ ¤�g�ø�K F*O QÀ_aQ.b£ù�Ic[�biIcQÀG¸Ic[P] ¢ O QÞ´ª[�F*KM_aW'O d�O ]\W'OMV

¢ _a[\W'OMV^K F ï ë à ë àCú{�)á���Ïüû ýcú{�)á�� � qcÒMþ �
N{ECF^[�F ë àUÏ ë�ðcë á¡à�_aQlb ú��)á.��O ]�_�VXIL� ¢ K F^¦kG¸YLQlVXW'O IcQ ILGLá�Ï½�)Ì Ð�ÿá��Z§·û�O ]P_`�`_a]\]�ILG ¢ _a[\W'OMV^K F*p

� O [�_cV ¢ ILO Q�WZF*b�IcYLWPWZEl_aWªF*â�pü� q p þ ��_aQlbWZECFTGJYCQlVXW'O IcQ½ú{�)á��ªV^_aQ�� Wª¤¡FTO Q�WZF^[ ¢ [\F^WZF*bÖ_a] _UN©_\dcFF*â'Yl_aW'O IcQó_aQlb�N�_ZdcFhGJYCQlVXW'O IcQ.p�sXQ qcåcÑ ³;ECF;]\YCRcRcF^]\WZF*b�ElO ]�I'N{QÖ[�F*KM_aW'O d�O ]\W'OMV`F*â>Y._aW'O IcQóG¸Ic[�] ¢ O Q q ð Ñ¢ _a[\W'OMV^K F^]Aî �)Î�� à ë à ïTûk� ç �)á���Ï½´ � qcÒ � �
í�F^[\F ç O ]P_eVXILK Yl�©Q NPO WZE � VXIL� ¢ K F^¦£VXIL� ¢ IcQCF^Q�WZ]�� � Èä] ¢ O QCIc[��{_aQlb��¥à4_a[\F ���	� �`_aWZ[�OMVXF^]Ap

D�ELF�WZ[\IcYL¤lK F^]1N�O WZE�O Q�WZF^[ ¢ [�F^W'_aW'O IcQoILG·F*â�p�� q p � ��_a]�WZELF�IcQCF^È ¢ _a[\W'OMV^K F�[\F*KM_aW'O d�O ]\W'OMV�N©_\dcF�F*â>Y._aW'O IcQ_a[\F�QCIcW1]�I²F^d�OMbiF^Q�W�_a]�G¸Ic[�WZECF�V^_a]�F�ILG�F*â�p�� q p þ �Zp{òlYCW�WZECF�WZ[�YCWZE�O ]�WZEl_aW�G¸Ic[�_aQ�g�[�F*KM_aW'O d�O ]\W'OMV ¢ [\I�VXF^]�]\F^]WZECF�]AO QCRLK F ¢ _a[�W'OMV^K FHbiF^]�VX[AO ¢ W'O IcQ4¤C[�F*_af�]ªbiI'N{Q.p3°�Q�g;[\F*KM_aW'O d�O ]\W'OMV�]\g�]�WZF*�ÕEl_a]ªO QCjCQlO WZF�Q�Yl��¤�F^[\]�ILG�biF^ÈRc[\F^F^]3ILGCGJ[\F^F*biIL�ep1neIc[\F�F^QCF^[\Rcg�N�F ¢ Yl� ¢ O Q�WZI©WZECF�]\g�]\WZF*�`§·�©Ic[�F©biF^Rc[�F^F^]3ILGCG¸[�F^F*biIL�ÃV^_aQ�¤¡F1F^¦�V^O WZF*bLp�iIc[�F^¦�_c� ¢ K F`_aQ�ge]�V^_aWZWZF^[�O QLR ¢ [\I�VXF^]\]�O Q � Ø � V^_aQo¤�F�_cV^VXIL� ¢ _aQlO F*b�¤�gVX[\F*_aW'O IcQ4ILG¶_cbCbCO W'O IcQl_cK�
��
��
¢ _cO [\]Ap{D�ECF^]\F ¢ _cO [\]P_a[\F²QCIcW{ElOMbCbcF^QkO QC]�OMbiFeO QlO W'OM_cK ¢ _a[\W'OMV^K F^]�§CWZECF^g£_a[\FUVX[\F*_aWZF*b�biYC[AO QCRªWZECF�]�V^_aWZWZF^[�O QLR
¢ [\I�VXF^]\]�pªD�ELFPQl_aWZYL[�_cK�biF^]�VX[�O ¢ W'O IcQTILG¶[\F*KM_aW'O d�O ]�W'OMV ¢ E�g�]�OMVX]eO ]`â'Yl_aQ�WZY.�ÛjLF*KMbeWZELF^Ic[\g*p�miI�O W�O ]�N�[\IcQCRWZI bCO d�OMbiF©N1Ic[�KMbPIcQ ¢ _a[�W'OMV^K F^]P_aQlbPjCF*KMbi]�p���F�El_\dcF�WZIªYC]\F©WZECF`â>Y._aQ�WZYl�ójCF*KMbPWZECF^Ic[�g�GJIc[�F^dcF^[�g�WZElO QLR p

�i[�IL�ÙWZElO ] ¢ ILO Q�W�ILGld�O F^NÛ¤�IcWZE£WZECF�ø�K F*O QCÈ�ù�Ic[�bcIcQÀ_aQlb � O [A_cV�F*â'Yl_aW'O IcQC]o_a[\F`QCIcW�[�F*KM_aW'O d�O ]\W'OMVN�_ZdcFeF*â'Yl_aW'O IcQC]Ap4D�ECF^gÖ_a[\F`jLF*KMb;F*â>Y._aW'O IcQC];GJIc[�]�V^_cKM_a[;_aQlb;] ¢ O QCIc[�jCF*KMbi]Ap D�ECF^]\F�jLF*KMbi]�El_\dcFeWZI ¤�Fâ'Yl_aQ�W'O ±^F*p�D�ECF�K I'N�F^]\W�F^¦�V^O W'_aW'O IcQL]{ILG¥WZECF^]\F`â'Yl_aQ�WZYl�ójCF*KMbi]�¤¡F^E._ZdcF`KMO fcF`�`_a]\]�O dcF ¢ _a[\W'OMV^K F^]�NPO WZEU] ¢ O Q´`_aQlb q ð Ñ [\F^] ¢ F*VXW'O dcF*K g*pD�ELF � �.DÅO ]�WZECF;[�O RcE�W4KM_aQCRcYl_aRcFkGJIc[4biF*_cKMO QCR�N�O WZE ¢ _a[\W'OMV^K F ¢ E�g�]�OMVX]Ap�D�ElO ] KM_aQCRcY._aRcFkO ]�QCIcWYCQlOMâ'YCF*p`�cIc[�F^¦�_c� ¢ K F�]\WZ[�O QCR;WZECF^Ic[�g«_cK ]\I ¢ [�F^WZF^Qlbi]©WZIkbiF^]�VX[�O ¤�F ¢ _a[\W'OMV^K F^];O QÖK I�NµF^QCF^[\RcgÖKMOM�`O W'p���FEl_\dcF4_cK ]\I;WZIHQLIcWZF�WZE._aW�IcQLFoV^_aQ�VXIcQL]\WZ[\YlVXW�õcbCOM_aRc[�_c�`�e_aW'OMV^_cõ4�ZOMp F*p©WZECFª]\F^W�ILG�[�YlK F^]`G¸Ic[`V^_cKMVXYlKM_aW'O IcQ
ILG�_c� ¢ KMO WZYlbcF^]PO Q ¢ F^[\WZYC[\¤._aW'O IcQoWZECF^Ic[\g���NPO WZECIcYCW²_aQ�g;[\F*GJF^[\F^QlVXF�WZI � �.D�p

¾ ����� tPu @Lv�= z�� @C= z}� vÀ@Cv � = �l|x¬� BA��<��.@CB | �
Á�IcQL]�OMbiF^[P_©jLF*KMb�WZECF^Ic[\g£G¸Ic[�_`G¸[�F^F�]�V^_cKM_a[ ¢ _a[\W'OMV^K F*î

ú{�)á.��Ï½ú{� ÿá Ð Ì^� � qcÒ Sc�
sXQÀWZELF�õcÁ{KM_a]\]�OMV^_cK�D3ECF^Ic[\g�õ«ú��)á.�;O ]k_�[\F*_cK�GJYCQlVXW'O IcQÉILG�] ¢ _cVXF^ÈäW'OM�©F ¢ ILO Q�WHá à Ï �)Ì Ð�ÿá3�²N�O WZEÉWZECF
KM_aRc[�_aQCRLOM_aQÖbiF^QC]AO W÷g �©�Zú Ð ë àLú��

�©�Zú Ð ë àLú��3Ï
q
Ñ�� ë à¡ú ë àCú£ïTû ýcú3ý�� � qcÒMæ �

N{ECF^[�F ë à ú�Ï ������ úÝ_aQlbªû�O ]{WZECFH�`_a]\]{ILGLWZECF ¢ _a[�W'OMV^K F*p
D�ELFe_cVXW'O IcQ  �O ]�RLO dcF^Q4¤�g

 £Ï !#"7á$�©�Zú Ð ë à�ú{� � qcÒ&% �
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WZF*VäELQlOMâ>YLF^]�]�YlVäE�_a]�I ¢ F^[A_aWZIc[\]©_cK RcF^¤L[�_c§�VXIL�`��YCW'_aWZIc[\]�F^W'V^p{òlYCW�WZECF�jCQ._cKc[\F^]\Y.K WZ]�§�OMp F*p.WZECF�F^¦ ¢ [\F^]�]�O IcQGJIc[4VXIcQC]\F^[\dcF*b�Æ�I�F^WZECF^[\]4VXYC[\[�F^Q�WZ]�§3[\F*�`_cO Q�WZECF;]�_c��F*pÞmiITN�F£_a[\FoRcILO QCR�WZI�]\f�O ¢ WZECF ¢ [\I�ILG3ILG�WZECFWZECF^Ic[\F*��O Q � ��D{p

°�W�WZECF©F^Qlb²ILG·WZE.O ]�]\YC¤C]\F*VXW'O IcQ;N�F ¢ [\F^]\F^Q�W�WZECF`VXIcQC]\F^[\dcF*b�dcF*VXWZIc[PVXYL[\[\F^Q�WZ]�WZE._aW�VXIc[�[\F^] ¢ IcQlbPWZIWZECF�]�g��`��F^WZ[�O F^]{WZEl_aW{N�FUVXIcQC]AOMbiF^[\F*b O Q WZELF�]\YC¤C]�F*VXW'O IcQ Ñ p q î
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D�ELF«OMbiF*_ ILG�] ¢ IcQ�W'_aQCF^IcYL]Ud�O ILKM_aW'O IcQÉILG�]\g��`�©F^WZ[\güN�_a]�GJIc[���YlKM_aWZF*bkjC[\]\WO QÀWZECF]\ILKMOMb£]�W'_aWZF
¢ E�g�]AOMVX]�p�Á�IcQC]�OMbiF^[A§CG¸Ic[1F^¦�_c� ¢ K F*§cWZECF ¢ O F*VXF�ILG�]\IL�©F�G¸F^[\[�IL�`_aRcQCF^W'OMV��e_aWZF^[�OM_cKMp�D�ECFPO Q�WZF^[�_cVXW'O IcQHILG�WZECFF*K F*�©F^Q�W'_a[\g��`_aRcQCF^W'OMV��©IL��F^Q�WZ]�ILGCF*K F*VXWZ[\IcQC]PO QC]AOMbiFªGJF^[\[\IL�e_aRcQCF^W'OMV�O ]"!²� þ ��O Q�d¥_a[AOM_aQ�W'p [ QHWZELF�IcWZELF^[
El_aQlbª_aW{K I'N�WZF*� ¢ F^[�_aWZYC[\Fbk m)k�glWZECF�WZIcW'_cK·�`_aRcQCF^W'OMV{�©IL��F^Q�W ï ·# ILG�G¸F^[�[\IL�`_aRcQCF^W'OMV ¢ O F*VXF�O ]3QCIcQL±^F^[\I_aQlb El_a]²WZECF�biF^jCQlO WZFTbCO [\F*VXW'O IcQl§�OMp F*p�O W²d�O ILKM_aWZF^]�!²� þ �²O Q�d·_a[�OM_aQlVXFHILG¬WZELFe]\g�]\WZF*�`pTù�[\IcYLQlb;]\W'_aWZFTO ]
IcQlK g$!²� Ñ ��O Q�d·_a[�OM_aQ�W²G¸Ic[�WZECF©[\IcW'_aW'O IcQL]²_a[\IcYCQlb ï ·# _aQlbPWZECF&%÷d�O ILKM_aWZF*bCõ©]\g��`�©F^WZ[AO F^]²_a[\F©[\F*_cKMO ±^F*bo_a]²_
�`_a]\]AK F^]\]�F^¦�V^O W'_aW'O IcQC]�p

sXQ²jCF*KMb{WZECF^Ic[\ge_aQl_cK IcRcIcYL] ¢ ECF^QCIL�©F^QCIcQHO ]lf�QCI'N�QH_a]�Æ�_c��¤CYCÈ�ù�ILKMbc]\WZIcQCF�[\F*_cKMO ±*_aW'O IcQ�ILG�]\g��e�©F^ÈWZ[\g*p���Fª_a[\F{RcILO QCR�WZIUbCO ]�VXYL]\]�WZElO ] ¢ ECF^QCIL��F^QCIcQ`YC]�O QLR�WZECF�F^¦�_c� ¢ K F{ILG� d÷²� Ñ � û �  �÷²� Ñ � ý ]\g��`�©F^WZ[\gILG·]�WZ[\IcQCRoO Q�WZF^[�_cVXW'O IcQL]�p � Y._a[\f r _aRc[A_aQCRLOM_aQk� Ñ p qcÑ �{O ]_ �÷P� Ñ �üû �  �÷²� Ñ �üýÀO Q�d¥_a[�OM_aQ�W'p{D�ELF^[\Fª_a[�F þ K F*GJW
�('�ïÖß���_aQlb þ [�O RcE�WP�(' - ß���VXIcQC]\F^[\dcF*bVXYC[\[\F^Q�WZ]{ILG��`_a]\]�K F^]�]Pâ>Y._a[\f�]Ap.s�Q IcWZELF^[{N1Ic[Abi]{WZECF^[\Fe_a[�F þ
dcF*VXWZIc[�_aQ.b þ _a¦�OM_cK¥dcF*VXWZIc[ªVXIcQC]\F^[\dcF*b4VXYC[\[\F^Q�WZ]�p�D�ElO ]²O ]�F^d�OMbiF^Q�W'p [ Q;WZECF�IcWZELF^[{El_aQlbPWZECFeâ'Yl_a[\f�]²biI
QCIcW�F^¦�O ]\WªKMO fcF;_UG¸[�F^F ¢ _a[\W'OMV^K F^]�p�sXQC]\WZF*_cbeN�F²El_\dcFH_�]�F^W�ILG3�`_a]\]AO dcF²El_cbi[�IcQC]{ôe¤._a[\gcIcQC]�_aQlb �©F^]\IcQL]�pD�ECFP �÷²� Ñ �*)«]�g��`��F^WZ[\g`ILG¥El_cbc[\IcQC]�N©_a]�f�QCI'N{Q£GJIc[©_ªK IcQCR�W'OM�©F*p{�cIc[�F^¦�_c� ¢ K F ¢ [�IcWZIcQ�_aQ.b�QCF^YLWZ[\IcQEl_\dcF ¢ [�_cVXW'OMV^_cKMK g�bcF^RcF^QCF^[�_aWZF��`_a]\]U_aQlbkV^_aQk¤�F�WZ[\F*_aWZF*b«_a]H_aQkY ¢ _aQlb£biI�N{QÀ�©F*��¤�F^[\]�ILGb �÷²� Ñ � )biIcYC¤.K F^W Ó Ï � J�L�Zp�ZD�ECF^[\F4_a[�F`]��`_cKMK�VXIc[�[\F*VXW'O IcQC]�WZI WZECFÒ �÷P� Ñ ��]\g��`�©F^WZ[�OMVe_ ¢C¢ [\I�¦�OM�`_aW'O IcQ«ILG¬WZECFIc[�biF^[�ILG�� x,+ � -É � ý _aQlb`ILG�WZECFPIc[AbiF^[�ILG�F*K F*VXWZ[\I'N�F*_af�VXIcY ¢ KMO QCR�VXIcQC]\W'_aQ�WÑÆlpM�TD�ECF;�`_aWZ[�O ¦ F*K F*��F^Q�WZ]�ILGWZECFUVXIcQL]\F^[\dcF*b8 �÷P� Ñ �3dcF*VXWZIc[�VXYC[\[\F^Q�WZ]{¤�F^W÷N�F^F^Q4Q�YlV^K F^IcQ]\W'_aWZF^]�El_\dcF²WZECFeGJIc[��

m Ó ] 7ø=��à�ë e øI] Ó ^ Î 7Ó ��à ë e Ó � ÑcÒMÑ Sc�
sXQ WZECFeKMOM�`O W{ILG�biF^RcF^QLF^[�_aWZFH�`_a]�]{WZElO ]P�`p F*p�O ]�WZ[�_aQC]�dcF^[\]�_cK

Ê\à 7Ó ��à ë e Ó Ï½´ Ð � ÑcÒMÑcæ �
OMp F*p�O W²VXIc[�[\F^] ¢ IcQlbi]�WZITVXIcQC]\F^[\dcF*b VXYL[\[\F^Q�WZ]�p

�iIc[HVXIcQC]\F^[\d·_aW'O IcQÞO W`O ]eVX[\YlV^OM_cK¡WZI;El_\dcF�¤l_a[\gcIcQC]�NPO WZE�biF^RcF^QLF^[�_aWZF �`_a]\]\F^]ApeD�ECF�]\g��`�©F^WZ[\g«O ]
[\F*_cKMO ±^F*bhO Q£]\YlVñEÞ_ªN�_ZgTWZEl_aWUO W�WZ[A_aQC]�GJIc[��©]�IcQCF^È ¢ _a[�W'OMV^K Fe¤l_a[\gcIcQ.OMV©]\W'_aWZF�O Q�WZIh_aQCIcWZELF^[²IcQCF^È ¢ _a[�W'OMV^K F]\W'_aWZFPNPO WZE WZECF�]�_c��FU�`_a]\]�p

s^G.WZElO ]ª[\F*_cKMO ±*_aW'O IcQ�ILG.]\g��`�©F^WZ[�g�O ]�YLQlOMâ>YLFeN�FTOM�`��F*bCOM_aWZF*K g£RcF^WªWZ[\IcYC¤lK F^]�NPO WZEüWZECF, �÷²� Ñ �*.
]\g��`�©F^WZ[\g*p�s�QlbcF^F*b`WZI�VXIcQC]\WZ[\Y.VXW�WZECF�WZ[�_aQC]\dcF^[�]�_cKl�e_aWZ[�O ¦oF*K F*�©F^Q�W�ILG�_a¦�OM_cK.VXYC[\[\F^Q�W�N�F�QCF^F*bbcF^RcF^QCÈ
F^[�_aWZF©¤l_a[\gcIcQL]�N�O WZEHI ¢L¢ Ic]AO WZFPÜ�È ¢ _a[�O W÷g*p�D�ECF�¤L[�O F*G¥]\F*_a[�VñEkG¸Ic[�]\Y.VäEH¤l_a[\gcIcQC]�O Q;WZECF�Dl_a¤lK F©ILG¶Â�_a[\W'OMV^K FÂ�[�I ¢ F^[�W'O F^]3]\ECI'N�].WZE._aW.]�YlVäE�¤l_a[�gcIcQC]{biI©QCIcW�F^¦�O ]\W{O Q4Æ�_aWZYC[\F*p�miI�WZElO ]3N�_ZgoO ] ¢ [\IcElO ¤lO WZF*bªGJIc[G �÷²� Ñ �*.�p

[ QLFk�`_Zg«WZ[\gÉ_aQCIcWZECF^[ ¢ Ic]\]�O ¤.OMKMO W÷gÉG¸Ic[�e_aWZ[�O ¦hF*K F*��F^Q�WUILG�_a¦�OM_cK{VXYC[\[�F^Q�Wª¤�F^W÷N�F^F^Q�WZECFo]A_c�©FQ�YlV^K F^IcQ4]\W'_aWZF^]
m Ó ] 7ød�¥à���ãrë e ] Ó ^ Î ��»ià���ï
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N{ECF^[�FUÊ`O ]��©IL�©F^Q�WZYl�ÕWZ[�_aQL]�G¸F^[ªG¸[�IL�µIcQCFPQ�Y.V^K F^IcQWZIT_aQCIcWZECF^[�p�D�ELF²WZ[�_aQC]�dcF^[\]�_cKMO W÷g«O ]�QCI�NóF^d�OMbiF^Q�W
¤�F*V^_aYC]\F

Ê�àC��»ià���ï Ê\àCÊ@�Ê ý � 5½´
miIPN1F�El_ZdcF©]\ILK dcF*b²WZElO ] ¢ [\Ic¤lK F*�ÝF*_a]�OMK g*p{òlYCW1QCI'NÕ�`_aWZ[�O ¦�F*K F*��F^Q�W�� Ñ p Ñ�% ��O ]1]AO QCRcYlKM_a[�plsXW�El_a]�_

¢ ILK FU_aW�Ê ý Ïó´cp�D�ELF ¢ ILK F^]ªO Q4WZECFH_c� ¢ KMO WZYlbiF^]ªVXIc[\[\F^] ¢ IcQlb�WZIUIcQCF ¢ _a[�W'OMV^K FHO Q�WZF^[��©F*bCOM_aWZF�]\W'_aWZF^]�_aQlb
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¢ ILK Fª_aW²Ê ý Ï½´ªVXIc[\[\F^] ¢ IcQ.bi]1WZI �`_a]�]�K F^]\] ¢ _a[\W'OMV^K F*p��iIc[\WZYCQl_aWZF*K gHWZECF^[\F�_a[\FÁ(�È��©F^]\IcQL]�WZEl_aW�VXIcQ�WZ[�O ¤LYCWZFO Q�WZIh�`p F*p � Ñ p Ñ�% ��_aQlb;WZEl_aWH_a[\F4_cKM�©Ic]\W;�`_a]\]�K F^]\]Ap Æ�I�NÛN�F_a[\F4_a¤lK FeWZIhG¸Ic[A�{YlKM_aWZFUWZECF�QCF^NµN�_ZgTILG
[\F*_cKMO ±*_aW'O IcQTILG._ ¢C¢ [\I�¦�OM�`_aWZF� �÷²� Ñ � . p

°�V^VXIc[�bCO QCRUWZI`WZElO ]�QCF^N ¢ ElOMK Ic]�I ¢ E�g¾(�È��©F^]\IcQL]�]\ECIcY.KMbª¤�Fe�`_a]\]�K F^]\]�O Q4WZECFUKMOM�eO W{û�� � � Ï½´e_aQlbWZECF^[\F²]\ECIcYlKMb�¤�F�]�OM� ¢ K F�[\F*KM_aW'O IcQ¤�F^W�N1F^F^QWZECFe_a¦�OM_cK ÈädcF*VXWZIc[ ¢ _a[\W�ILG��`_aWZ[�O ¦HF*K F*�©F^Q�W
» à#� 7Ó � à � ã Ó � ÑcÒMÑ ³c�

_aQlbªWZELF ¢ ]\F^YlbiIc]AV^_cKM_a[ ¢ _a[\W
ï Ê\à·Êf�Ê ý 7Ó ��à��Vã Ó ÏÉï Ê\àÊ ý Ñ û4é�� 7Ó �Vã Ó � � ÑcÒMÑcå �

WZI`El_\dcFHVXIcQC]�F^[\dcF*b4VXYC[�[\F^Q�W'p�D�ElO ]{[�F*KM_aW'O IcQ«O ]�f�QCI�N{Qh_a]�ù�ILKMbi¤�F^[\RcF^[\È�DL[\F*OM�`_aQ4[�F*KM_aW'O IcQlp�D3ECFe�`_aWZ[�O ¦
F*K F*�©F^Q�W¬ILG¥_a¦�OM_cK�VXYC[�[\F^Q�W�¤�F^W�N1F^F^Q�Q�Y.V^K F^IcQ²]\W'_aWZF^]�V^_aQ²¤�F��©F*_a]�YC[\F*b�O Q�¥ · ×$
Xñâ biF*V^_Zg*p�Ø�¦ ¢ F^[�OM�©F^Q�W'_cKd·_cK YCF�ILGcWZECF�[�_aW'O I�ILG�_a¦�OM_cK·VXIcY ¢ KMO QCR`VXIcQC]\W'_aQ�W3WZI�WZECF ¢ ]\F^YlbiIc]AV^_cKM_a[�VXIcY ¢ KMO QCR`VXIcQC]\W'_aQ�W�O ]�dcF^[\goV^K Ic]\F�WZIWZECF�WZECF^Ic[�F^W'OMV^_cK ¢ [�F*bCOMVXW'O IcQlp�miI�WZElO ]�[\F*_cKMO ±*_aW'O IcQTILGC]\g��`�©F^WZ[�g�O QlbiF^F*b�N1Ic[\f�]PO Q WZELFeV^_a]\F�ILG� �÷²� Ñ �*.�p

sXQC]\WZF*_cb ILG¬IcQLF^È ¢ _a[\W'OMV^K F�biF^RcF^QCF^[�_aWZFU]\W'_aWZF^]PN�O WZEkI ¢C¢ Ic]�O WZFÒÜ�È ¢ _a[�O W÷gTN�FeEl_\dcF��`_a]�]�K F^]\] ¢ ]\F^YCÈbiIc]�V^_cKM_a[�ù�ILKMbi]\WZIcQCF ¢ _a[\W'OMV^K F^]{È ¢ O IcQL]�p�D�ECF©]\g��`�©F^WZ[\gUWZ[�_aQC]�GJIc[��©]�IcQCF^È ¢ _a[\W'OMV^K F²¤l_a[�gcIcQlOMV�]\W'_aWZFeO Q�WZIbiF^RcF^QCF^[A_aWZF�W÷N�IcÈ ¢ _a[\W'OMV^K F�]�W'_aWZF²�)¤l_a[\gcIcQ ¢ K YC]��`_a]\]AK F^]\] ¢ ]\F^YlbcIc]�V^_cKM_a[ ¢ O IcQl�Z§AWZECF^Q4O Q�WZI þ È ¢ _a[\W'OMV^K F{]�W'_aWZFNPO WZEüW÷N�I ¢ O IcQC]�F^W'V^püD�ElO ]oO ]�QLIcQlKMO QCF*_a[ª[\F*_cKMO ±*_aW'O IcQ�ILG�]�g��`��F^WZ[\g*p [ QCFTV^_aQ ¢ [�I�VXF^F*büGJYC[\WZECF^[;_aQlb]\ECI�NÛWZEl_aWPWZECF^[\F_a[�FO QCjCQlO WZF*K g��`_aQ�gT]\W'_aWZF^]�NPO WZEkWZECFe]�_c�©F�K I�N1F^]�WPF^QCF^[�Rcg*pD�ELF`d¥_cVXYLYl�Å]\W'_aWZFTO ]
IcQCFPILG¡WZECF^]\F�]\W'_aWZF^]`_aQlb4O W�d�O ILKM_aWZF^]4 d÷²� Ñ � . ]\g��`�©F^WZ[\g*p²D�ElO ]�d�O ILKM_aW'O IcQ�O ]�biYCF�WZIHQCIcQC±^F^[\IUd¥_cVXYLYl�
F^¦ ¢ F*VXW'_aW'O IcQ�d·_cK YCF�ILG.â>Yl_a[�fTVXIcQlbcF^QC]�_aWZF

m½´q]z7{${ ] ´�^ Ï mÝ´q] 7!�! ] ´�^0/Ï½´
m½´q]&7{ ��ã { ] ´�^ Ï mÝ´q] 7!��Vã !¤] ´�^�ÏÝ´ � ÑcÒMþ ´c�

sXWH]�F^F*�©]h�©Ic[\F�O QC]�WZ[\YlVXW'O dcF£QCIcW;WZIÖ] ¢ F^QlbhW'OM�©F ¢ [\I'd�O QCRüF*â>]Ap�� Ñ p þ ´c�`¤CYCWHWZIÝVXIcQC]�OMbiF^[ WZELF�]A_c�©F
¢ ECF^QLIL�©F^QCIcQoYC]�O QLR4_©dcF^[\g;]�OM� ¢ K F�jLF*KMb �©I�biF*K�]\WZYlbCO F*b4�`_aQ�gHgcF*_a[\]ª_aRcIe¤�gTù�ILKMbc]\WZIcQCF*p

r F^W{YC]{]\W'_a[�W{NPO WZE WZECF�WZELF^Ic[\g;ILGlVXIL� ¢ K F^¦o]�V^_cKM_a[�jCF*KMb ù �)á���NPO WZE r _aRc[�_aQCRLOM_aQ
�ÉÏ ë à ù � ë à ù ï1'ª�#] ù ] ý%� � ÑcÒMþcq �

_aQlbªN�O WZEh_©] ¢ F*V^OM_cK¶VñECILOMVXF²ILG ¢ IcWZF^Q�W'OM_cKl�)]\F^F�jCRLp q �
'��#] ù ] ý �3Ï | �#] ù ] ý ï32 ýÑ � ý � ÑcÒMþcÑ �

r _aRc[�_aQCRLOM_aQ«� Ñ p þcq ��O ]�O Q�d·_a[�OM_aQ�W�YCQlbiF^[_÷P� q ��WZ[�_aQC]�GJIc[��`_aW'O IcQL]

ù �)á.� · ù W �)á.��ÏL

Ë É ù �)á.� � ÑcÒMþcþ �

_aQlbªWZELFeÆ�I�F^WZECF^[�VXYL[\[\F^Q�W²O ]
�aàUÏüÎ ù � �

ë à ù � ÑcÒMþr� �
D�ELF^[\Fe_a[\FUVXIcQ�W'O Q�YLIcYC]�K g£�`_aQ�g��eO QlOM�`_�ILGLWZECF ¢ IcWZF^Q�W'OM_cK4'Ú� Ñ p þcÑ �

ù Ï
q
a Ñ 2 


Ë º � ÑcÒMþ Sc�
D�ECFed¥_cVXYCY.� VXIc[\[\F^] ¢ IcQ.bi]�WZI4IcQLFeILGlWZECF^]\FT�`O QlOM�`_cpTD�ElO ]HO ]P] ¢ IcQ�W'_aQCF^IcYC]Pd�O ILKM_aW'O IcQüILG.]\g��`�©F^WZ[\gî�N1FªEl_\dcFVäELIc]\F^Q£IcQCF�ILG¶]\W'_aWZF_a]e_�d·_cVXYCYl� GJ[\IL�»WZECF O QCjCQlO WZFª]\F^W�ILG��`O QlOM�e_cp r F^W�d·_cVXYCYl�»]�W'_aWZF
VXIc[\[\F^] ¢ IcQ.bi]�WZI`±^F^[\I ¢ El_a]\F4ÆTÏ½´`î
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Á�IcQL]�OMbiF^[{WZECF�]A�`_cKMK\ÐCYlVXWZY._aW'O IcQ4ILGLjCF*KMbi]{QCF*_a[�d¥_cVXYCY.�ÙVXIcQCjCRcYC[A_aW'O IcQ

ù Ï
q
a Ñ ® 2 -\[ �)á�� - Îhê��)á�� ¯ � ÑcÒMþ�% �

Â�IcWZF^Q�W'OM_cKlV^_aQ¤¡F�[�F^N{[�O WZWZF^Qh_a]
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@ýÖ_aQlbHì O ]p �÷²� Ñ �üû � ÷²� q �*�ÀO Q�d·_a[�OM_aQ�W

å ��Ï`� � � 7�d
@ý��Zì - 9 Ò 3 Ò Ï
Ï � �a Ñ � 2 -�[ �)á.�Z�r7

�Ï � þcÒMþcå �

Ïüû � 7

 -
� �a Ñ [ �)á.�r7



N{ECF^[�F [ �)á.�1O ]�WZECF�jCF*KMb`GJIc[ ¢ E�g�]AOMV^_cKCí�O RcRc]�O Q�mLnpC�c[\IL�ÉF*â�p�� þ p þcå �1O W�G¸ILKMK I�N{]1WZE._aW�r3YCf·_ZN�_²VXIcY ¢ KMO QCRO ] ¢ [�I ¢ Ic[�W'O IcQl_cK¥WZI`û �
� � Ï

a Ñ
2
û � È þ × q ´ �;� � þcÒ � ´c�

Æ�IcW'OMVXF²WZEl_aW�¤¡F*GJIc[\F©WZElO ]{]�WZF ¢ WZECF�jCF*KMbi]�
@û¬�)á��{_aQlbU
hý1�)á���N1F^[�Fe_a¤C]\ILK YCWZF*K g£bCO Ä¡F^[\F^Q�W'§¶OMp F*p�WZECF^gEl_cb bLO Ä�F^[\F^Q�WPO Q�WZF^[�_cVXW'O IcQTNPO WZE�� _aQlb���p�r3YCf¥_\N©_HO Q�WZF^[�_cVXW'O IcQYLQlO jCF*bªWZElO ]�W÷N�I	��F^g�K·] ¢ O QCIc[\]²O Q�WZIIcQCF;�`_a]\]�O dcF ¢ _a[\W'OMV^K F�ôeF*K F*VXWZ[\IcQ.p²DLIeRLO dcFªWZECFH�e_a]\]�WZITbiI'N�Qüâ'Yl_a[\f�]�N�FHV^_aQ�YC]\FPWZECF²]�_c��F²W÷g ¢ F²ILG
r3YCf·_ZN�_eO Q�WZF^[�_cVXW'O IcQ

å � x - ÏL� � � 7µ û !�ý1�Zì � þcÒ �Lq �
°�]eG¸Ic[©WZECF4�`_a]�]�ILG¶Y ¢ â>Y._a[\f�]©N�F�QCF^F*bTí�O RcRc]HbiIcYC¤lK F^W©NPO WZE�QCIcQL±^F^[\I;d�p F*p d�peGJIc[©Y ¢ VXIL� ¢ IcQCF^Q�W©ILGbiIcYC¤.K F^W'p.°�W{WZEl_aW��©IL�©F^Q�W�N1FeV^_aQ«O Q�WZ[\I�biYlVXF©QCF^NÛí�O RcRc]PbiIcYL¤lK F^W'p{òlYCW�O QoWZECFeV^_a]\F�ILG� �÷²� Ñ �.Rc[�IcY ¢VXIL� ¢ K F^¦£VXIcQCº)YCRL_aWZF*b`jCF*KMbi] ñìãÏ½�Zï�Îhê ý �Zì ² � þcÒ �LÑ �
_cK ]\I`¤�F^El_\dcFUKMO fcFH_e�©F*�{¤�F^[{ILG� �÷P� Ñ �{biIcYC¤lK F^W'p�miI�N1FHV^_aQ4YC]\F ñì WZI`RLO dcF;�`_a]\]{WZIUY ¢C¢ F^[�â>Yl_a[�f

å � x ÏL� � � 7µ.û ! ý �Zì - � � � 7µ.û { ý � ñì � þcÒ �Lþ �
D�ElO ]eO ]²WZECF�]\ILK YCW'O IcQhILG ¢ [�Ic¤lK F*�»ILG1GJF^[��`O IcQÀ�`_a]\]UO Q£WZELF4V^_a]\F`ILG¬IcQCF�RcF^QCF^[�_aW'O IcQlp4�iIc[H�©Ic[�F�WZEl_aQIcQCF�RcF^QLF^[�_aW'O IcQ4N�F�El_\dcF²WZI`W'_afcF;O Q�WZI_cV^VXIcYLQ�Wªâ>Yl_a[�fT�`O ¦�O QCRLp

�©@L: z :.: � �(� � :.@���@C< �.z �(pÃ@C<'��@ � @ d �o�&p e w @C=>? z�� �
�iIc[.WZEC[\F^F�RcF^QCF^[�_aW'O IcQC].ILG¥â>Yl_a[�f�]¶WZELF�RcF^QCF^[�_cK�r3YCf¥_\N©_�VXIcY ¢ KMO QCRc] ¢ [\I�biYlVXF3RcF^QCF^[A_cKÍQCIcQCÈ�bCOM_aRcIcQ._cK�`_a]\] þ��Tþ �`_aWZ[AO ¦

å ��Ï½��7{ W û �äË # i � jË ´ � { W ý � ´ - � 7! W û �äË # i � jË ´ �0! Wý � ´ - 9 Ò 3 Ò � þcÒ ��� �
N{ECF^[�F { W Ë Ð ! W Ë _a[\FUâ'Yl_a[\f�]{WZEl_aW{¤�F*K IcQCR�WZIÙ �÷²� Ñ ��biIcYC¤lK F^W�ILGLÎñÈäWZE4RcF^QLF^[�_aW'O IcQÎ�Ï qcÐ^ÑcÐ^þ p

D�ELFP�`_aWZ[�OMVXF^] # i � j _aQlb # i � j V^_aQU¤�FPbCOM_aRcIcQ._cKMO ±^F*b�¤�gªYC]\F�ILG�K F*G¸W©_aQlb�[AO RcE�W�YCQlO W'_a[\gª[\IcW'_aW'O IcQ.§
OMp F*p

#Qi � j ÏL÷ �û # i � j� Ëze � ÷ ý

þ ´



� þcÒ � Sc�
#ói � j Ï n �û # i � j� Ëze � n ý

N{ECF^[�F # i � � � j� Ëze � _a[�FTbCOM_aRcIcQ._cK��`_aWZ[�OMVXF^]�pümiYC¤L]\W'O WZYCW'O QCRWZElO ]ªF^¦ ¢ [�F^]\]�O IcQ½O Q�WZITF*â�ph� þ p ��� ��N�F;RcF^WªWZEl_aWbCOM_aRcIcQl_cKl�`_a]\]�O dcFHâ>Yl_a[�fUjCF*KMbc]P_a[\F
{ ý«ÏL÷ ý { Wý Ð { û4ÏL÷�û { Wû ê

� þcÒ �Læ �
!#ýüÏ n ýb!�Wý Ð !�ûÏ n û�!�Wû ê

sXW©�©F*_aQL]1WZEl_aW�WZECF��©F*��¤¡F^[�]1ILG�WZECFI �÷P� Ñ ��bcIcYC¤lK F^W�_a[�F�WZECF��`O ¦�WZYC[\F�ILG¶bCO Ä¡F^[\F^Q�W��`_a]\]AO dcF�jCF*KMbc]�p���F
_cK [\F*_cbig£�©F^W�]\YlVäE«biIcYC¤lK F^W²O Q WZELFUV^_a]\F�ILG Ñ RcF^QCF^[�_aW'O IcQL]ª�)]\F^F²F*â>]�p�� þ p þ Sc��_aQlb4� þ p þ�% �Z�Zp

sXQ WZF^[��©]�ILG.�e_a]\]�O dcF�jCF*KMbc]{WZECFeVäE._a[\RcF*bVXYL[\[\F^Q�WZ]PK I�Icf£KMO fcF
� �à Ïá7{ û®��à®! Wý Ï 7{ ûl�0÷ û n �û ����à$!#û � þcÒ �q% �

D�ECF�YLQlO W'_a[\g þ_�Tþ �`_aWZ[�O ¦
'ÃÏ`÷�û n �û � þcÒ � ³c�

O ]{WZECFHG"_c�©IcYL]PÁ{ø�n��`_aWZ[�O ¦�p
� YCF�WZIeYCQlO W'_a[�O W�gHILGv÷Ú_aQlb n �`_aWZ[�OMVXF^]�WZELF�QCF^YCWZ[�_cK�VXYL[\[\F^Q�WZ]{[\F*�`_cO QhbLOM_aRcIcQl_cK

7{ W ý { W ý Ï 7{ ý { ý Ð 7{ W û { W û Ï 7{ û { û Ð F^W'V^p � þcÒ �Lå �
r3IcY£N�OMKMK�El_ZdcF�_oVXIcYC[\]\F�ILG�K F*VXWZYC[\F^]�IcQÀÁ{ø�n��e_aWZ[�O ¦¤�g\rªpMÆ�O [�pPsªbcIoQCIcW�N©_aQ�W�WZIhO Q�WZF^[�GJF^[\F

NPO WZE�ElO ]�K F*VXWZYL[\F^]�¤CYCW�sT�Mb�KMO fcF�WZIe�©F^Q�W'O IcQ`IcQCF²GJYCQlbC_c�©F^Q�W'_cK ¢ [\I ¢ F^[\W�g²ILG¡Á{ø�n�p'sXQªRcF^QCF^[�_cKCV^_a]�F1¥ � ¥YCQlO W'_a[�gÖ�e_aWZ[�O ¦�V^_aQh¤�F�[\F ¢ [�F^]\F^Q�WZF*bh_a]²WZECF ¢ [\I�biYlVXW�ILG�bCO Ä¡F^[\F^Q�W²Ic[\WZECIcRcIcQ._cK�[\IcW'_aW'O IcQC]obiF ¢ F^QlbiF^Q�WIcQ8¥ eU_aQCRLK F^]
¥ e²Ï q

Ñ ¥���¥4ï q � � þcÒ Sc´c�
_aQlbªILGLWZECF	÷P� q �{G)_cVXWZIc[\]�N�O WZE8¥ JfØ Ic¤C]\F^[\d·_a¤lK F ¢ E._a]\F^]

¥ J@Ø Ï
q
Ñ ��¥4ï q �Z��¥ï Ñ � � þcÒ S q �

_aQlb²ILG�_{Q�Yl��¤�F^[�ILG�QCIcQCIc¤L]\F^[\d·_a¤lK F�÷P� q ��G)_cVXWZIc[\]�WZEl_aW�V^_aQU¤�Fª_a¤C]\Ic[\¤�F*beO Q�WZI�[\F*biF^jCQlO W'O IcQHILG¶â'Yl_a[\f�� ]
jCF*KMbi]Ap1miI`GJIc[�WZEC[\F^F�RcF^QCF^[�_aW'O IcQ`WZELF^[\F�O ].IcQLF�Ic¤L]\F^[\d·_a¤lK F ¢ El_a]\F*§·OMp F*p�VñEl_a[\RcF�VXYC[\[\F^Q�WZ]�VXIcQ�W'_cO QVXIL� ¢ K F^¦VXIcY ¢ KMO QLRc]�pªD�ElO ]�OM�`�©F*bCOM_aWZF*K g�RLO dcF^]�d�O ILKM_aW'O IcQkILG�Á{Â�È�O Q�d·_a[�OM_aQlVXF*p�D{OMKMK�QCI�N O W�O ]©YCQCf�QCI'N�QN{ELF^WZECF^[
WZElO ]TO ]eWZECF IcQ.K gÖ]\IcYC[�VXF ILG©Á{Â¶Èäd�O ILKM_aW'O IcQµO QÞWZECFhÆ�_aWZYC[\F*p¨ò¬YLW�O Q¨_aQ�g½V^_a]\F«Á�ø�n �©F*VäEl_aQ.O ]�� ILG
Á{Â¶Èäd�O ILKM_aW'O IcQÖbiI�F^]{F^¦�O ]�W'p

����Ï�� õLu :.= ~}| � �Lz v�=�� � ? z @Lv�Â ~)| 9;v ��w @ ~ ���
DLI�El_ZdcF�[\F^QCIc[��`_cKMO ±*_a¤.K F�WZECF^Ic[\g�ILG%F*K F*VXWZ[\I�N1F*_af4O Q�WZF^[�_cVXW'O IcQC]©O W3N©_a]�_a¤C]\ILK YCWZF*K g VX[\YlV^OM_cKAWZI�]�W'_a[\W

GJ[\IL�ÕWZECFPRL_aYCRcFHO Q�d·_a[�OM_aQ�W�WZECF^Ic[\g;N{ELF^[\F�RL_aYCRcF�¤�Ic]\IcQC]�O Q�WZF^[�_cVXW�NPO WZE«VXIcQL]\F^[\dcF*b�Æ�I�F^WZECF^[�VXYC[\[\F^Q�WZ]�p
m ¢ IcQ�W'_aQCF^IcYC]©d�O ILKM_aW'O IcQ�ILG¶]\g��`�©F^WZ[\gkbiI�F^]©QCIcW©] ¢ ILOMK¬_aQ�g4]\g��`�©F^WZ[AOMV{[\F*KM_aW'O IcQL]�¤¡F^W�N1F^F^Q�I ¢ F^[�_aWZIc[�]�pD�ECF^g�_a[\F©F^¦�_cVXW'K g;WZECF©]�_c�©F`_a]²O Q;QCIcQCÈäd�O ILK F^Q�W{WZECF^Ic[\g*p�D�ELF�VXIcQ.G¸YC]AO QCRPQLIcW'O IcQoILG·] ¢ IcQ�W'_aQCF^IcYC]�d�O ILKM_aÈW'O IcQ«��F*_aQC]{IcQlK g;QCIcQlKMO QLF*_a[{[\F*_cKMO ±*_aW'O IcQTILGCWZELF�]\g��`�©F^WZ[\g�O Q WZECF�] ¢ _cVXF�ILG ¢ E�g�]�OMV^_cK¥]�W'_aWZF^]�p

sXQ WZECFemCn�N�F�I ¢ F^[�_aWZF�¤�IcWZE NPO WZE dcF*VXWZIc[�_aQlb _a¦�OM_cK¬VXYL[\[\F^Q�WZ]�p��iIc[�_aQ�g£_a¦�OM_cK¬VXYC[\[\F^Q�WZ]
� .à Ï 7ç ��à ��ã ç

þcq



� þcÒ S Ñ �
ë à��

.à Ï Ñ Îñû 7ç ��ã ç
miI;Ql_cO dcF*K gÖG¸Ic[e�e_a]\]�K F^]\]eGJF^[��`O IcQ�_a¦�OM_cK3VXYC[\[\F^Q�W`O ]eVXIcQC]\F^[\dcF*bLpeòlYCW©N{El_aW`O ]�WZ[\YCF O Q�Á{KM_a]\]AOMV^_cK���O F*KMb
D�ECF^Ic[�g;V^_aQU¤¡F�QLIcW�WZ[\YCF²O Q � Yl_aQ�WZYl�Õ��O F*KMbUD�ELF^Ic[\g*pls�QlbcF^F*b�IcQCF^È�K I�I ¢ V^_cKMVXYlKM_aW'O IcQ;ILG*WZECFPbCO dcF^[\RcF^Q.VXFILG�_a¦�OM_cK¬VXYC[\[\F^Q�W²G¸Ic[�F*K F*VXWZ[\IcQC]�RLO dcF^]ªO QC]�WZF*_cbªILG�F*â�p{� þ pMS Ñ �

ë à �
ãà Ï Ñ Îñû 7ç � ��ã ç � - ºýfÕ � à#� ñ� à#�

ñ� à�� Ï
è
ý ° à�� º�¼ � º�¼

� þcÒ S þ �

D�ECF�WZF^[A� � ñ� Ic[AO RLO Ql_aWZF^]ªGJ[\IL�Ù�e_aWZ[�O ¦UF*K F*��F^Q�W�ILG ë à��
ãà ¤�F^W÷N�F^F^Q4d·_cVXYCYl� _aQlbªW÷N�IcÈ ¢ ECIcWZIcQ]\W'_aWZF^]�p

�

�

miIPWZECFª_a¦�OM_cK�VXYC[\[\F^Q�W�O ]�QCIcW©VXIcQC]\F^[\dcF*bPF^dcF^Q£GJIc[�û 5Ý´cp�Æ�IcW�_aQ�g�V^KM_a]\]�OMV^_cK�]\g��`�©F^WZ[\gV^_aQH]\YC[�d�O dcF�O Q
� Yl_aQ�WZYl�ÅneF*VäEl_aQlOMVX]Ap�D�ElO ]�dcF^[\gTO Q�WZF^[�F^]\W'O QCR�WZECF^Ic[\F^W'OMV^_cK ¢ ECF^QCIL�©F^QLIcQHE._a]�] ¢ F*V^OM_cK�Ql_c��F�ôªWZ[�OM_aQLRLK F_aQCIL�`_cK g*p

sXQÞWZELFümCn	WZECF^[\FÖ_a[\F ¢ K F^Q�W�g�ILG�_a¦�OM_cK©VXYC[\[\F^Q�WZ];WZEl_aWTO Q�WZF^[�_cVXWoNPO WZE�RL_aYCRcFTjCF*KMbc]�pÛD�ELIcYCRcEGJF^[��`O IcQC]`_a[\F �`_a]\]AK F^]\]e�)QCI£�`_a]\]©WZF^[��©]`O Q�WZECF r _aRc[A_aQCRLOM_aQl��WZECF _aQCIL�`_cK güV^_aQ�biF^]\WZ[\I�g4WZECF VXIcQC]�F^[\È
d·_aW'O IcQ£ILG�Æ�I�F^WZELF^[UVXYC[\[\F^Q�WZ]e_aQlbUWZElO ]�NPOMKMK¡f�OMKMK¡[\F^QCIc[A�`_cKMO ±*_a¤lOMKMO W÷g*p;D�ELF^[\F O ]�IcQCF ¢ Ic]�]�O ¤lOMKMO W÷g�WZIo]�_\dcFO W'p���F�]\F^FoG¸[\IL�ÚF*â�pª� þ pMS þ ��WZEl_aW�_aQCIL�`_cK g«bcF ¢ F^Q.bi]�IcQlK gIcQTWZECF;õcVñEl_a[\RcF*õ�ILG ¢ _a[\W'OMV^K FªWZEl_aW�O ]�[\YCQCÈQlO QCR�O QC]�OMbcFoK I�I ¢ p`mcITOMG¶WZECFªWZIcW'_cK¡RL_aYCRcF4VXYC[\[\F^Q�W©El_a]`bCO Ä¡F^[\F^Q�W ¢ O F*VXF^]HO W�V^_aQ�E._ ¢C¢ F^QWZEl_aW©QCIcQL±^F^[\IO QlbCO d�OMbiYl_cK�_aQLIL�`_cKMO F^]�V^_aQlVXF*KCF*_cVäE�IcWZECF^[PGJIc[�WZIcW'_cKlVXYC[\[\F^Q�W'p

D�E.O ]4V^_aQlVXF*KMKM_aW'O IcQµOM� ¢ Ic]\F^]`]\IL�©Fo[�F^]\WZ[�OMVXW'O IcQC]UIcQ�WZECFkVäE._a[\RcF^]eILG�â>Y._a[\f�]�_aQlbÖK F ¢ WZIcQC]�p r F^WYC]�VäECF*VñfWZE.O ] ¢ Ic]\]�O ¤.OMKMO W÷g*p���F�NPOMKMK.V^_cKMVXYlKM_aWZF�WZECF�WZ[�OM_aQCRLK F �`_aWZ[�O ¦ F*K F*��F^Q�WZ]�¤�F^W�N1F^F^QTjCF*KMbi]�ß Ëà _aQlb� à p�D�ECF^[�Fª_a[\F�W÷N�I4VX[\Ic]\]AO QCR;bLOM_aRc[�_c�©]�WZEl_aW�VXIcQ�WZ[AO ¤CYCWZF©WZI _aQCIL�`_cK IcYC]�O Q�WZF^[�_cVXW'O IcQ ¤�F^W÷N�F^F^Q þ RL_aYLRcF
jCF*KMbi]Ap

Á�IcQL]�OMbiF^[�jC[�]\W�WZECF4_aQCIL�`_cK IcYL]HVXIcQ�WZ[�O ¤CYCW'O IcQhILG¬IcQLF`RcF^QCF^[�_aW'O IcQ«ILG1�e_aWZWZF^[�p�sXWUO ]²F*_a]�g�WZI4]\F^F
WZEl_aW'î

q �3�Zß Ð ß Ð ß���_aQlb��Zß ÐT�ªÐT� �3_aQCIL�`_cKMO F^]�_a[\F²_aYLWZIL�`_aW'OMV^_cKMK g4bCO ]�_ ¢C¢ F*_a[\F*bªGJIc[�K F ¢ WZIcQbiIcYL¤lK F^W{_aQlbGJIc[Pâ>Y._a[\fTbcIcYC¤lK F^W�]\F ¢ _a[A_aWZF*K g*p
Ñ �{� �ªÐ ß Ð ß���_aQCIL�`_cK g£O ]�bLO ]�_ ¢C¢ F*_a[\F*boOMG

µ � -�Ñ µu� - µ � 5Ý´ Ð � þcÒ S � �
OMp F*p�â'Yl_a[\fUVXIcQ�WZ[�O ¤CYCW'O IcQ�V^_aQlVXF*K ]�K F ¢ WZIcQVXIcQ�WZ[�O ¤CYLW'O IcQ`IcQlK gHGJIc[3WZElO ]3] ¢ F*V^OM_cKA[\F*KM_aW'O IcQe¤¡F^W�N1F^F^Q�VäEl_a[\RcF^]ApD�ElO ]�[\F*KM_aW'O IcQ«�©F*_aQL]{WZEl_aW{E�g�bc[\IcRcF^Q«_aWZIL�µEl_a]{WZI`¤�F�QCF^YCWZ[A_cKM¹

þcÑ



sXW O ]�dcF^[�gÀO Q�WZF^[\F^]\W'O QCRTWZEl_aWª[\F^QCIc[A�`_cKMO ±*_a¤lOMKMO W÷güILG�WZELF�mLn W'_afcF^] ¢ KM_cVXFoIcQlK gÞOMG3WZECF£VäEl_a[\RcF;ILG
¢ [\IcWZIcQ«O ]�I ¢C¢ Ic]�O WZF�WZI`WZELFUVäEl_a[�RcF�ILG�F*K F*VXWZ[\IcQlp

��FoV^_aQ ¢ [�I�VXF^F*bG¸YC[�WZECF^[P_aQlbVXIcQC]�OMbiF^[�IcWZECF^[�_aQCIL�e_cKMO F^]�p�°�W�WZEl_aWª�©IL�©F^Q�W{N�F²El_\dcFPWZI�e_afcF]\IL�©F²]\W'_aWZF*�©F^Q�W�_a¤�IcYCW â ý�p�miY ¢C¢ Ic]\F©jC[\]�W�WZEl_aWPO W²biI�F^]�QCIcW�F^¦�O ]\WP_aW�_cKMKMp3sXQ WZElO ]PV^_a]\F*î
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WZECF^Ic[\F^W'OMV^_cKMK g*p1sXW²O ]PO Q�WZF^[\F^]\W'O QCR`WZIeQCIcWZF�WZEl_aW{WZECFe_aWZWZF*� ¢ WZ]�WZI�N�Ic[\f�O Q ]\WZ[\IcQCR4VXIcY ¢ KMO QCR�[\F^RLOM�©FH�)F*p RLpYC]�O QLRÞVXIL� ¢ YCWZF^[U]�OM��YlKM_aW'O IcQµG¸Ic[UWZECFhí�O RcRc]HWZELF^Ic[\güIcQ�WZECFüKM_aWZW'OMVXF*�HbcF*�©IcQC]\WZ[�_aWZFWZEl_aWeWZELF4¤�IcYCQlb� � p Ñcþ ��_aQlbo� � p Ñr� ��O ]�dcF^[\g;]\W'_a¤lK F*§¬OMp F*p�O W{W'_afcF^] ¢ KM_cVXF�F^dcF^Q«GJIc[{]\WZ[\IcQLRO Q�WZF^[A_cVXW'O QCR�í�O RcRc]�p

¿������ Ão²�| B%= z � | � � = | v�= z @ ~ � õ =>@C: z}~)z =a� �q� = �l|&b v z � | ?A< | @Cv � � �Lu v � <
� v�³3´��

D�ELFeí�O RcRc] ¢ IcWZF^Q�W'OM_cK¶O Q4WZECFUmCn
' yMµ �Zì���Ï |

� ì " ï
¸ ý
Ñ ìUý � �LÒMÑ Sc�

El_a]4�`O Q.OM�`_UWZEl_aW VXIc[\[\F^] ¢ IcQlbi]ªWZI�QCIcQL±^F^[\ITd�p F*p d�p£ILG�jCF*KMbÖì�îÒm ìè^cwH¶(y'Ï 2 p r I�I ¢ VXIc[\[\F*VXW'O IcQC]VäE._aQCRcF²]\F*KMGJÈ�O Q�WZF^[�_cVXW'O IcQC]�ILG.í�O RcRc] ¢ _a[\W'OMV^K F^]�p

ì � � Ð � Ð �
D�ELF�F^Ä�F*VXW'O dcF ¢ IcWZF^Q�W'OM_cK>WZE._aWlW'_afcF^]{O Q�WZI�_cV^VXIcYCQ�W{K I�I ¢ ]�VXIc[\[\F*VXW'O IcQL].N�_a]�V^_cKMVXYlKM_aWZF*b�¤�geÁ�ILK F*�e_aQ_aQlbP��F*O Q�¤�F^[\RO Q qcå�%cþ p�sXQoIcQCF^È�K I�I ¢ _ ¢C¢ [\I�¦�OM�e_aW'O IcQüO WPK I�Icf�]PKMO fcF

' xM· �Zì���ï`' yMµ �Zì��3Ï q
ær� ( ý

û " � -�æ û " Þ -�þ û " �
2 "

ï qcÑ û " �
2 "

ì	"�K Q ì ý# ý � �LÒMÑcæ �
N{ECF^[�F�N1FUEl_ZdcFUQCF^RLK F*VXWZF*b ¤�gT]��`_cKMK�VXIcQ�WZ[�O ¤CYLW'O IcQC];GJ[\IL�ÇGJF^[��`O IcQL]�IcWZECF^[²WZE._aQkÌXÈ�â>Yl_a[�f�pÆ�IcWZFUWZEl_aW
biYCF©WZI4�iF^[A�`O È � O [�_cV�]\W'_aW'O ]�W'OMV�WZECFeVXIcQ�WZ[�O ¤CYCW'O IcQ4ILGlGJF^[��`O IcQkK I�I ¢ ]{El_a]�I ¢L¢ Ic]AO WZF�]�O RcQhO QkVXIL� ¢ _a[�F*bªWZIWZECF�¤�Ic]\IcQ.OMV�K I�I ¢ ]Ap

sXW�O ]�V^K F*_a[1WZEl_aW�VXIc[\[\F*VXW'O IcQL]©� � p Ñcæ �¶¤¡F*VXIL��FP�©Ic[\F²OM� ¢ Ic[\W'_aQ�W�WZEl_aQeWZECF²�`_cO Q�V^KM_a]�]�OMV^_cK ¢ IcWZF^Q�W'OM_cK
� � p Ñ Sc��G¸Ic[{dcF^[�g�KM_a[�RcF�jCF*KMb ì N{ECF^Q x � " K QPì ^

Î
x�¸� ý p
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sXQkIcQCF^È�K I�I ¢ _ ¢C¢ [\I�¦�OM�e_aW'O IcQ«N�FeRcF^WªWZEl_aWPWZECF�VXIc[�[\F*VXW'O IcQÝ� � p Ñcæ ��El_a]PQLF^RL_aW'O dcFH]AO RcQ�OMG.û � m
ºa qcÑ û � p{�cIc[�WZElO ]PV^_a]�F²WZECF�F^Ä¡F*VXW'O dcF ¢ IcWZF^Q�W'OM_cK·El_a]�QCI�Rc[\IcYCQlb�]\W'_aWZF*�)]\F^F²jLRLp Ñ �ZpmiIUF^dcF^QüOMG�IcYC[�]\g�]\WZF*�µN�_a]�K I�V^_aWZF*bUjC[\]\W�O Q4WZECFUK I�V^_cK.�`O QlOM�`_`_aWImÝì ^²Ï 2 O W�N�OMKMK¬biF*V^_\gh_aWÌ ·ÍË _aQlb�WZECF`_ZdcF^[A_aRcF²d·_cK YCF�ILG·jCF*KMboí�NPOMKMK�[\YCQ;WZI4O QCjLQlO W÷g*pv��F�f�QCI�NÉWZEl_aW�QCIcWZElO QCR KMO fcF�WZE._aW�El_a]
El_ ¢C¢ F^QCF*b�NPO WZEeIcYC[ ¶ Q.O dcF^[\]\F�WZE._aW�O ]�QLF*_a[ q ´ è 2 gcF*_a[\]1ILKMbLp�mcI²WZECF{]�W'_a¤lOMKMO W÷gUILG*WZELF ¶ QlO dcF^[\]\FªOM� ¢ Ic]\F^]]\WZ[\IcQLRVXIcQC]\WZ[�_cO Q�WZ]�IcQ4WZECFU�`_a]\]�F^]{ILG�WZI ¢ _aQlb í�O RcRc] ¢ _a[\W'OMV^K F^]�p

��F£]�ECIcYlKMb�OM� ¢ [\I�dcFÞ_ÖKMO WZW'K F£IcYC[oIcQLF^È�K I�I ¢ GJIc[���YlKM_Ö�)F*â�pÜ� � p Ñcæ �Z�Zp �cIc[«KM_a[\RcF�ì IcQCF^È�K I�I ¢K IcRL_a[�O WZEl�eOMV{VXIc[\[\F*VXW'O IcQC] | K Q�ì _aQlbIÆ¤ÞµK QPì�_a[\F�ILGcWZECF�]A_c�©F�Ic[�biF^[�_a]3WZ[\F^F�WZF^[��©]�§AW�N1IcÈ�K I�I ¢ bcIcYC¤lK F^ÈK IcRL_a[�O WZEl�eOMV{WZF^[���]�_a[\FPILGLWZELF²Ic[�biF^[�ILG¡IcQCF^È�K I�I ¢ WZF^[��©]�F^W'V^p©miI�_cKMKCWZECF^]\FUK IcRL_a[�O WZE.�`OMV{WZF^[A�©]�]\ELIcYlKMb¤�F�W'_afcF^QüO Q�WZI�_cV^VXIcYLQ�W'p©�iIc[\WZYLQl_aWZF*K g WZElO ]�WZF*VäECQlOMV^_cK ¢ [\Ic¤.K F*�ÙO ]�QCIcW�dcF^[\gkbCO SVXYlK WZÈ�[\F^QCIc[��`_cKMO ±*_aW'O IcQ
Rc[\IcY ¢ WZF*VäECQlOMâ'YCF^]�ECF*K ¢ WZI`]\Y.�¨Y ¢ ]\YlVñEhVXIc[\[\F*VXW'O IcQL]�p�D�ELF�[�F^]\YlK WPO ]

' xM· �Zì��3Ï½ï qÑ ¸ ý%�)Ì^�Zìeý%�)Ì^� -
q
� | �)Ì^�Zì " �)Ì^� � �LÒMÑ�% �

N{ECF^[�F | �)Ì^�{_aQlb ¸ �)Ì^��_a[\F�[�YCQCQlO QCR ¢ _a[A_c�©F^WZF^[\]P_aQlb�Ì�Ï½K Q�ì ð 2 p��iIc[�]��`_cKMK¥d·_cK YCF�ILGLWP�ZOMp F*p�G¸Ic[{]A�`_cKMKd·_cK YCF�ILG�jCF*KMb`ìã�¶WZECF{[\YCQLQlO QCR ¢ _a[�_c�©F^WZF^[�]©biI²QCIcW�[\YCQ�G"_a[©_ZN�_Zg4GJ[\IL�ÉWZECF*O [©V^KM_a]\]�OMV^_cK*d¥_cK YLF^]©_aQlb�WZECFF^Ä¡F*VXW'O dcF ¢ IcWZF^Q�W'OM_cKlO ]�F*â>Y._cK·WZIeWZELFHV^KM_a]\]�OMV^_cKLIcQCFPNPO WZE4WZECFH_cV^VXYC[�_cVXg ILG�]��`_cKMKC[�_cbCOM_aW'O dcFoVXIc[\[\F*VXW'O IcQC]Ap�iIc[£KM_a[\RcF�ì�N�FüV^_aQÕG¸Ic[�RcF^W�_a¤�IcYCW ¸ ý ì ý _aQlb£WZELF4N{ECILK FÖbig�Ql_c�`OMVX]�_aWTKM_a[�RcFüì O ]HRcI'dcF^[�QCF*b«¤�g
[\YCQLQlO QCR VXIcY ¢ KMO QCR�VXIcQC]\W'_aQ�W | �)ÌÍ�Zp�D�ECF^[\Fe_a[�FHbCO Ä¡F^[\F^Q�WPVXIcQ�WZ[AO ¤CYCW'O IcQC]ªO Q�WZITbCO Ä�F^[�F^Q�W'OM_cKCF*â>Yl_aW'O IcQL]ªGJIc[[\YCQLQlO QCR | �)ÌÍ�Z§3VXIL�eO QCR£G¸[\IL�ÛWZECF K I�I ¢ ]©NPO WZETWZI ¢ â'Yl_a[\f�]�§LdcF*VXWZIc[�¤�Ic]\IcQC]�_aQlbTí�O RcRc]�¤�Ic]\IcQÖO WZ]\F*KMG)p�sÍGWZECF�WZI ¢ â>Yl_a[�fVXIcQ�WZ[AO ¤CYCW'O IcQ£biIL�`O Ql_aWZF^]A§�OMp F*p.WZECF©ElO RcRc]�VXIcY ¢ KMO QCR�WZIªWZI ¢ �ZOMp F*p3WZECF©WZI ¢ �e_a]\]���O ]�KM_a[�RcF*§| �)ÌÍ��VñEl_aQCRcF^]P]�O RcQÞ�)]\F^F`jLRLp þ �²_aQlbHWZECF`d·_cVXYCYl�»¤�F*VXIL�©F^]�YLQC]\W'_a¤lK F*poD�E.O ]eO ]�[\F*GJIc[��{Y.KM_aW'O IcQkILG¬WZECF
¢ ECF^QLIL�©F^Ql_�WZEl_aW{N�F�El_cbo_aW�IcQCFUK I�I ¢ K F^dcF*KMp

s^G�WZECFoí�O RcRc]�]�F*K jCQ�WZF^[A_cVXW'O IcQÞbiIL�`O Ql_aWZF^]A§.OMp F*p�WZELF;í�O RcRc]U�`_a]\]�O ]eKM_a[\RcF*§¡WZECF^Q�WZECFªF^dcILK YCW'O IcQ�ILG
| �)ÌÍ��O ]�]AOM�`OMKM_a[�WZIoWZECF�F^dcILK YCW'O IcQhILG1VXIcY ¢ KMO QCRkO Q�WZECF4ì " WZECF^Ic[\g�NPO WZECIcYCW�IcWZECF^[²jCF*KMbi]�p²s�W`O ]�f�QCI�N{QWZEl_aWPO Q4WZElO ]PV^_a]\FPWZECF�¤�F^El_Zd�O Ic[�ILG | �)Ì^�{O ]

| �)Ì^��Ï | �)Ì 2 �q ï t©| �)Ì 2 �·K Q �� ¤
� �LÒMÑ ³c�

_aQlbª[�YCQCQlO QCRoVXIcY ¢ KMO QLR`RcI�F^]�WZIO QCjCQ.O W÷g�_aW{]\IL�©F�jLQlO WZF�d¥_cK YLF�ILG�ì �)]\F^F²jCRLp þ �Zp
ì�Ï Ê Ò
þcå
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D�E.O ]UO ]�WZECF r _aQlbC_aY ¢ ILK F4O Q£WZECFe[\YCQCQlO QLR�VXIcY ¢ KMO QCRkVXIcQC]\W'_aQ�W'pI�ÀECF^QÞO Q.O W'OM_cK�VXIcQlbCO W'O IcQ | �)Ì 2 ��ZOMp F*pPWZECFªd¥_cK YLF�ILG�í�O RcRc]H�`_a]\]e�©O QlVX[�F*_a]\F^]�WZECF�d·_cK YCF�ILG r _aQlbC_aY ¢ ILK FªRcI�F^]HbiIcQCF*p�s^G�N�F�]\YC¤L]\W'O WZYCWZFWZElO ]{[�YCQCQlO QCR VXIcY ¢ KMO QCRVXIcQC]\W'_aQ�W�O Q�WZI`F*â�pM� � p Ñ�% �1N1F�RcF^W�WZEl_aW�WZECF�F^Ä¡F*VXW'O dcF ¢ IcWZF^Q�W'OM_cK·[�YCQC]�WZI�O QLjCQlO W÷g_aW{WZElO ]�d¥_cK YCF²ILG.ì�_a]�N�F*KMKMp{D�E.O ]PO ]{]\IL�©F²QCF^N ¢ ECF^QLIL�©F^Ql_cp
miY.VäEe]AO QCRcYlKM_a[�¤�F^El_\d�O Ic[�ILG�WZECFPVXIcY ¢ KMO QCRHVXIcQL]\W'_aQ�W�O ]�YLQl_cV^VXF ¢ W'_a¤lK F�G¸[�IL�ÉWZECF ¢ E�g�]�OMV^_cK ¢ ILO Q�W�ILGd�O F^NPp�sXQlbiF^F*bG¸Ic[�_aQ�g4jCQlO WZF d·_cK YCF�ILG�WZECFP¤l_a[\FoVXIcY ¢ KMO QCRTVXIcQC]\W'_aQ�W | Ó � | Ó O ]©F*â>Yl_cKLWZIHWZECF²[\YLQCQlO QCRVXIcY ¢ KMO QLR | �)Ì^��_aW1WZECFPVXYCWZÈäIcÄ Ê ��N�F�RcF^W1WZEl_aW�[�F^QCIc[��`_cKMO ±^F*bUVXIcY ¢ KMO QCR;VXIcQC]\W'_aQ�W��ZOMp F*p | �)ÌÍ��_aW�K I'NÀd·_cK YCFILG¡Ì^��O ]�F*â>Yl_cKLWZIH±^F^[\I p�sXWª�©F*_aQL]�WZEl_aW�_aWªK I�NÃF^QCF^[\RcgoN�FPRcF^W�WZ[�O d�OM_cKlGJ[\F^F²WZELF^Ic[\g*p�D�ElO ] ¢ _aWZECILK IcRLOMV^_cKWZECF^Ic[\g;]\F^F*��]{WZI`¤�F�YCQ ¢ E�g�]�OMV^_cKMp
D�ELF^[\F£_a[\F;W÷N�I ¢ Ic]�]�O ¤lOMKMO W'O F^]`WZI�OM� ¢ [\I'dcF;¤l_cb�¤�F^El_\d�O Ic[�ILG | �)Ì^�Zp�D�ELFUjC[�]\WªIcQCF£O ]�]\ITWZI�]�_Zgbig�Ql_c�`OMV^_cKMph�iIc[ | Î q WZELF���YlK W'OMK I�I ¢ VXIc[\[�F*VXW'O IcQC] _aQlb QLIcQ ¢ F^[\WZYC[\¤l_aW'O dcF�VXIc[\[\F*VXW'O IcQC]4VñEl_aQCRcF | �)Ì^�_aWeKM_a[\RcF`Ì�]\IoWZEl_aW r _aQlbC_aY ¢ ILK F bCO ]�_ ¢C¢ F*_a[\]�pUD�ElO ]eO ]�WZELF ¢ Ic]�]�O ¤lK Fª]\ILK YCW'O IcQ£ILG¶WZECF ¢ [\Ic¤.K F*� O Q�WZECF

]\WZ[\IcQLRVXIcY ¢ KMO QCR�[�F^RLOM�©F*p
°�QCIcWZECF^[`]�ILK YCW'O IcQóV^_aQÖ¤�F;[\F*_cVäECF*b�O Q ¢ F^[�WZYC[\¤l_aW'O IcQÖWZECF^Ic[�gÀOMG�]\IL�©FoQCF^N ¢ E�g�]�OMVX]4�ZOMp F*phQCF^NO Q�WZF^[�_cVXW'O IcQC]�_aQlbªQCF^N ¢ _a[\W'OMV^K F^]���VXIcQ�WZ[�O ¤CYLWZFUO Q�WZI | �)Ì^�{_aW{]�V^_cK FPQCF*_a[ Ê ]\I`WZEl_aW ¢ ILK FebLO ]�_ ¢C¢ F*_a[\]�p
s^G�N�F�¤�F*KMO F^dcF`WZEl_aW�WZECF^[\F4_a[�F�QCI;QCF^N ¢ E�g�]AOMVX]�Y ¢ WZI ]\IL�©F�]�V^_cK F��)Ic[�WZEl_aW�WZECFªWZECF^Ic[\gÖV^_aQ£¤�FWZ[\F*_aWZF*b ¢ F^[\WZYC[\¤._aW'O dcF*K g�Y ¢ WZI�WZElO ].]�V^_cK F*�CN�F�El_ZdcF�WZI ¢ YC]\E�WZECF ¢ Ic]�O W'O IcQ�ILG r _aQlbC_aY ¢ ILK F Ê �ZV^_cKMVXYlKM_aWZF*bO QHIcQCF^È�K I�I ¢ _ ¢L¢ [\I'¦�OM�`_aW'O IcQ;F*â�p�� � p Ñ ³c�Z�.WZI�E.O RcECF^[1]AV^_cK F*p{D�ElO ]�OM� ¢ Ic]\F�Y ¢C¢ F^[�¤�IcYCQlb©IcQ;WZECF�d¥_cK YLF�ILGí�O RcRc]U�`_a]\]�pemiIUN�FªEl_ZdcF�¤�IcYCQ.biF*b`û � ¤¡IcWZE�GJ[\IL�ã_a¤�I'dcF4_aQlbTGJ[\IL�Ú¤¡F*K I�NPp`D�E.O ]�[�F*�`_a[\f·_a¤lK F KMO QCF

ILG�[\F*_a]\IcQlO QLR�N©_a]ªO Q�dcF^Q�WZF*b`¤�g�Á{_a¤lO ¤C¤�IªF^WP_cKMp�O Q qcå�%cå p
D�ELF^[\F�_a[\F�bCO Ä¡F^[\F^Q�W;VñECILOMVXF^]GJIc[PWZECF ¢ _a[�_c��F^WZF^[ Ê pk�cIc[�F^¦�_c� ¢ K F Ê V^_aQü¤�FeILG.WZELFUIc[�bcF^[PILG

Â�KM_aQ.Väf;]�V^_cK F
Ê Î Êc¼ Z Ï q ´

èi½ ù�FXa Ð
Ic[{ILG�WZECF�Ic[�bcF^[{ILG�ù�[�_aQlb ¶ QlO jlV^_aW'O IcQümCV^_cK F

Ê Î Ê¿¾�À v Ï q ´
è�ã ù�FXa Ð

� ´
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Ic[{ILG�WZECF�]�V^_cK FPILG�WZECF�F^QCF^[\Rcg;ILGLWZECFU_cV^VXF*K F^[�_aWZIc[©ILG�WZECF�QCF^¦�W{RcF^QCF^[�_aW'O IcQ
Ê Î q ´ R ï q ´

ã ù�FXa Ò
��F;El_\dcFHWZITfcF^F ¢ O QÉ�`O Qlb«_cKMKlWZECF^]\F ¢ Ic]�]�O ¤lOMKMO W'O F^]�psXW;O ]�F^d�OMbcF^Q�WªWZEl_aW GJIc[PWZECFH]\WZ[\IcQLRcF^]\W _a]\È]\Yl� ¢ W'O IcQ WZEl_aW�QCF^N ¢ E�g�]AOMVX]�biI�F^]{QCIcWP_ ¢L¢ F*_a[�Y ¢ WZIeWZELFUÂ�KM_aQlVñfo]�V^_cK F²N�F²]�ECIcYlKMbªRcF^W�WZECF�]\WZ[\IcQLRcF^]\WY ¢C¢ F^[�¤�IcYCQlboGJIc[{û � p
DLI�biF^[AO dcFU�©Ic[\FUâ'Yl_aQ�W'O W'_aW'O dcFª[\F^]\YlK WZ]�N1F�E._ZdcF²WZIU]\ILK dcFHbLO Ä�F^[\F^Q�W'OM_cKLF*â>Yl_aW'O IcQüG¸Ic[�WZECF�[\YLQCQlO QCR

VXIcY ¢ KMO QLR�VXIcQC]\W'_aQ�W | �)Ì^�ZpÞD3ECF;[\F^QCIc[��`_cKMO ±*_aW'O IcQÞILG | �)ÌÍ��bcF ¢ F^Q.bi]ªIcQÖ]\F*KMG¸È�O Q�WZF^[�_cVXW'O IcQÕVXIcY ¢ KMO QCRL§�IcQRL_aYCRcF£VXIcY ¢ KMO QLRü_aQlb4IcQ�r3YCf·_ZN�_�VXIcY ¢ KMO QCRÖVXIcQC]\W'_aQ�WZ]�pümiIN�FHEl_ZdcF;WZI�]\ILK dcF;WZECFUN�ECILK FU]�g�]\WZF*��ILG
VXIcY ¢ K F*bkbCO Ä�F^[�F^Q�W'OM_cK¶F*â>Yl_aW'O IcQL]�p D�ElO ]HV^_aQ£¤�F4biIcQCF�Q�Yl�©F^[�OMV^_cKMK gTNPO WZE£WZELF�ECF*K ¢ ILG�VXIL� ¢ YCWZF^[ApoD�ECF[\F^]\Y.K W�ILG.V^_cKMVXY.KM_aW'O IcQüGJIc[ Ê Ï q ´ è�ã ù�FXaÙO ] ¢ [\F^]\F^Q�WZF*b4O Q WZECF�jLRLp p
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Ñ
G VE )

Ó
2.49
Ô

39 ± 0.0024   -.80
σ0

hadr ( ) 41
Õ

.491 ±
Ö
 0.058    .31

Re× 20.765 ±
Ö
 0.026    .66

Afb
Ø0,e 0.01683 ± 0.00096    .72

A
Ù

e× 0.14
Ú

79 ± 0.0051    .24
AΤ
Û 0.14

Ú
31 ±

Ö
 0.0045   -.80

sin2θLEPT
Ü

eff 0.23
Ú

21 ±
Ö
 0.0010    .54

mW (G V
Ò

E ) 80
Ý

.370 ±
Ö
 0.090    .01

Rb 0.21
Ú

656 ±
Ö
 0.00074    .90

Rc 0.17
Ú

33 ± 0.0044    .24
Afb

0,b 0.09
Ú

91 ± 0.0021  -1.78
Afb

0,c
Þ

0.07
Ú

14 ± 0.0044   -.47
Ab
ß 0.85

Ú
6 ± 0.036  -2.18

Acà 0.63
Ú

8 ± 0.040   -.74
sin2

á
θ
â LEPT

eff 0.23101 ± 0.00031  -1.78
sin2

á
θ
â

W 0.22
Ú

55 ± 0.0021   1.06
mW
ã  (G V

Ò
E ) 80

Ý
.410 ± 0.090    .45

mt
ä  (
Ñ
G V
Ò

E )
Ó

173.8 ±
Ö

 5.0    .50
1/α 128.896 ± 0.090   -.04

Pulls from SM fit to all data

±

nb

χχ2
å
2 /  / dof dof = 16.4 / 15= 16.4 / 15

� S
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sXWHO ] O Q�WZF^[\F^]\W'O QCR�WZIYLQlbiF^[\]\W'_aQ.b;N{E�g�O Q qcå Sc´�� ]�QCIc¤�I�big�N1Ic[\[AO F*bh_a¤�IcYCWPWZECFTVXIcQ�WZ[�O ¤CYLW'O IcQhILG

WZI ¢ â>Yl_a[�fÖ�Z_aQ.boIcWZECF^[�ECF*_Zd�g�Ðl_\dcIcYC[\]��PO Q�WZIÖ�`_aRcQCF^W'OMVH�©IL�©F^Q�W²ILGlWZECFUF*K F*VXWZ[\IcQüf�QCI�N{QkN�O WZEkdcF^[\gElO RcEh_cV^VXYL[�_cVXg*p©D�ECFe_aQC]\N�F^[{WZIUWZElO ]Pâ'YCF^]\W'O IcQ«O ]�WZEl_aWPGJIc[�Ê Î û � WZECFUVXIc[\[�F*VXW'O IcQC]ªbcYCF�WZI`WZI ¢ â'Yl_a[\f_a[\FU]\Y ¢C¢ [�F^]\]\F*b£_a] _ ¢ I�N1F^[�ILG��)û ý �cð û ý � �POMp F*p;WZELF�VXIcQ�WZ[�O ¤CYCW'O IcQüN�_a]PQCF^RLKMO RLO ¤.K F*p sXQ � Ø � N�FeEl_\dcFbiF*VXIcY ¢ KMO QCReILG¡ECF*_\d�gk�)YLQCf�QLI'N{Ql� ¢ _a[\W'OMV^K F^]�G¸[\IL�ÛWZECFUK I�N{ÈäF^QCF^[\Rcg4Ic¤C]\F^[\d·_a¤lK F^]�pb�ÀE�g�§kÁ3IcQC]�OMbiF^[�WZECFVXIcQ�WZ[�O ¤CYCW'O IcQhILG¶ÌXÈ�â>Y._a[\füO Q�WZI � Ø � Ic¤C]\F^[\d·_a¤lK F^]�p4D�ECFªIcQlK g�bCOM_aRc[�_c�ÙNPO WZE£ÌXÈ�â>Yl_a[�f�]eO QÞK I�I ¢ O ]²WZECF]\F*KMGJÈäF^QCF^[\Rcg;ILG�WZECF ¢ ECIcWZIcQ
Å�à#�¥�ZÊi��ÏüÎ�è)´q] � �Íà¡�ZÊi� Ð �©���Zï²ÊA�0�q] ´�é �ZS ÒMq �

N{ECF^[�F�� à �ZÊi�1O ]�WZELF�F*K F*VXWZ[\IL�e_aRcQCF^W'OMV²VXYC[�[\F^Q�W�ILG¥ÌXÈ�â>Y._a[\f�p�miF*KMG·F^QCF^[\RcgeE._a]�bLOM�©F^QC]�O IcQ Ñ î²® Å à�� ¯ Ïüû ý p
miI�IcQCFHV^_aQ4F^¦ ¢ F*VXW�WZE._aW{WZECF^[\F�F^¦�O W{WZF^[���]�ILGLWZECF�Ic[�biF^[�ILG

Å1à�� Î ÆCû ý � »cà#�D�ElO ]�F^¦ ¢ F*VXW'_aW'O IcQ«O ]�N{[\IcQCR4O Q4WZECFeV^_a]\F²ILG.VXIcQC]\F^[�dcF*b VXYC[\[�F^Q�WZ]
Ê\à¯�ÍàL�ZÊi��Ï½´ �ZS ÒMÑ �
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Ø�â'Yl_aW'O IcQó�ZScp þ �UOM� ¢ KMO F^]`WZE._aW�WZECF ¢ ECIcWZIcQ�[�F*�`_cO QC]�`_a]�]�K F^]\]�p�D�ECF;]�V^_cKM_a[TG¸YLQlVXW'O IcQ Å��ZÊ ý ��E._a]4bCO È�©F^QC]AO IcQÖ±^F^[\IÞ_aQlb�WZECF;IcQlK g ¢ Ic]\]�O ¤lK F£VXIcQ�WZ[�O ¤CYCW'O IcQ�ILG�ÌXÈ�â>Y._a[\fÀO Q�WZI�Å��ZÊ ý ��V^_aQÖ¤�F;N{[�O WZWZF^Q¨O QÖWZECFGJIc[��

Å��ZÊ ý � Î ÆªK Q
Ê ý

û ý � - Ê ýN{ECF^[�F Ê O ]ªVXYCWZÈäIcÄ�p�D�ECF�]\F*KMGJÈäF^QCF^[\RcgofcF^F ¢ ]�WZECFU�©F*�©Ic[�gUILG�ECF*_\d�g�Ðl_\dcIcYC[\]�¹
D�ELFHVX[\YlV^OM_cKL]\WZF ¢ O ]�[�F^QCIc[��`_cKMO ±*_aW'O IcQlp��iIc[`O QC]\W'_aQ.VXFHVXIcQC]�OMbcF^[�WZECFoÁ�IcYlK IL��¤�]�V^_aWZWZF^[�O QCRLp{sÍG¡N�FW'_afcF�O Q�WZI«_cV^VXIcYLQ�WPWZECFO QCjCQ.O WZF4VäEl_cO QhILG¬]�F*KMG¸ÈäF^QCF^[�Rcg�VXIcQ�WZ[�O ¤LYCW'O IcQÀO Q�WZI WZECF ¢ ECIcWZIcQ ¢ [�I ¢ _aRL_aWZIc[²N�FRcF^W�GJIc[PÁ�IcY.K IL�{¤h_c� ¢ KMO WZYlbiF

k�� l � Z?l x ¨ Ï
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kóÏ 
 ý JfØ�ê �Ê ý �ZS Ò Sc�
NPO WZE


�ý JfØ�ê � Ï

 ý2 � Ê �qG- Å��Z´c� �ZS ÒMæ �

�ÀECF^Q N�F�[\F^N{[�O WZF²WZECFe_c� ¢ KMO WZYlbcFe�ZScp � ��O Q WZF^[A�©]{ILG�
 ý JfØ�ê � N�F�RcF^W

k È

 ý JfØ�ê �Ê ý ® q1- Å��ZÊ ý �¶ïìÅ��Z´c� ¯ �ZS Ò&% � Ò

°�]P_©[\F^]\Y.K W'î
q ��WZECFHbiF ¢ F^QlbiF^QlVXF©IcQhVXYCWZÈäIcÄ Ê bCO ]�_ ¢L¢ F*_a[�]

å ÅÞÏLÅ��ZÊ ý �¶ï�Å��Z´c� Î ÆªK Q
û ý �û ý � - µ ý

ê
Ñ ��WZECFHVXIcQ�WZ[�O ¤LYCW'O IcQ4ILGLECF*_Zd�g�Ðl_ZdcIcYL[�O ]{]\Y ¢C¢ [\F^]\]�F*bo_a]P_ ¢ I'N�F^[��ZÊ ý ð û ý � �Zî

å Å Î ï�Æ
Ê ý
û ý �

· ´ Ò
D�ElO ]ªO ]�WZELF�]�_c� ¢ K FPILG¡WZECFHG)_c�©IcYC]ªbiF*VXIcY ¢ KMO QLReWZECF^Ic[\F*�ep�s�W�N1Ic[\f�]�G¸Ic[�WZECF²WZECF^Ic[AO F^]�N�O WZE«VXIcQC]\F^[�dcF*bdcF*VXWZIc[�VXYC[\[\F^Q�WZ]�p

Ï������ÁÛ � vl� �.| B �Lu � ~}z v�Â � � B �lz ?A@ ~�w @C='= | ?·�
k | @���� x{~ @�� � ?UB � v�=>? z : u = z}� v z v�= �k|�~}| B%='? �¥��| @C� � :l< | ?A��@L: ~}| <��
sXQoWZECFemiW'_aQlbL_a[�b;n`I�biF*K�WZECFeK F*GJW²VXIL� ¢ IcQCF^Q�WZ]{ILGCÌXÈ{_aQlb t È�â>Y._a[\f�]�¤�F*K IcQCR�WZI+ d÷²� Ñ �üÞ�bcIcYC¤lK F^W

[\F ¢ [�F^]\F^Q�W'_aW'O IcQ.î µ.û Ï �Më¨ ë pµD�ECF^[\F*GJIc[\FüG¸Ic[HWZECF«V^_a]�FN{ELF^Q�û � ò û ¨ _aQ.b�GJIc[U]��e_cKMK�F^QCF^[�RLO F^]
:±ìüû � N�F�El_\dcF{F^Ä�F*VXW'O dcF*K g�WZELF�F^¦ ¢ KMOMV^O W�d�O ILKM_aW'O IcQUILG$ �÷P� Ñ �üÞÅ]\g��`�©F^WZ[\g*p��iIc[�WZECF�d�O [�WZYl_cK¥�©IL�©F^Q�W'_Ê Î Ê Î û � WZECF^Ic[\g`K I�Icf�]�KMO fcF�WZECF�ILKMb�QCIcQC[�F^QCIc[��`_cKMO ±*_a¤lK F�WZECF^Ic[\g*pls�W���F*_aQ²WZEl_aWlIcQCF^È�K I�I ¢ VXIc[\[\F*VXW'O IcQC]bCO dcF^[\RcF â'Yl_cbi[�_aW'OMV^_cKMK g * è Î Æ Ê ý ð û ý � §LW÷N�IcÈ�K I�I ¢ VXIc[�[\F*VXW'O IcQC]ebCO dcF^[\RcFoâ'Yl_a[\W'OMV^_cKMK g * ý Î Æ Ê ý ð û ý � ý pmiIUN1F�F^¦ ¢ F*VXW�WZEl_aW�WZECFHVXIc[\[�F*VXW'O IcQC]�WZIUWZELFHK I'N�ÈäF^QCF^[\Rcg4Ic¤L]\F^[\d·_a¤lK F^]ªbcYCF²WZIHWZI ¢ VXIcQ�WZ[�O ¤LYCW'O IcQ�_a[\F²ILGWZECF�Ic[AbiF^[�ILG

* è Î Æ¤ÞHÌ

* ý Î Æ ý Þ Ì ýN{ECF^[�F ÌÏ�û ý � ð û ý � §©OMp F*pMVXIc[\[\F*VXW'O IcQL]�_a[�F4QCIcWU]\Y ¢C¢ [�F^]\]\F*bC§�WZECF^güRc[\I'NÜNPO WZE�WZI ¢ �`_a]\]Uû � póí�F*_Zd�gÐl_\dcIcYC[\]H_a[�F`QCIcWUbiF*VXIcY ¢ K F*bkGJ[\IL� WZELFK I'N{ÈäF^QLF^[\Rcg�Ic¤C]\F^[\d·_a¤lK F^];G¸Ic[PWZECFVäE.O [�_cK��`_aWZWZF^[�pe°�]H_�[�F^]\YlK W
WZECF�[A_cbCOM_aW'O dcFHVXIc[\[�F*VXW'O IcQC]�O Q WZELFUmCn�_a[\F�]\F^QC]AO W'O dcF�WZIeWZECF�WZI ¢ VXIcQ�WZ[AO ¤CYCW'O IcQlp

Á�IcQL]�OMbiF^[oG¸Ic[�F^¦�_c� ¢ K FUWZELFU[�_aW'O I�ILGv» ) _aQlb8»�.ÃG¸Ic[ªWZECFTbiF*V^_Zg3� · 7¦�¦}posXWoO ]P[�_aWZELF^[P]�OM� ¢ K FF^¦�F^[�V^O ]\F²WZI�V^_cKMVXYlKM_aWZFPWZE.O ]{[�_aW'O I
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D�ELFªKMO QCF*_a[�WZF^[�� Î Ì�Ic[AO RLO Ql_aWZF^]²G¸[�IL�»bLO Ä�F^[\F^Q�W�]\F*KMG¸ÈäF^QLF^[\RLO F^]�NPO WZE;WZI ¢ â>Yl_a[�f4O QUWZECF�K I�I ¢ ]�_aQlb* '�ý�O ]�WZECF�VXIcQ�WZ[�O ¤CYCW'O IcQ;ILG¥WZECF�[\F^]\W�ILG¥WZECF�bCOM_aRc[�_c��]��Z_�GJF^NÕbcIc±^F^QC]�IcQCF^]��¬WZEl_aW©bcIPQCIcW�biF ¢ F^Qlb�IcQUÌ^ps^GCN�FUVXIL� ¢ _a[\F�F^¦ ¢ F^[AOM�©F^Q�W'_cK·d¥_cK YCF²ILGCÌ
Ì xRíQî È þcÒ&%

NPO WZE F^¦ ¢ F^[�OM�©F^Q�W'_cK¥d·_cK YCF�ILG��)Ì - * 'Vý��
�)Ì - * '�ý��

xMí�î È ï�´ Ò �Lå O�´ ÒMþcÑ
N�F�jCQlb�WZEl_aW�WZECFeVXIcQC]\W'_aQ�W�WZF^[���]P_a[\FU_a]ª�{YlVñEhOM� ¢ Ic[\W'_aQ�W²_a]�_`KMO QLF*_a[�WZF^[��`p

miI�N�F�El_\dcF²WZI ¢ F^[�GJIc[��¨WZECFH_cV^VXYC[�_aWZFUV^_cKMVXYlKM_aW'O IcQTILG�WZECF�N{ELILK F�]\F^W{ILGLIcQCF^È�K I�I ¢ bCOM_aRc[�_c��]�p
Ï������Á�H@ �lz @C= z � | B � ?A? | B%= z}� v.< z v õ p �
_c�{mcWZ[�_aWZF^Rcg*p

D�ECF^[�Fe_a[\F þ ]\WZF ¢ ]ªO Q WZECFeV^_cKMVXYlKM_aW'O IcQL]�ILGLWZECF�[A_cbCOM_aW'O dcFHVXIc[\[�F*VXW'O IcQC]�p
q �{Á�_cKMVXYlKM_aWZFH_cKMKCIc¤C]\F^[\d·_a¤lK F^]PO Q WZF^[A�©]�ILGL¤l_a]\F ¢ _a[�_c�©F^WZF^[\]G» Ó è §V» Óý § 2 Ó _aQ.b VXYCWZÈäIcÄ Ê pÑ �o��O Qlb þ ¤l_a]�OMV�Ic¤C]\F^[\d·_a¤lK F^] _aQlbhF^¦ ¢ [\F^]\]o¤l_a]�F ¢ _a[�_c�©F^WZF^[\]kO QÉWZF^[���]oILG�WZECF^]\F þ ¢ E�g�]�OMV^_cKIc¤C]\F^[�d¥_a¤lK F^]ª_aQlboVXYCWZÈäIcÄ Ê p
þ �1miYC¤C]\W'O WZYLWZF�WZECF^]\F�F^¦ ¢ [\F^]�]�O IcQC]�O Q�WZIHGJIc[���YlKM_a]�GJIc[�IcWZECF^[�Ic¤C]\F^[\d·_a¤lK F^]�p � F ¢ F^QlbiF^QlVXF�IcQVXYCWZÈäIcÄbCO ]�_ ¢L¢ F*_a[�] p
¤l��ò�_a]�OMV ¢ _a[�_c�©F^WZF^[�]�p
sXW�O ].[\F*_a]\IcQl_a¤.K F�WZI�V^_cKMVXYlKM_aWZF�Ic¤C]\F^[\d·_a¤lK F^]�O Q²WZF^[��©].ILG¥â>Y._aQ�W'O W'O F^]�WZEl_aW�_a[\F�f�QCI�N{Q²WZI�WZECF�ElO RcELF^]\W

biF^Rc[\F^F²ILG ¢ [\F*V^O ]�O IcQlp
Æ � è Ï qcþ�%cÒ ´ þ S å ³cSc� æcq �

ß à Ï qcÒMqcæcæcþcå � Ñ � × q ´ �
ã
ß 
 } � ý �ZS ÒMå �

û��£Ï åcqcÒMq ³ æ�% � Ñcq � ß 
 }
V^�{D3ECFeÁ�ECILOMVXF�ILG�òlIc[\Qh_ ¢L¢ [\I'¦�OM�`_aW'O IcQ
sXQkVXIcQ�WZ[A_a]\W�WZIÒÆ.�ZÊ ý �.WZEl_aWPO ]{[�YCQCQlO QCR VXIcY ¢ KMO QLR4VXIcQC]\W'_aQ�W'§·WZECF�W�N1I`F*K F*VXWZ[�I'N�F*_af«VXIcY ¢ KMO QLR4VXIcQCÈ]\W'_aQ�WZ]�ÆÅ���ZÊ ý ��_aQlb8Æ¤Þ£�ZÊ ý �{_a[\F�QLIcW²õa[\YCQCQlO QLRLõ�¤CYCW²õcVX[�_\NPKMO QCRLõeGJIc[PÊ ý ìüû ý � p
D�ELF`Ql_aWZYC[�_cK�]�V^_cK FTGJIc[²F*K F*VXWZ[�I'N�F*_af ¢ E�g�]AOMVX]HO ]oÊ ý ÏÃû ý � pD�ELF^[\F*G¸Ic[�FO WHO ]PF^d�OMbiF^Q�W²WZE._aW 7Æ�5Æ.�)û ý � �Z§�QCIcW,Æ 5 Æ.�Z´c�oO ];[\F*K F^d¥_aQ�W ¢ _a[�_c��F^WZF^[kO QÀF*K F*VXWZ[�I'N�F*_af ¢ E�g�]�OMVX]�pÅD�ELFd·_cK YCFTILG87ÆÚO ]�K F^]�]_cV^VXYC[�_aWZF*p
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mLO [�KMO Q °�pM§¶Â�E�g�]Ap ä F^d�pdÄ �q� § å�%cq � qcå ³c´c�Zê
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AfbA0,e 0
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.01683 ± 0.00096    .73
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e 0
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 0.0051    .25
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s� in2θ
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 0.09   -.01
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 5.0    .54
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¦
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1/α¥ (5)(
¦
mZ)
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128.878 ± 0.090    .00
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e× ff
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H
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G
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χ2/
Ø
d.o.f.: 3.3 / 5

χ2/
Ø
d.o.f.: 7.8 / 6

Afb
0,l 0.23117 ± 0.00054

AτÙ 0.23202 ± 0.00057
A
Ú

e 0.23141 ±
Û

 0.00065
A
Ú

fb
0,b 0.23225 ±

Û
 0.00038

Afb
0,c 0.2322 ± 0.0010

<Q
Ü

fb> 0.2321 ± 0.0010

Average(LEP) 0.23189 ± 0.00024

A
Ú

lr(SLD) 0.23109 ±
Û

 0.00029

A
Ú

verage(LEP+SLD) 0.23157 ±
Û

 0.00018

1/αÝ = 128.896 ± 0.090
αÝ s= 0.119 ± 0.002
mt= 173.8 ± 5.0 GeV
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',ß�²
¯Þà�Û`�Þß^¯Þã%��Ñã¯Ú-»ÞÛ`��à�Û`�Þßòä  ô ï�í æ î ø^÷Àï æ Ðº�Mã� Ô 	 ð¸é�î ï æ é æ*ô ï�é�Ð 	 ø^è�é è^ë öÀô Ô�ÔQî ø æ è ö è�÷�Ð�øòÐ¢î ï�î Ð�Ôï,è|ó ô ð î ÔÀî ö çbè�ê�ï ô ø�ïQëüè�ê�ç æ ð1Ô'î�í ô ÓDí?è�Ô ö è^Ó è�÷�ð � Ô�î ø*í?Ð�é�Ð æ*ô ì�Ð Ô�Ð�Ð�ø ï æ*ô ï ï æ Ð ô øDî Ô�è�ï,ê�è�ç*î Ð�Ô ó;Ð�çbÐ�ø*óÀè�øï æ Ð5í?è�Ô ö è^Ó è�÷^î�í ô Ócç ô ê ô�ö Ð�ï,Ð�ê�Ô & � ä � &e· ô ø*ó �^Ø ¹ Ô}î�ëcï æ î ÔÀé�Ð�ê�Ð.øòè�ï ô Ó ê�Ð ô ó;ð²ç!è�ï,Ð�ø�ï�î ô Ó�Ó ð ô ê'î�í æÐ�øòè�ùò÷ æ çòê'î È�Ð � �M�� ô øDî Ô�è�ï,ê�è�ç*î Ð�Ô ô Ó Ô�è�è É Ð�êcï æ ÐQí æ*ô ø*í?Ð�ï,è�çòê�è�Ò!Ð�ï æ ÐTì�Ð�ê�ð Ð ô ê'Ó�î Ð�Ô�ï$ç æ*ô Ô�Ð�Ôµè^ë1ï æ ÐSÒ*î ÷Ò ô øò÷ � ô øDó ï,è ï,Ð�Ô�ï é æ Ð�ï æ Ð�êYï æ Ð Ð���ç ô ø*óòî øò÷0ùòø*î ì�Ð�ê�Ô�Ð ê�Ð ô Ó�Ó ð²ó^î�ó ÒbÐ�÷^î ø é�î ï æ ô ø±î ø^� ô ï�î è�ø ô ê�ð}ç æ*ô Ô�Ð¢Ø
Æ�Ð�ï_ùòÔIê�Ð¢í ô Ó�Ó�é æ*ô ï_çòê�Ð¢óòî�í?ï�î è�ø^Ô�î øg� ô ï�î è�ø öÀô/	 Ð�Ô�ëüè�êIï æ Ð7�òù*í?ï,ù ô ï�î è�ø�Ô�ç!Ð¢í?ï,ê�ù ö Ø|ÿ?ø^� ô ï�î è�øþî ÔSó�ê'î ì�Ð�ø�Ò1ðô Ô'í ô Ó ô ê�ñòÐ¢Ó�óÕ9 � é�î ï æ ô çbè�ï,Ð�ø1ï�î ô Ó A Ë59bÎ,Ø�¹ ÔTé�Ð¢Ó�Ó ô ÔTï æ Ð¸í æ*ô ê ô í?ï,Ð�ê'î Ô�ï�î�íSÐ�øòÐ�ê�÷�ð�ó;Ð�øòÔ'î ï¯ð¸è^ë_î ø^� ô ï�î è�ø �
A � ï æ î Ô�í ô ø}Ò!ÐÀí æ*ô ê ô í?ï,Ð�ê'î Ô�Ð¢ó Ò�ð0ï¯é$è�óòî ö Ð�øòÔ'î è�øDÓ Ð�Ô�ÔSç ô ê ô�ö Ð�ï,Ð�ê�Ô

( /*) ! +
Í � � Ë A , Q A Î !
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Ë,Ì � #�Î

é æ Ð�ê�Ð ) + î ÔSï æ ÐûÏcÓ ô ø*í 	5öÀô Ô�Ô � A , � È A Q È�9 � ô øDó ô Ó�Ólô�ù ô ø�ï�î ï�î Ð�Ô ô ê�ÐõÐ�ì ô Ó ù ô ï,Ð¢ó ï,è'é ô ê�ó;Ô�ï æ ÐõÐ�ø*ó è^ëî ø^� ô ï�î è�ø � é æ Ð�øõï æ Ðµçòê�Ð�Ô�Ð�ø1ïcÓ ô ê�÷�Ð���Ô'í ô Ó ÐGÔ�ï,ê�ù*í?ï,ùòê�Ð ö èbó�Ð�Ôgé$Ð�ê�Ð�í?è ö ç ô ê ô ÒDÓ Ð î øõÔ'î È�Ð$ï,èTï æ Ð�î øg� ô ï�î è�ø ô ê�ðæ è�ê'î È�è�øDØTÏ|ê'î è�ê�ï,è ï,ê ô øòÔ'ëüÐ�êf��ëüùòø*í?ï�î è�ø Ð É Ð¢í?ï,Ô � ï æ ÐYç^ê'î ö è�ê'óòî ô Ó1�òùDí?ï,ù ô ï�î è�ø.Ô�çbÐ¢í?ï,ê�ù ö î Ô�Ô�ç!Ð¢í�î ñ^Ð¢óQÒ1ð ôæ è�ê'î È�è�øg��Ô'í ô Ó Ð ô�ö çDÓ�î ï,ù*ó;Ð ËlÐ���ï,ê ô çbè^Ó ô ï,Ð¢óÀï,èÀï æ Ðõçòê�Ð�Ô�Ð�ø�ï�ÎM� " ô ø*ó ô Ô'Ó è�çbÐ\�m�
«�! Ë = Î � � ! " $ =

���
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å_æ Ð î øg� ô ï�î è�ø ô ê�ð0çòê�Ð¢óòî�í?ï�î è�ø^ÔQëüè�êTï æ Ð�Ô�Ðõø�ù ö ÒbÐ�ê�Ô ô ê�Ð
� "   A �YX !

) ! + ( �YX !
� � Í ¥ � ( + # - "

Ë,Ì � � Î

é æ î�í æ Ó Ð ô ì�Ð�Ô�ùòÔ�î øþï æ ÐõùòøòÔ ô ï�î Ô'ë ô í?ï,è�ê�ð0çbè�Ô'î ï�î è�ø}è^ë æDô ì|î øò÷Àïúé�è è�Ò^Ô�Ð�ê�ì ô Ò*Ó Ð�Ô ô ø*ó ï æ ê�Ð�Ðõç ô ê ô�ö Ð�ï,Ð�ê�Ô'Ø

#�Õ #



å_æ Ðûí?ê'î ï�î�í ô ÓIî ø^÷�ê�Ð¢óòî Ð�ø�ï ë�è�ê�ï,Ð�Ô�ï�î øò÷�î ø^� ô ï�î è�øýÒ1ð ö ô/	 î øò÷�ëüùòê�ï æ Ð�ê çòê�Ð¢ó^î�í?ï�î è�øòÔ î Ô�ï æ Ð ç!è�Ô�Ô'î Ò*î�Ó �î ïúð5ï æ*ô ï � î ø ô ó^óòî ï�î è�ø ï,è�Ô'í ô Ó ô ê ö è|ó;Ð�Ô � ï æ ÐÑ�Mã� í?è�ù*Ó�ó ô Ó Ô�è�Ò!Ð ô/É Ð¢í?ï,Ð¢ó�Ò�ðý÷�ê ô ì|î ï ô ï�î è�ø ô Ó_é ô ì�Ð�ÔË,ëüè^Ó�Ó è�é�î øò÷�ï æ Ð è�ê�î ÷^î ø ô Óbî øòÔ'î ÷ æ ï�è^ël�;ï ô ê�è�Ò*î øòÔ 	 ð}Í�Õ�Ö ��Î,ØÒ�ýÐYï æ Ð�ê�Ð¢ëüè�ê�Ð�óòî Ô�ï�î øò÷�ù*î Ô æ Ð���ç*Ó�î�í�î ï�Ó ð0ÒbÐ�ïúé�Ð�Ð�øÔ'í ô Ó ô ê ô ø*ó¸ï,Ð�øòÔ�è�ê�í?è�ø�ï,ê'î Òòù^ï�î è�øòÔ�ï,è0ï æ Ð��Mã�¬�òù*í?ï,ù ô ï�î è�øòÔ�Ò�ð.ùòÔ'î ø^÷ ô çòçòê�è�çòê'î ô ï,ÐQÔ�ùòÒòÔ'í?ê�î çòï,Ô'Ø å_æ Ðëüè�ê ö Ð�êÀí ô ï,Ð�÷�è�ê�ð ô ê�Ð�ï æ è�Ô�Ð.ó;Ð�Ô�í?ê'î ÒbÐ¢ó Ò�ðþï æ Ð�� ô í æ Ôfþ �ýè^Ó�ëüÐÀÐ É Ð¢í?ï � ô ø*ó ô ê�Ð�÷�ê ô ì|î ï ô ï�î è�ø ô Ó|çbè�ï,Ð�ø�ï�î ô Ó�òù*í?ï,ù ô ï�î è�øòÔIï æ*ô ï_ê�Ð¢Ó ô ï,Ð�óòî ê�Ð¢í?ï�Ó ð�ï,è öÀô Ô�ÔÊ�òù*í?ï,ù ô ï�î è�øòÔ'Ø å_æ Ð�ê�Ð¢Ó ô ï�î ì�Ð ô�ö ç*Ó�î ï,ùDó;ÐGè^ë�ï,Ð�øòÔ�è�ê ô ø*ó�Ô'í ô Ó ô êí?è�ø�ï,ê'î Òòùòï�î è�øòÔ ó;Ð�çbÐ�ø*ó;Ð¢ó�è�øþï æ Ð î ø^� ô ï�î è�ø ô ê�ðûç ô ê ô�ö Ð�ï,Ð�ê ( ô Ó è�øòÐ´�
3�0¿
3 P¿ ð Í # µ � ( ð ��Ë,Í ¥ �cÎ�µ Ë,Ì � ��Î

å_æ Ð Ô�Ð¢í?è�ø*óþê�Ð¢Ó ô ï�î è�ø ï,è�ï æ Ð¢« ¿ ¾�«þËlé æ î�í æ î Ô ó;Ð�ñòøòÐ¢óûï,è}ÒbÐ}Í ¥ �cÎõî Ô Ó Ð�Ô�Ô�÷�Ð�ø^Ð�ê ô Ó � ô Ôûî ï ô Ô�Ô�ù ö Ð�Ô ôçbè^Ó ð1ø^è ö î ô Ó ��Ó�î 	 Ðõçbè�ï,Ð�ø1ï�î ô Ó � Ô�èQï æDô ï - î Ô�ê�Ð¢Ó ô ï,Ð¢ó ï,è ( ØDÿ�ë7é�Ð öÀô/	 ÐYï æ î Ô ô Ô�Ô�ù ö çòï�î è�ø � î ø^� ô ï�î è�ø5í ô ø ÒbÐï,Ð�Ô�ï,Ð¢óþÒ1ð ö Ð ô Ô�ùòê'î øò÷ ï æ Ð¸ï�î�Ó ï ô ø*ó ï æ ÐÀï,Ð�øòÔ�è�êûí?è�ø1ï,ê�î Òòùòï�î è�ø*Øò�;è�ê�Ô'î ö ç*Ó Ð ö èbó;Ð¢Ó Ô � ï æ î Ô�ï,Ð�Ô�ïõÔ æ è�ù*Ó�óÒbÐ�ë�Ð ô Ô'î ÒDÓ Ð´� A � ¶ 9 * î ö çDÓ�î Ð�ÔÜ�öð × µ�Õ � ô øDó 3�0¿ Q 3 P¿ ð × µ�Ì�Ø å èýÒ!ÐûÔ ô ëüÐ � é$Ð øòÐ�Ð¢óýè�øòÐ5ë�ù^ê�ï æ Ð�êè�ÒòÔ�Ð�ê�ì ô ï�î è�ø � ô øDó�ï æ î ÔYî ÔGçbè�ï,Ð�ø�ï�î ô Ó�Ó ð0ç^ê�è�ì|î�ó;Ð¢ó�Ò1ð ï æ Ð�Ô�ç!Ð¢í?ï,ê�ù ö è^ë 3 0¿ ØZ�;ùòçòçbè�Ô�Ð�é$Ð�éTê'î ï,Ð Ô�Ð�ç ô ê ô ï,Ðçbè�é�Ð�êf��Ó ô é]î ø*ó;Ð�� ó;Ð�ñòø*î ï�î è�ø^Ô�ë�è�ê�ï æ ÐYÔ'í ô Ó ô ê ô ø*ó ï,Ð�øòÔ�è�ê ô ø*î Ô�è�ï,ê�è�çDî Ð�ÔC�
3 P¿ K�È . P � É " 3 0¿ K�È . 0 � É µ Ë,Ì � ��Î

�;ê�è ö ï æ Ð�ó^î Ô'í?ùòÔ�Ô'î è�ø0è^ë�ï æ Ð�� ô í æ Ôfþ �ýè^Ó�ëüÐõÐ É Ð¢í?ï � é$Ð 	 øòè�é ï æ*ô ï � è�ø5Ó ô ê�÷�Ð Ô�í ô Ó Ð�Ô � ï æ Ð�Ô'í ô Ó ô ê�î ø*ó;Ð���î Ôï æ Ð Ô ô�ö Ð ô ÔYî øDó;Ð��þî ø¸ï æ Ð öÀô ï,ï,Ð�êGçbè�é�Ð�êGÔ�çbÐ¢í?ï,ê�ù ö ��� P � � � Í ¥ � ( + # - ØM�*ðÀï æ Ð�Ô ô�ö Ð ö Ð�ï æ è|ó � î ïî ÔGÐ ô Ô'î�Ó ð Ô æ è�éTø0ï æ*ô ïN� 0 � Í ¥ # ( Ë ô Ó ï æ è�ùò÷ æ óòî É Ð�ê�Ð�ø�ï�ó�Ð�ñòø*î ï�î è�øòÔ�è^ë� 0 ô ê�ÐÀî ø0ùòÔ�Ð�î ø¸ï æ Ð�Ó�î ï,Ð�ê ô ï,ùòê�Ð´³ï æ Ð}í?è�ø�ì�Ð�ø�ï�î è�ø æ Ð�ê�Ðþî Ô�ï æ*ô ïr� � Í ô Ó é ô ð�Ô í?è�ê�ê�Ð�Ô�çbè�ø*ó;ÔYï,è ô í?è�øòÔ�ï ô ø�ï . ! Ë`È;Î,Î,Øã�_î ø ô Ó�Ó ð � ï æ Ð�ø � é�Ðí ô øþéSê'î ï,ÐYï æ Ð ¿�À î�ª^« ¿ ® À ª^ÇCÏ ?® À�Â�¿�Â «W© À ?Ï ©}¾[Ã�ª^« ¿ ® À �
310¿
3 P¿ � � µ¶#�Ë,Í ¥ � 0 Î�µ Ë,Ì � $�Î

å_æ Ð Ô'Ó è�çbÐ�è^ë�ï æ Ð�Ô'í ô Ó ô ê�çbÐ�ê�ï,ù^ê�Ò ô ï�î è�øûÔ�çbÐ¢í?ï,ê�ù ö î Ô�ï æ Ð è�ø*Ó ðãô�ù ô ø�ï�î ïúð0ï æ*ô ï�í?è�ø�ï ô î øòÔ - � ô øDó�Ô�èV�³PTî Ôøòè�ï�î ø1ì�è^Ó ì�Ð¢ó5î ø ô í?è�øòÔ�î Ô�ï,Ð�ø*í?ðþÐ´ô�ù ô ï�î è�ø � Ô�î ø*í?Ð ï æ Ð�ê�Ð î Ô ø^èýî øDó;Ð�çbÐ�ø*ó;Ð�ø�ï ö Ð ô Ô�ù^ê�Ð�è^ë - é�î ï æ é æ î�í æï,è}í?è ö ç ô ê�Ð¸î ï�Ø
�;ê�è ö ï æ Ð çbè^î ø1ï�è^ë|ì|î Ð�ésè^ë ô ø±î ø^� ô ï�î è�ø ô ê�ð�çòùòê'î Ô�ï � ï æ Ð Ô'í ô Ó ô ê�Ô�çbÐ¢í?ï,ê�ù ö î ÔYï æ Ð�ê�Ð¢ëüè�ê�Ð ô ø ô ø^�øòè'ðbî øò÷ óòî Ô�ï,ê ô í?ï�î è�ø ë�ê�è ö ï æ Ð î ö çbè�ê�ï ô ø�ï¸Ò^ùòÔ'î øòÐ�Ô�Ô0è^ë ö Ð ô Ô�ùòê'î øò÷ ï æ Ð�ï,Ð�øòÔ�è�ê�í?è�ø1ï,ê�î Òòùòï�î è�ø ï,è ï æ Ð

�Mã� ô ø*î Ô�è�ï,ê�è�çDî Ð�Ô'ØÒ¹ í?Ð�ê�ï ô î ø²ó;Ð�÷�ê�Ð�Ð�è^ëDó�Ð�÷�Ð�øòÐ�ê ô í?ð Ð��|î Ô�ï,Ô æ Ð�ê�Ð¸ËlÔ�Ð�Ðº�*è�ø*ó Ú�àn¯?°N± Í�Õ�Õ � Î � Ô'î ø*í?Ð�ï æ Ðï,Ð�øòÔ�è�êûí?è�ø1ï,ê�î Òòùòï�î è�ø æDô Ô�øòè ô í?è�ùòÔ�ï�î�íõçbÐ ô/	 ³ 3 0¿ î Ô�ê�è�ùò÷ æ Ó ð í?è�øòÔ�ï ô ø�ï�ùòç5ï,è.ï æ Ð æ è�ê�î È�è�ø5Ô'í ô Ó Ð ô ø*óï æ Ð�ø�ë ô Ó�Ó Ô'Ø�¹ Ô�çbÐ¢í?ï,ê�ù ö é�î ï æ�ô Ó ô ê�÷�Ð�ï,Ð�øòÔ�è�ê�í?è�ø�ï,ê'î Òòùòï�î è�øûï æ Ð�ê�Ð¢ëüè�ê�ÐÀí�Ó è�Ô�Ð¢Ó ð¸ê�Ð�Ô�Ð ö Ò*Ó Ð�Ô ô Ô�í ô Ó ô êf��è�ø*Ó ðÔ�çbÐ¢í?ï,ê�ù ö é�î ï æ Ô öÀô Ó�Ó Ð�ê & ¹�Ë ô ø*ó æ Ð�ø*í?Ð ô ê�Ð¢Ó ô ï�î ì�Ð¢Ó ðvÓ è�é�Ð�ê�çbÐ ô/	 Î,Ø£¡GøòÐ é ô ð î ø é æ î�í æ ï æ î Ô0ó�Ð�÷�Ð�ø^�Ð�ê ô í?ð ö ô ð�ÒbÐ}Ó�î�ëüï,Ð¢ó²î Ô�ï æ ê�è�ùò÷ æ çbè^Ó ô ê'î È ô ï�î è�ø²è^ëDï æ ÐÑ�Mã���òù*í?ï,ù ô ï�î è�øòÔ'Ø�¹ ø^è�ø^È�Ð�ê�èþçbè^Ó ô ê'î È ô ï�î è�øî Ô î øòÐ�ìbî ï ô ÒDÓ Ð¸ÒbÐ¢í ô ùòÔ�Ð¸ï æ Ð Ð¢Ó Ð¢í?ï,ê�è�øòÔ ô ïûÓ ô Ô�ïQÔ'í ô ï,ï,Ð�ê'î ø^÷}Ð���çbÐ�ê'î Ð�ø*í?Ð ô ø ô ø*î Ô�è�ï,ê�è�ç*î�íõê ô óòî ô ï�î è�ø²ñòÐ¢Ó�óòØå_æ è ö Ô�è�ø.Ô'í ô ï,ï,Ð�ê'î ø^÷�ëüê�è ö ô ø ô ø*î Ô�è�ï,ê�è�ç*î�í�Ô�è�ùòê'í?Ðõé�î�Ó�Ó�ðbî Ð¢Ó�óÀç!è^Ó ô ê�î È ô ï�î è�ø � ô ø*ó�ï æ Ðõçòê ô í?ï�î�í ô ÓòÔ'î È�Ðõè^ëï æ ÐÀëüê ô í?ï�î è�ø ô Ó7çbè^Ó ô ê'î È ô ï�î è�ø Å î Ô�è^ë�ï æ ÐYè�ê'ó�Ð�ê�è^ë�ï æ Ðrô�ù ô ó;ê�ùòçbè^Ó Ð ê ô óòî ô ï�î è�ø ô øDî Ô�è�ï,ê�è�ç�ð ô ï�Ó ô Ô�ï�Ô�í ô ï��ï,Ð�ê'î øò÷g� Å ñ ó Í ÓÀØ��;ùòê�ï æ Ð�ê ö è�ê�Ð � ï æ ÐÀçbè^Ó ô ê'î È ô ï�î è�ø²Ô'î ÷�ø ô ï,ù^ê�ÐÀè^ë*ï,Ð�øòÔ�è�ê�ç!Ð�ê�ï,ùòê�Ò ô ï�î è�øòÔ0óòî É Ð�ê�Ô0ëüê�è öï æ*ô ï�è^ëòÔ'í ô Ó ô êTçbÐ�ê�ï,ùòê�Ò ô ï�î è�øòÔõË Ú�±lÜ�± ��Ð¢Ó � ô/	 Í�Õ�Õ $ ³Q²cù�� � æ î ï,Ð Í�Õ�Õ $�Î�³�ï æ Ð óòî É Ð�ê�Ð�ø1ïõí?è�ø�ï,ê'î Òòùòï�î è�ø^ÔTï,èï æ ÐÀï,è�ï ô Ó*ùòø^ç!è^Ó ô ê�î È�Ð¢ó 3 ¿ í ô ø î ø çòê'î ø*í�î ç*Ó Ð Ò!Ðþó^î Ô�Ð�ø1ï ô ø^÷^Ó Ð¢ó � ô Ó�Ó è�é�î øò÷�ï æ Ð}î øg� ô ï�î è�ø ô ê�ðýï,Ð�Ô�ï�ï,èþÒbÐí ô ê�ê'î Ð¢óÀè�ùòï�Ø
'5�1�q° ÛE�-¯Þà�ÛE�¢ßòär�ò��°N¯Þã?Ü�Ú�°¯ä��R¯?° Úr¯Þß^Û�ä��Þà�ãò�J�ÑÛ�Ú'ä �$Ð�Ô�ç*î ï,Ð ï æ Ð ô Òbè�ì�Ð óòî Ô'í?ùòÔ�Ô�î è�ø � î ï é�î�Ó�Ó�ÒbÐûí?è�ø1ì�Ð�ø*î Ð�ø�ï�ï,èí?è ö ç ô ê�Ð�ï æ Ð�çòê�Ð�Ô�Ð�ø�ï���ó ô ð öÀô Ô�Ô�óòî Ô�ï,ê'î Òòù^ï�î è�øþé�î ï æ ï æ Ð¢�Mã� ó ô ï ô Ò�ð5í?è�øòÔ'î�ó;Ð�ê'î ø^÷Àè�ø*Ó ð Ô'í ô Ó ô ê�çbÐ�êf�ï,ùòê�Ò ô ï�î è�øòÔ ô ï�ñòê�Ô�ï�ØGÏÑè�Ô�Ô'î Ò*Ó ÐÀí?è ö çDÓ�î�í ô ï�î è�øòÔQó;ù^Ð�ï,è ï,Ð�øòÔ�è�ê�í?è�ø�ï,ê'î Òòù^ï�î è�øòÔõí ô ø Ò!Ð Òòê�è�ù^÷ æ ïõî ø ô Ó�î ï,ï�Ó Ð

#�Õ�Ì



Ó ô ï,Ð�ê'Ø å_æ Ð¸Ò!Ð�Ô�ï ô ø*ó í�Ó Ð ô øòÐ�Ô�ï ô ø*î Ô�è�ï,ê�è�ç1ð ö Ð ô Ô�ùòê�Ð ö Ð�ø�ï,Ô ô ê�Ð0ï æ è�Ô�Ðýó;ùòÐ ï,è �M¡i� õc� ô ø*óþé$Ð æ*ô ì�ÐÔ�Ð�Ð�ø ô Òbè�ì�Ð æ è�évï æ Ð Ó ô ê�÷�Ð���Ô'í ô Ó Ðú� ô í æ Ôfþ �ýè^Ó�ëüÐ ô ø*î Ô�è�ï,ê�è�ç�ð}í ô ø0Ò!ÐQí ô Ó�í?ù*Ó ô ï,Ð¢óòØIÿ?ï î ÔGçbè�Ô�Ô'î ÒDÓ ÐTï,è ô ê�÷�ùòÐî ø�Ò!è�ï æ óòî ê�Ð¢í?ï�î è�øòÔ � Ð¢î ï æ Ð�ê ùòÔ'î ø^÷Àï æ Ð ö ô Ô�Ô�Ô�ç!Ð¢í?ï,ê�ù ö ï,è¸çòê�Ð¢óòî�í?ï�ï æ Ð¢�Mã� � è�ê â�Û`��ÚÀâ'Ú�ã�äR¯ ³òé�Ð�Ô æ*ô Ó�ÓÔ�ï ô ê�ï�é�î ï æ ï æ Ð}Ó ô ï,ï,Ð�ê�ê�è�ùòï,Ð¢Øò�32è�ê�Ô 	 î Ú�à�¯?°K± Ë,Í�Õ�Õ ��Î � �*ùòøòø � �òí?è�ï,ï¢� � æ î ï,Ð�Ë,Í�Õ�Õ ��Î � ô ø*ó�� æ î ï,Ðò�
�*ùòøòøýË,Í�Õ�Õ ��ÎTóòî Ô'í?ù^Ô�Ô$ï æ Ð Ó ô ê�÷�Ð���Ô�í ô Ó Ðõøòè�ê öÀô Ó�î È ô ï�î è�ø ë�ê�è ö ï æ Ð�#/��ð�Ð ô ê��M¡o� õ ó ô ï ô î øûï æ Ð�í?è�ø�ï,Ð��1ï�è^ë
�M��ú��Ó�î 	 Ð ö è|ó;Ð¢Ó Ô'Ø å_æ Ð�ñòø ô Ó � ��ð�Ð ô êr�M¡i� õ ó ô ï ô ë ô ì�è�ù^ê�ì�Ð�ê�ðûÔ'Ó�î ÷ æ ï�Ó ð Ó è'é$Ð�ê ê�Ð�Ô�ù*Ó ï,Ô � ô ø*ó é�Ð�Ô�í ô Ó Ðï,èÀï æ Ð�Ô�Ð¸î ø.é æ*ô ï�ëüè^Ó�Ó è�éSÔ'Ø
�;è�ê�Ô'í ô Ó Ð���î ø�ì ô ê'î ô ø�ï Ô�çbÐ¢í?ï,ê ôÀô ø*ó & � Í � ï æ ÐYÒbÐ�Ô�ï�øòè�ê öÀô Ó�î È ô ï�î è�ø²î Ô

�M¡i� õ � « ! Ë = Î � =
× µ�× $�Ì $��
 çµí �[� * " Ë,Ì ��Ö�Î

é æ î�í æ î ÔSÐ´ô�ù*î ì ô Ó Ð�ø1ïSï,èåÑ Ó`Ô ¤ �}Ø ¤ � Í�Ö µ�×ãª�à � è�ê�� " � # µ�× �4� Í�×?���ÞØ
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¡i� õ øòè�ê ö ô Ó�î È ô ï�î è�ø²í?è�ê�ê�Ð�Ô�çbè�ø*ó;Ô�ï,èÜÈ�ð�#�× � é æ Ð�ê�Ð ô ÔTé�Ð æ*ô ì�ÐÔ�Ð�Ð�ø ï æ*ô ï�ï æ Ð�ê�Ð.î Ô ö è�ùòø�ï�î øò÷0Ð�ìbî�ó�Ð�ø*í?Ð.ë�è�ê ô çbÐ ô/	 ô ï#È ð #�×�×�Ø å_æ Ð�Ð��|î Ô�ï,Ð�ø*í?Ð�è^ëgï�î�Ó ï�ï æ ùòÔ�ê�Ð¢ó�ù*í?Ð�Ôï æ Ð ô�ö ç*Ó�î ï,ù*ó;ÐYè^ëÑï æ î ÔTçbÐ ô/	 ê�Ð¢Ó ô ï�î ì�ÐQï,è��M¡i� õ Ò�ð ô ë ô í?ï,è�ê�Í�× ��� . � é æ î�í æ î ÔTÐ´ô�ù ô Ó7ï,è}Í�Ø � ë�è�ê & � Íé�î ï æ è�ù^ï�÷�ê ô ì|î ïúðûé ô ì�Ð�Ô'Ø å_æ î øò÷�Ô ô ê�Ð��lùòÔ�ï ô Ô�Ò ô ó î�ë^÷�ê ô ìbî ï¯ð0é ô ì�Ð�Ô ô ê�ÐÀî ø*í�Ó ù*ó�Ð¢ó^�Dï æ ÐYï�î�Ó ï�î Ô�Ó Ð�Ô�Ô � Òòùòïï æ ÐT÷�ê ô ì|î ïúð���é ô ì�Ð�í?è ö ç!è�ø^Ð�ø1ï æDô ÔµøòèYçbÐ ô/	 � Ô�èYï æ*ô ï$ï æ Ð�ê�Ð¢ó;ù*í?ï�î è�ø è^ë¢ï æ ÐTê�Ð¢Ó ô ï�î ì�Ð æ Ð¢î ÷ æ ïµè^ë1ï æ ÐSç!Ð ô/	î Ô ô ÷ ô î ø ô ë ô í?ï,è�ê�Í�Ø � ØiÆòè1è 	 î øò÷ ô ïSñò÷�ùòê�Ð¸Í�Ö � é�ÐQÔ�Ð�Ð�ï æ*ô ï1� � Í ö èbó;Ð¢Ó Ô�é�î ï æ ô ê�Ð ô Ô�è�ø ô Ò*Ó Ð�Ò ô ê�ð�è�ø

#�Õ �



í?è�ø�ï,Ð�ø1ï¸î ø±ë ô í?ïY÷�Ð�ïYï æ Ð æ Ð¢î ÷ æ ïYè^ë|ï æ Ð çbÐ ô/	 ô Òbè�ùòï�ê'î ÷ æ ï�³bï,è ô Ó�Ó è�é ï æ ÐQï�î�Ó ï,Ð¢ó ì ô ê'î ô ø�ï,Ô � ï æ ÐQÒ ô ê�ð�è�øí?è�ø�ï,Ð�ø1ï�é$è�ù*Ó�ó æ*ô ì�Ð�ï,èÀÒbÐYÒ!è�è�Ô�ï,Ð¢ó ô Òbè'ì�Ðõé æ*ô ï�î Ô ô Ó�Ó è�é�Ð¢ó}ëüê�è ö ø�ù*í�Ó Ð�è�Ô�ð�ø1ï æ Ð�Ô'î Ô'Ø
¹�Ó ï æ è�ùò÷ æ ï æ ÐYçòê�Ð¢ëüÐ�ê�Ð�ø*í?Ð ëüè�êe��ç ÍÀî Ô�ï æ ùòÔ ô øòÐ�÷ ô ï�î ì�Ðûë�Ð ô ï,ùòê�ÐYè^ë^� ô ï ö èbó;Ð¢Ó Ô � î ï öÀô ð0øòè�ï�ÒbÐë ô ï ô Ó � Ô'î ø*í?Ð ï æ Ð î øDë�Ð�ê�ê�Ð¢óõï�î�Ó ïõó;Ð�çbÐ�ø*ó;Ô$è�ø¸ï æ Ð ô í�í?ùòê ô í?ð è^ë7ï æ Ð�Ó ô ê�÷�Ð���Ô'í ô Ó Ð0í�Ó ùòÔ�ï,Ð�ê'î øò÷ ö Ð ô Ô�ù^ê�Ð ö Ð�ø�ï,Ô'Ø� æ*ô ø^÷^î øò÷�ï æ Ð ô Ô�Ô�ù ö Ð¢óQÓ ô ê�÷�Ð���Ô'í ô Ó Ð�ç!è'é$Ð�ê_Ò�ð ô ë ô í?ï,è�ê Í�Ø¶� í æ*ô øò÷�Ð�Ô(�¸Ò1ðû×�Ø�Í � é�î ï æ è�ùòïD÷�ê ô ìbî ï¯ð�é ô ì�Ð�Ô �è�ê¸×�Ø�× �Àé�î ï æ ÷�ê ô ìbî ï¯ðýé ô ì�Ð�Ô'Ø ÿ�ëQ� ô ï ö èbó;Ð¢Ó Ô ô ê�Ð�ï,è.Ô�ùòê�ìbî ì�Ð � ï æ Ð�ï,ê�ùòÐ�çbè�é�Ð�ê ô ï = � × µ�× #��
 çµí �[�é�è�ù*Ó�ó ï æ ùòÔ�øòÐ�Ð¢ó ï,èýÒbÐ5Ó ô ê�÷�Ð�êÀÒ�ð ô ë ô í?ï,è�ê¸è^ëµè�ê'ó�Ð�êþÍ�Ø¶� � ô øDó í?ùòê�ê�Ð�ø�ïþó ô ï ô ó;èýøòè�ï�Ð��|í�Ó ù*ó;Ðþï æ î Ôçbè�Ô�Ô'î Ò*î�Ó�î ï¯ð¢Ø

'5�1�q° ÛE�-¯Þà�ÛE�¢ßòär�ò��ä6� ¯?°�°±°?ä6�-¯?°ªÚú¯ÞßòÛlä6�Þà�ã[���ÑÛlÚ�ä ��ï,ê�è�øò÷�Ð�ê$óòî ô ÷�ø^è�Ô�ï�î�í?Ô�ëüè�ê & ô ø*ó ä í?è ö Ð ë�ê�è ö ï æ Ð�î ø�ï,Ð�ê ö Ð¢óòî ô ï,Ð��Ô'í ô Ó Ð ô ø*ó Ô öÀô Ó�Ó ��Ô'í ô Ó Ð£�
�� ô øDî Ô�è�ï,ê�è�ç*î Ð�Ô'Ø å_æ Ð0Ó è|í ô ï�î è�øýè^ë!ï æ Ð�çbÐ ô/	5ô ï#ÈâðÞ#�×�×ûî Ô�Ô�Ð�øòÔ'î ï�î ì�ÐQï,è & �Ô'î ø*í?Ð î ï ö Ð ô Ô�ùòê�Ð�Ôýóòî ê�Ð¢í?ï�Ó ð±ï æ Ð ô øò÷�ùDÓ ô ê¸Ô'î È�Ð�è^ë�ï æ Ð æ è�ê'î È�è�ø ô ï Ó ô Ô�ï¸Ô'í ô ï,ï,Ð�ê�î øò÷ � é æ î�í æ Ô'í ô Ó Ð�Ô ô ÔÈ�K & �[�YX ! ë�è�ê�è�çbÐ�ø ö è|ó;Ð¢Ó Ô'Ø å_æ Ð�í?ùòï,è Ésô ïÜÈÑð Í�×�×�×�í ô ùòÔ�Ð¢ó�Ò�ð Ó ô Ô�ï���Ô'í ô ï,ï,Ð�ê'î øò÷ Ô ö Ð ô ê'î ø^÷ ô Ó Ô�èö è'ì�Ð�Ô�ï,è æ î ÷ æ Ð�ê�È ë�è�ê¸Ó è'é & ³$î�ë & é$Ð�ê�Ð�Ô öÀô Ó�ÓbÐ�øòè�ù^÷ æ � ï æ Ð�Ô ö Ð ô ê'î øò÷ í?ù^ï,è É é�è�ù*Ó�óûÒbÐ.í ô ê�ê'î Ð¢ó.ï,èÓ ô ê�÷�ÐÞÈ � é æ Ð�ê�Ð}î ï�é�è�ù*Ó�óþÒ!Ð�î ø*í?è�øòÔ'î Ô�ï,Ð�ø�ï�éQî ï æ ï æ Ð ùòçòçbÐ�ê¸Ó�î ö î ï,ÔQï,è ô øDî Ô�è�ï,ê�è�ç*î Ð�ÔQè�ø Í�×/� ô ê�í ö î ø1ù^ï,ÐÔ'í ô Ó Ð�Ô'Ø
�;è�ê7� ô ï ö è|ó;Ð¢Ó Ô�é�î ï æ ä 9� × � ï æ Ð & ó�Ð�ç!Ð�øDó;Ð�ø*í?ÐQî Ô ö ù*í æ é$Ð ô/	 Ð�ê � é æ î�í æ î Ô�è�øòÐ�çbè�Ô�Ô�î Ò*Ó ÐTé ô ðè^ë_ó;Ð�ï,Ð¢í?ï�î øò÷ ä � Ô æ è�ù*Ó�ó è�ï æ Ð�ê ô ê�÷�ù ö Ð�ø�ï,ÔQë ô ì�è�ùòê & ç Í�Øå_æ î Ô�ï,Ð�øDó;Ð�ø*í?ð�ëüè�ê�è�çbÐ�ø ö èbó�Ð¢Ó Ô�ï,è�ì|î è^Ó ô ï,Ðõï æ Ð�ùòç^ç!Ð�ê�Ó�î ö î ï,ÔTï,è ô ê'í ö î ø�ùòï,Ð���Ô'í ô Ó Ð ô ø*î Ô�è�ï,ê�è�çDî Ð�Ôî Ô�î Ô ô Ó è�øò÷ ��Ô�ï ô ø*óòî ø^÷ çòê�è�ÒDÓ Ð ö � é æ î�í æ ô Ó�Ó è�é�Ð¢ó��*è�ø*ó£� õ ëüÔ�ï ô ï æ î è�ù²Ë,Í�Õ�Ö � ÎIï,è}ó;Ð¢ó�ù*í?ÐYï æ Ð¸ëüè^Ó�Ó è�é�î ø^÷Ó�î ö î ïTè�ø �M�� ù^ø*î ì�Ð�ê�Ô�Ð�ÔC�
& ñ ó × µ�Ì%� � * X É Ë,Ì $ #�Î

Ë,î ø ï æ Ð ô ÒòÔ�Ð�ø*í?ÐYè^ë�ê�Ð¢î è�øDî È ô ï�î è�ø � é�î ï æ5ô Ô�ç!Ð¢í?ï,ê�ù ö øòè�ê öÀô Ó�î È ô ï�î è�ø}ï æ*ô ï�é ô ÔQî ø*ó;Ð�çbÐ�ø*ó;Ð�ø�ï$è^ë & � ï æ ùòÔøòè�ï ô Ó�Ó è'é�î øò÷ ë�è�êTï æ ÐYç!è�Ô�Ô'î Ò*î�Ó�î ïúðûè^ëÑÒ*î ô Ô'Î,Ø
S �W»?¯ å_æ Ð�Ô�ï,ù*ó;ðõè^ë ô ø*î Ô�è�ï,ê�è�çDî Ð�Ô î ø�ï æ Ðo�Mã�²î Ôµçòê�Ð�Ô�Ð�ø1ï�Ó ðQè�øòÐ�è^ë¢ï æ Ð ö è�Ô�ïIÐ��|í�î ï�î øò÷õè�ÒòÔ�Ð�ê�ì ô ï�î è�ø ô Óô ê�Ð ô Ô�î ø í?è�Ô ö è^Ó è�÷�ð � ô Ô ô ç*Ó Ð�ï æ è�ê ô è^ë!Ð���ç!Ð�ê�î ö Ð�ø1ï,Ô öÀô çþè�ù^ïTï æ Ð ô øDî Ô�è�ï,ê�è�ç�ð Ô�çbÐ¢í?ï,ê�ù ö è'ì�Ð�ê ô é�î�ó;Ðê ô øò÷�ÐGè^ëÞÔ'í ô Ó Ð�Ô'Ø å_æ ÐYë ô í?ïIï æ*ô ï_ï æ Ð�Ô�Ðõó;Ð�ï,Ð¢í?ï�î è�øòÔ ô ê�Ð ô ïIï æ Ð ç ó Í�× ��� Ó Ð�ì�Ð¢Ó ö ô/	 Ð�Ô ô ø ô�ö ùòÔ�î øò÷Àí?è�ø1ï,ê ô Ô�ïé�î ï æ ï æ Ð�Ð ô ê'Ó ð ó ô ð�Ô�è^ë�ï æ Ð�Ô�ù^ÒQ��Ð¢í?ï � é æ Ð�øº�òùDí?ï,ù ô ï�î è�øòÔ�è^ë�è�ê�ó;Ð�êõÍ�×?� É é�Ð�ê�Ð�Ð���ç!Ð¢í?ï,Ð¢ó � Ò ô Ô�Ð¢óQè�øûï æ ÐÔ'î ö çDÓ�î Ô�ï�î�í�ë�è�ê ö ù*Ó ô Û �6� Q � � Ë,Í Q Ì�Î�� � Q � ô øDó0ÿ ö ùòÔ�ï öÀô/	 Ð�÷ ô Ó ô �|î Ð�ÔQÒ1ð ï � Ì%��Ø å èbó ô ð � é�Ð æ*ô ì�Ð ôö ù*í æ ö è�ê�ÐSÔ�è�ç æ î Ô�ï�î�í ô ï,Ð¢ó ô çòçòê�Ð¢í�î ô ï�î è�ø0è^ë1ï æ ÐSÔ�í ô Ó Ð�Ô$ï æ*ô ï ô ê�Ð ô í�í?Ð�Ô�Ô�î Ò*Ó Ð�ï,è�è�ÒòÔ�Ð�ê�ì ô ï�î è�ø � ç*Ó ùòÔ ö ù*í æî ö çòê�è�ì�Ð¢óþó ô ï ô è�ø.ï æ Ð¸î ø æ è ö è�÷�Ð�øòÐ¢î ï¯ð è^ëòï æ Ð0Ó èbí ô Ó7ù^ø*î ì�Ð�ê�Ô�Ð¢Øå_æ Ð��M¡i� õ ó;Ð�ï,Ð¢í?ï�î è�ø ô ø*óYÔ ö ô Ó�Ó Ð�êf��Ô'í ô Ó Ð ö Ð ô Ô�ùòê�Ð ö Ð�ø1ï,Ô ô ê�ÐSÐ�ø^è�ê ö è�ùòÔ'Ó ð Ð�ø*í?è�ù^ê ô ÷^î øò÷0î øDóòî�í ô �ï�î è�øòÔGè^ë�ï æ Ð�è�ì�Ð�ê ô Ó�Ó|í?è�ê�ê�Ð¢í?ï,øòÐ�Ô�ÔGè^ë�ï æ Ð ç*î�í?ï,ùòê�Ð�è^ë�Ô�ï,ê�ù*í?ï,ùòê�ÐQëüè�ê öÀô ï�î è�øûìbî ô ÷�ê ô ìbî ï ô ï�î è�ø ô Ó|î ø^Ô�ï ô Ò*î�Ó�î ïúð �Òòùòï ï æ Ð�ð Ó Ð ô ì�Ð}è�çbÐ�ø öÀô ø�ð çbè�Ô�Ô'î ÒDî�Ó�î ï�î Ð�Ô'Ø å_æ Ð�Ô�Ð é�î�Ó�ÓDÒbÐ5í?è�øòÔ�ï,ê ô î øòÐ¢ó Ò�ð5ï æ Ð î ø*ë�è�ê öÀô ï�î è�ø±é æ î�í æê�Ð�Ô'î�ó�Ð�Ôþî ø ï æ Ð�Èòñó Í�×�×ûçbÐ ô/	 Ô.î ø ï æ Ð ô ø*î Ô�è�ï,ê�è�ç�ð5Ô�ç!Ð¢í?ï,ê�ù ö Øò¹�ï�çòê�Ð�Ô�Ð�ø1ï � ô Ó�ÓDé$Ð�í ô ø±Ô ô ð î Ô�ï æ*ô ïï æ Ð�ê�Ð ô ê�Ð æ î ø�ï,ÔYè^ë ôûô í?è�ùòÔ�ï�î�í çbÐ ô/	 î ø ï æ Ð Ô�çbÐ¢í?ï,ê�ù ö ô ï#È ðö#�×�× ô øDó ô Ô æDô ê�ç²ë ô Ó�ÓÑÒ1ð®È�ðsÍ�×�×�×�Øõÿ�ëí?è�øòñòê ö Ð¢ó � ï æ Ð�Ô�Ð.ë ô í?ï,Ô�é�è�ù*Ó�ó öÀô/	 Ð.î ï�ì�Ð�ê�ð óòî ¼}í?ùDÓ ï�ï,èûÔ�ùòÔ�ï ô î ø�ï æ Ðûî�ó;Ð ô è^ë ô ø è�çbÐ�ø�ùòø*î ì�Ð�ê�Ô�Ð¢Ø
¹ Ôé�Ð Ô ô é Ð ô ê�Ó�î Ð�ê � ï æ Ð Ô�ù^ç!Ð�ê�øòè�ì ô Ðã²cùòÒòÒ*Ó Ð�óòî ô ÷�ê ô�ö Ô�ï,ê�è�øò÷^Ó ðaë ô ì�è�ù^ê�Ô ô Ó è�éM��ó�Ð�øòÔ'î ïúð5ùòø*î ì�Ð�ê�Ô�Ð � î�ëDé�Ðí?è�øòÔ'î�ó�Ð�êQè�øDÓ ð = � × ö è|ó;Ð¢Ó Ô'Ø��ýÐ ï æ Ð�ê�Ð¢ë�è�ê�Ð0øòÐ�Ð¢ó}ï,è±í?è�øòÔ'î�ó;Ð�ê ô Û Ô�ï ô ø*ó ô ê'ó ö èbó�Ð¢Ó �$î ø²é æ î�í æ ï æ ÐöÀô �lè�ê'î ïúðþè^ëbï æ Ð�Ð�ø^Ð�ê�÷�ð ó;Ð�øòÔ�î ïúð5î ÔÀî ø}ï æ Ð0ëüè�ê ö è^ë|ì ô í?ùòù ö Ð�øòÐ�ê�÷�ð[��Ð¢î ï æ Ð�ê ô í�Ó ô Ô�Ô'î�í ô Ó_í?è�Ô ö è^Ó è�÷^î�í ô Óí?è�øòÔ�ï ô ø�ï � è�ê Û ô�ù*î ø�ï,Ð�Ô�Ô�Ð�øDí?Ð�� � é æ Ð�ê�ÐYï æ ÐõÔ'í ô Ó ô ê�ñòÐ¢Ó�ó.í?è�ø�ï�î ø1ùòÐ�Ô�ï,è ê�è^Ó�Ó�Ø

�$Ð�ñòø*î ï�î ì�Ð ö Ð ô Ô�ùòê�Ð ö Ð�ø�ï,Ô�è^ëbï æ Ð��M�� �òù*í?ï,ù ô ï�î è�ø Ô�çbÐ¢í?ï,ê�ù ö é�î�Ó�Ó^ê�Ð´ô�ù*î ê�Ð ô øòÐ�é ÷�Ð�øòÐ�ê ô ï�î è�øè^ëbÐ���çbÐ�ê'î ö Ð�ø�ï,Ô � é æ î�í æ ô ê�Ð Ð���ç!Ð¢í?ï,Ð¢ó¸ï,è0ðbî Ð¢Ó�ó0ê�Ð�Ô�ù*Ó ï,Ô�î ø�ï æ Ð�ñòê�Ô�ïQó;Ð¢í ô ó�Ð�è^ëbï æ Ð�#�Í�Ô�ï �_Ð�ø�ï,ùòê�ð¢Ø
¹ Ôé�Ð¢Ó�Ó ô Ô ô í�í?ùòê ô ï,Ð Ó ô ê�÷�Ð���Ô'í ô Ó Ð öÀô çòçDî øò÷ � ï æ Ð�Ô�Ð�ç^ê�è�ÒbÐ�Ô�é�î�Ó�Ó ö Ð ô Ô�ù^ê�Ð�ï æ ÐQñòøòÐ���Ô�í ô Ó Ð ô øDî Ô�è�ï,ê�è�ç�ð ó;è'éTøï,èÉÈ\  Í�×�×�×�Ø
 Ð ô Ô�ùòê�Ð ö Ð�ø1ï,ÔTè^ë^ï æ Ð æ î ÷ æ Ð�ê æDô ê ö è�ø*î�í?Ô�è^ë^ï æ Ð ô í?è�ùòÔ�ï�î�íGè�Ô�í�î�Ó�Ó ô ï�î è�øòÔ�éQî�Ó�Ó�Ò!Ð Ô�Ð�øòÔ�î ï�î ì�Ðï,è ï æ ÐõñòøòÐ ó;Ð�ï ô î�Ó Ô è^ëÑï æ Ðõç æ ð�Ô'î�í ô ÓÄí?è�ø*ó^î ï�î è�øòÔ ô ï Ó ô Ô�ïSÔ'í ô ï,ï,Ð�ê�î øò÷g�µï æ Ð�Ô�Ð�é�î�Ó�Ó�Ð¢î ï æ Ð�ê�ê�ù*Ó ÐYè�ùòï ô Ó�Óòï æ ÐÔ�ï ô ø*ó ô ê'ó�ê ô øò÷�Ð�è^ë ö èbó�Ð¢Ó Ômþ�è�ê�ó;Ð�ï,Ð�ê ö î ø^ÐTï æ ÐSø ô ï,ùòê�Ð�è^ë|ó ô ê 	 öÀô ï,ï,Ð�ê ô ø*ó ö Ð ô Ô�ùòê�ÐTì�Ð�ê�ð ô í�í?ùòê ô ï,Ð¢Ó ð
#�Õ �



ï æ Ð öÀô î ø í?è�Ô ö è^Ó è�÷^î�í ô ÓTç ô ê ô�ö Ð�ï,Ð�ê�Ô � î�ëGï æ Ð�çòê�Ð�Ô�Ð�ø1ïýë�ê ô�ö Ð�é$è�ê 	 î Ô�í?è�ê�ê�Ð¢í?ï5Ë��*è�ø*ó �iõ ë�Ô�ï ô ï æ î è�ùö�å Ð�÷ öÀô ê 	 Í�Õ�Õ $ ³l÷ ô Ó�ó ô ê�ê'î ô ÷ ô � ��ç!Ð�ê�÷�Ð¢Ó[� �;Ð¢Ó � ô/	 Í�Õ�Õ $�Î,Ø
�_î ø ô Ó�Ó ð � ï æ Ð ó;Ð�Ð�çbÐ�Ô�ï ô ï,ï,ê ô í?ï�î è�ø è É Ð�ê�Ð¢ó�Ò�ð �M��sÔ�ï,ù*óòî Ð�Ôýî Ô¸ï æ Ðþçbè�Ô�Ô'î Ò*î�Ó�î ï¯ð è^ë�ï,Ð�Ô�ï�î øò÷ î ø^�

� ô ï�î è�ø*Ø¢�ýÐ æ*ô ì�Ð¸Ô�Ð�Ð�ø ï æ*ô ï�è�øòÐ�í æ*ô ê ô í?ï,Ð�ê'î Ô�ï�î�íQç^ê�Ð¢óòî�í?ï�î è�ø è^ë�î ø^� ô ï�î è�ø î Ô�ï æ Ð¸Ð��bî Ô�ï,Ð�øDí?Ð¸è^ëDï,Ð�øòÔ�è�êô ø*î Ô�è�ï,ê�è�ç*î Ð�Ô � ô øDó æ*ô ì�Ð�ó^î Ô'í?ùòÔ�Ô�Ð¢ó æ è'é±ï æ Ð�Ô�Ð ö ô ð î ø�çòê'î ø*í�î ç*Ó ÐGÒbÐõó;Ð�ï,Ð¢í?ï,Ð¢óYì|î ô ï æ Ð¢î ê�í?è�ø�ï,ê'î Òòù^ï�î è�øÀï,èï æ Ð��Mã� ô ø*î Ô�è�ï,ê�è�ç1ð}Ô�çbÐ¢í?ï,ê�ù ö � ô ø*ó ô Ó Ô�èûï æ ê�è�ùò÷ æ ï æ Ð çbè^Ó ô ê'î È ô ï�î è�øýè^ëÒ�Mã�¬�òù*í?ï,ù ô ï�î è�øòÔ�Ø åIæ Ð�Ô�Ðé�î�Ó�ÓÑÒbÐûí æ*ô Ó�Ó Ð�øò÷^î øò÷þè�ÒòÔ�Ð�ê�ì ô ï�î è�øòÔ � Ò^ùòï�è�ø^Ð�ÔYé æ è�Ô�Ð.î ö çbè�ê�ï ô ø*í?Ð.î ï�é�è�ù*Ó�ó0ÒbÐûóòî ¼�í?ù*Ó ï�ï,è0è'ì�Ð�ê�Ô�ï ô ï,Ð¢Øå_æ Ð�ó;Ð�ï,Ð¢í?ï�î è�ø}è^ë�ï æ ÐÀî ø^� ô ï�î è�ø ô ê�ð Ò ô í 	 ÷�ê�è�ùòø*óQè^ë�÷�ê ô ì|î ï ô ï�î è�ø ô Ó�é ô ì�Ð�ÔTé�è�ù*Ó�óQ÷^î ì�ÐYùòÔ�Ð���çbÐ�ê'î ö Ð�ø�ï ô ÓÐ�ì|î�ó;Ð�ø*í?Ð�è�ø�ï æ Ðõø ô ï,ùòê�Ðõè^ë!ç æ ð�Ô'î�í?Ô ô ï ô Ó ö è�Ô�ï ï æ Ð0Ï$Ó ô ø*í 	 Ð�øòÐ�ê�÷�ð¢Ø�ÿ¯ï�î Ô ô Ô�ï,è�ø*î Ô æ î øò÷ ï,è¸ê�Ð ô Ó�î È�ÐQï æ*ô ïï æ î Ô ö î ÷ æ ïGÒbÐ ô í�í?è ö çDÓ�î Ô æ Ð¢óQé�î ï æ î ø ô ö Ð�ê�ÐÀÍ�×�× ð�Ð ô ê�Ô�ëüê�è ö ï æ Ð ñòê�Ô�ï�óòî Ô�í?è�ì�Ð�ê�ð0è^ë�ï æ Ð�Ð���ç ô øòÔ'î è�øûè^ëï æ Ð�ùòøDî ì�Ð�ê�Ô�Ð¢Ø å_æ ÐQçòê�Ð�Ô�Ð�ø�ï î ÔYùòø*ó;è�ù^Òòï,Ð¢óòÓ ð ô ÷�è^Ó�ó;Ð�ø ô ÷�Ð}ë�è�ê í?è�Ô ö è^Ó è�÷�ð � Ò^ùòï�ç!Ð�ê æ*ô çòÔ�ï æ Ð ÒbÐ�Ô�ïÀî Ôð�Ð�ïSï,è�í?è ö Ð¢Ø
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Abstract
Gravitational waves, one of the more exotic predictions of Einstein's
General Theory of Relativity, may, after 80 years of controversy over
their existence, be detected within the next decade. Sources such as
coalescing compact binary systems, stellar collapses and pulsars are all
possible candidates for detection. The most promising design of
gravitational wave detector, offering the possibilit y of very high
sensiti vities over a wide range of frequency, uses test masses a long
distance apart and freely suspended as pendulums on earth or in drag
free craft in space; laser interferometry provides a means of sensing the
motion of the masses produced as they interact with a gravitational
wave. The main theme of this paper will be a review of the mechanical
and optical principles used in the various long baseline systems being
built around the world - LIGO (USA), VIRGO (Italy/France),
TAMA300 (Japan) and GEO600 (UK/Germany) - and in LISA, a
proposed space-borne interferometer.

1. INTRODUCTION

Gravitational Waves, predicted by General Relativity to result from the non-symmetrical acceleration
of mass, may be directly detected within the next decade. Construction of a worldwide system of the
largest optical interferometers ever to be built on earth (LIGO Project, USA [1], VIRGO Project,
Italy/France [2], GEO 600 Project, Germany/UK [3] and the TAMA 300 Project, Japan [4]) is
proceeding vigorously, and this detector array should have the capabilit y of detecting gravitational
wave signals from violent astrophysical events in the Universe.

Some early relativists were sceptical about the existence of gravitational waves however their
reality is no longer in doubt. Indeed the evolution of the orbit of the binary pulsar, PSR 1913 +16, can
only be explained if angular momentum and energy is carried away from this system by gravitational
waves [5], and the 1993 Nobel Prize in Physics was awarded to Hulse and Taylor for their
experimental observations and subsequent interpretations of this system [6,7].

Gravitational waves are produced when matter is accelerated in an asymmetrical way; but due to
the nature of the gravitational interaction, significant levels of radiation are produced only when very
large masses are accelerated in very strong gravitational fields. Such a situation cannot be found on
earth but is found in a variety of astrophysical systems.

Gravitational wave signals are expected over a wide range of frequencies; from ~10-17Hz in the
case of ripples in the cosmological background to ~103Hz from the formation of neutron stars in
supernova explosions.  The most predictable sources are binary star systems. However there are many
sources of much greater astrophysical interest associated with black hole interactions and
coalescences, neutron star coalescences, stellar collapses to neutron stars and black holes (supernova
explosions), pulsars, and the physics of the early Universe. For a full discussion of sources refer to the
material contained in reference [8].
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Why is there currently such interest worldwide in the detection of gravitational waves? Partly
because observation of the velocity and polarisation states of the signals will allow a direct
experimental check of the wave predictions of General Relativity; but more importantly because the
detection of the signals will allow access to an as yet untapped source of information about
astrophysical processes including these mentioned above. It is interesting to note that the gravitational
wave signal from a coalescing compact binary star system has a relatively simple form and the
distance to the source can be obtained from a combination of its signal strength and its evolution in
time; if the redshift at that distance is found, Hubble's Constant - the value for which has been a
source of li vely debate for many years - may then be determined with a high degree of accuracy [9].

2.  DETECTION  OF GRAVITATIONAL WAVES

Gravitational waves are most simply thought of as ripples in the curvature of space-time, their effect
being to change the separation of adjacent masses on earth or in space; this tidal effect is the basis of
all present detectors. The problem for the experimental physicist is that the predicted magnitudes of
the strains in space caused by gravitational waves are of the order of 10-21 or lower [6]. Indeed current
theoretical models suggest that in order to detect a few events per year – from coalescing Neutron star
binary systems for example – sensiti vity close to 10-22 is required. Signal strengths at the earth for a
number of sources are shown in Fig. 1.
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Fig. 1. Some possible sources for ground based and space-borne detectors

The small signal levels mean that limiting noise sources resulting from the thermal motion of
molecules in the detector (thermal noise), from seismic or other mechanical disturbances, and from
noise associated with the detector readout, whether electronic or optical, must be reduced to a very
low level. For signals above ~10Hz ground based experiments are possible, but for lower frequencies
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where local fluctuating gravitational gradients and seismic noise on earth become a problem, it is best
to consider developing detectors to be used in space [10].

2.1 Initial Detectors and their Development

The earliest experiments in the field were ground based and were carried out by Joseph Weber of the
University of Maryland about 30 years ago. Having looked for evidence of excitation of the normal
modes of the earth by very low frequency gravitational waves [11], Weber then moved on to look for
tidal strains in aluminium bars which were at room temperature and were well i solated from ground
vibrations and acoustic noise in the laboratory [12,13]. The bars were resonant at 1600Hz, a frequency
where the energy spectrum of the signals from collapsing stars was predicted to peak. Despite the fact
that Weber observed coincident excitations of his detectors placed up to 1000km apart, at a rate of
approximately one event per day, his results were not substantiated by similar experiments carried out
in several other laboratories in the USA, Germany, Britain and Russia. It seems unlikely that Weber
was observing gravitational wave signals because, although his detectors were very sensiti ve, being
able to detect strains of the order of 10-15 over milli second timescales, their sensiti vity was far away
from what was predicted to be required theoretically. Development of Weber bar type detectors has
continued with the emphasis being on cooling to reduce the noise levels, and currently systems at the
Universities of Rome [14], Louisiana [15] and Perth (Western Australia) [16] are achieving sensiti vity
levels better than 10-18 for milli second pulses. Bar detectors have a disadvantage, however, of being
sensiti ve only to signals that have significant spectral energy in a narrow band around their resonant
frequency.

2.2 Long Baseline Detectors on Earth

An alternative and very flexible design of gravitational wave detector offers the possibilit y of very
high sensiti vities over a wide range of frequency [1-4].

Fig.2  Schematic of gravitational wave detector using laser interferometry
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This uses test masses a long distance apart and freely suspended as pendulums to isolate against
seismic noise and reduce the effects of thermal noise; laser interferometry provides a means of sensing
the motion of the masses produced as they interact with a gravitational wave (Fig.2). This technique is
based on the Michelson interferometer and is particularly suited to the detection of gravitational
waves as they have a quadrupole nature. Waves propagating perpendicular to the plane of the
interferometer will result in one arm of the interferometer being increased in length while the other
arm is decreased and vice versa. This results in a small change in the interference pattern of the light
observed at the interferometer output. A typical design specification to allow a reasonable probabilit y
for detecting sources is to achieve a noise floor in strain smaller than 2 x 10-23/√Hz. The distance
between test masses possible on earth is limited to a few km by geographical and cost factors. If we
assume an arm length of 3km the above specification sets the requirement that the residual motion of
each test mass is smaller than 3 x 10-20 m/√Hz over the operating range of the detector, which may be
from ~10Hz to a few kHz, and requires that the optical detection system at the output of the
interferometer must be good enough to detect such small motions.

2.3 Noise Sources which limit the Sensitivity of Interferometric Gravitational Wave Detectors

Fundamentally it should be possible to build systems using laser interferometry to monitor strains in
space which are only limited by the Heisenberg Uncertainty Principle; however there are other
practical issues which must be taken into account. Fluctuating gravitational gradients pose one
limitation to the interferometer sensiti vity achievable at low frequencies and it is the level of noise
from this source which dictates that experiments to look for sub-Hz gravitational wave signals have to
be carried out in space [17,18]. In general for ground based detectors the most important limitations to
sensiti vity are a result of seismic and other ground-borne mechanical noise, thermal noise associated
with the test masses and their suspensions and shot noise in the photocurrent from the photodiode
which detects the interference pattern. The significance of each of these sources will be briefly
reviewed.

2.3.1 Seismic Noise

Seismic noise at a reasonably quiet site on the earth follows a spectrum in all three dimensions close
to 10-7/f2 mHz-1/2 and thus if the motion of each test mass has to be less than 3 x 10-20m/√Hz at a
frequency such as 30Hz then the level of seismic isolation required at 30Hz in the horizontal direction
is greater than 109. Since there is liable to be some coupling of vertical noise through to horizontal a
significant level of isolation has to be provided in the vertical direction also. Thus the suspension
systems for the test masses must be carefully designed to have this order of seismic isolation. Such
isolation can be provided in a relatively simple way; e.g. by suspending each test mass as the last stage
of a multiple pendulum system which itself is hung from a plate mounted on passive ‘rubber’ isolation
mounts or on an active (electro-mechanical) anti-vibration system. The multiple pendulum system also
has to be soft in the vertical direction to allow vertical isolation.

2.3.2 Thermal Noise

Of the many noise sources which may degrade the sensiti vity of ground based laser interferometric
gravitational wave detectors, thermal noise associated with the mirror masses and the last stage of
their suspensions is li kely to be the most significant at the lower end of the operating range of the
detector [19]. The operating range of the detector lies between the resonances of the test masses and
their pendulum suspensions, and thus it is the thermal noise in the tails of the resonant modes which is
important. In order to keep the off -resonance thermal noise as low as possible the mechanical loss
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factors of the material of the test masses and of the fibres or wires used to suspend the test masses
need to kept low. This is achieved if the mechanical quality factors of the masses and pendulum
resonances are as high as possible. Indeed, to achieve the level of sensiti vity discussed above the
quality factor of the test masses (~15-20kg) must be ~ 3 x 107 and the quality factor of the pendulum
resonances should be greater than 108.  Discussions relevant to this are given in [20]. These are very
high quality factors and they put significant constraints on the choice of material for the test masses
and the suspending fibres as well as demanding that very low loss jointing techniques of the fibres to
the masses be used.  One viable solution is to use fused sili ca masses hung by fused sili ca fibres
[21,22] although the use of other materials such as sapphire may be possible [23,20].

2.3.3 Photoelectron Shot Noise

As mentioned earlier it is very important that the system used for sensing the optical fringe movement
on the output of the interferometer can sense strains in space of 2 x 10-23/√Hz or differences in the
lengths of the two arms of less than 10-19m, a minute displacement compared to the wavelength of
light ~ 10-6m. The limitation is set by shot noise in the detected photocurrent and from consideration
of the number of photoelectrons measured in a time τ it can be shown that the detectable strain
sensiti vity depends on the level of laser power (I0) of wavelength λ used to ill uminate the
interferometer of arm length L, and on the time τ, such that:

Detectable strain in time τ     = 1/L [λhc/4π2 I0τ]  0.5

or Detectable strain/√Hz       = 1/L[λhc/2π2 I0]
0.5

where c is the velocity of light.

Thus achievement of the required strain sensiti vity level requires a laser, operating at a wavelength of
10-6 m, to provide 3 x 106 W power at the input to the interferometer.  This is a formidable
requirement.

However the situation can be helped greatly if a multipass arrangement is used in the arms of
the interferometer as this multiplies up the apparent movement by the number of bounces. The
multiple beams can either be separate as in an optical delay line, or may lie on top of each other as in a
Fabry-Perot resonant cavity as shown in Fig. 3.

            
a)                                                                b)

Fig.3. Michelson Interferometers with (a) delay lines and (b) Fabry-Perot cavities in the arms of the 
interferometer.

The number of bounces is set by the fact that the light should not stay in the arms longer than
the characteristic timescale of the signal - otherwise some cancellation of the detected signal may
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occur. Thus if signals of characteristic timescale 1msec are to be searched for the number of bounces
should not exceed 50 for an arm length of 3km. With 50 bounces the required laser power is reduced
to 1.2 x 103W, still a formidable requirement.

It can be shown that the optimum signal to noise ratio in a Michelson interferometer is obtained
when the arm lengths are such that the output light is very close to a minimum. (This is not intuiti vely
obvious and is discussed more fully in [24]). In this situation if the mirrors are of very low optical
loss, nearly all of the light, which is supplied to the interferometer, is reflected back towards the laser.
In other words the laser is not properly impedance matched to the interferometer. The impedance
matching can be improved by placing another mirror of carefully chosen transmission - a power
recycling mirror - between the laser and the interferometer so that a resonant cavity is formed between
this mirror and the rest of the interferometer and no light comes back towards the laser [25]. There is
then a power build up inside the interferometer, a build up which can be high enough to create the
required kilowatt of laser light at the beamsplitter from ~ 10W or so out of the laser. This level of
laser power is currently achievable from large single frequency Nd:YAG systems [26,27,28]. To
enhance the sensiti vity of the detector further and to allow some narrowing of the detection
bandwidth, which may be valuable in searches for continuous wave sources of gravitational radiation,
another technique known as signal recycling can be implemented [29,30,31]. This relies on the fact
that sidebands created on the light by gravitational wave signals interacting with the arms do not
interfere destructively and so do appear at the output of the interferometer. If a mirror of suitably
chosen reflectivity is put at the output of the system as shown in Fig 4, then the sidebands can be
recycled back into the interferometer where they resonate and hence the signal size over a given
bandwidth (set by the mirror reflectivity) is enhanced.

Power Recycling
Mirror

Signal Recycling
Mirror

               
Fig.4. The implementation of power and signal recycling on the interferometers in the previous figure.

2.4 Long Baseline Detectors under Construction

Prototype detectors using laser interferometry have been constructed by various research groups
around the world - at the Max-Planck-Institut für Quantenoptik in Garching [32], at the University of
Glasgow [33], at Cali fornia Institute of Technology [34], at the Massachusets Institute of Technology
[35], at the Institute of Space and Astronautical Science in Tokyo [36] and at the astronomical
observatory in Tokyo [37]. These detectors have arm lengths varying from 10m to 100m and have or
had either multibeam delay lines or resonant Fabry-Perot cavities in their arms. Several years ago the
sensiti vities of some of these detectors reached a level - better than 10-18 for milli second pulses -
where it was sensible to decide to build detectors of much longer baseline which should be capable of
reaching the performance required to have a real possibilit y of detecting gravitational waves. It should
be noted that in order to improve the confidence level of any detection and to obtain the location of
the source a number of interferometers are required worldwide.  Thus an international network of
gravitational wave detectors is now under construction.  The American LIGO project comprises the
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building of two detector systems with arms of 4km length, one in Hanford, Washington State, and one
in Livingston, Louisiana. The vacuum system, laser and input optics and first suspension system for
the detector in Hanford are now installed and the vacuum system is in place in Louisiana. The
French/Italian VIRGO detector of 3km arm length at Cascina near Pisa is at the stage where the
central buildings are close to completion and vacuum tanks to house the interferometry are being
installed. It should be noted that this detector which uses five-stage multi -pendulum systems for the
suspension of its test masses is specially designed to be able to operate down to approximately 10Hz.
The TAMA 300 detector, which has arms of length 300m, is at a relatively advanced stage of
construction at the Tokyo Astronomical Observatory. This detector is being built mainly underground;
the vacuum system is complete and initial operation with light in the arms has started. All the systems
mentioned above are designed to use resonant cavities in the arms of the detectors, use standard wire
sling techniques for suspending the test masses, and are to be ill uminated by infra-red light from a
Nd:YAG laser.

Fig. 5. A bird’s eye view of the GEO 600 detector, sited in Ruthe near Hannover in Germany

The German/Briti sh project - GEO 600 - for a 600m detector near Hanover is somewhat different. It
makes use of a four pass delay line system with advanced optical signal enhancement techniques,
utili ses very low loss fused sili ca suspensions for the test masses, and should have a sensiti vity at
frequencies above a few hundred Hz comparable to the first phases of VIRGO and LIGO when they
are in operation at the beginning of next century. Illumination is again to be by infra-red light,
provided by a 10W single frequency YAG laser. Construction is advancing well with the necessary
buildings and vacuum pipes for the arms being in place. Installation of the suspensions for the optical
elements is now beginning. A birds-eye view of the site showing the central building and the
directions of the two arms is shown in Fig. 5.

This detector is based on the fundamental research carried out over many years at the Max-Planck-
Institut für Quantenoptik, Garching, the University of Glasgow, the University of Wales, Cardiff , and
more recently the University of Hanover and the Albert Einstein Institut, Potsdam. In two years time
initial operation of the detector is expected to commence and during the following years we can

Fig. 5 A birds eye view of the GEO 600 detector, sited in Ruthe, near Hannover in Germany
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expect some very interesting coincidence searches for gravitational waves, at a sensiti vity level of
approximately 10-21 for pulses of several milli seconds duration.

2.5 Longer Baseline Detectors in Space

Searches for gravitational wave sources at low frequency have been underway for a number of years
using their possible effect on the phase of the radio signals from the milli second pulsars PSR 1937+21
and PSR 1855+09 [38] and their possible effect on the Doppler shift of radar signals transponded back
from space craft such as Ulysses [39]. The former experiment, sensiti ve to signals of frequency of the
order of one cycle per year and lower, has been used to set a limit on the gravitational wave
background in this frequency regime corresponding to an energy density per logarithmic frequency
interval of less than 6 x 10-8 of the closure density of the Universe. The latter experiments have
searched for continuous wave signals in the mHz region and have set a limit of approximately 3 x 10-15

for such signals. However perhaps the most interesting sources of gravitational waves - those resulting
from black hole formation and coalescence - lie in the region of 10-4 Hz to 10-1Hz and a detector
whose strain sensiti vity is approximately 10-23 over relevant timescales is required to search for these.
The most promising way of looking for such signals is to fly a laser interferometer in space i.e. to
launch a number of drag free space craft into orbit and to compare the distances between test masses
in these craft along arms making significant angles with each other using laser interferometry. Two
such experiments have been proposed. The first, LISA [8] is being proposed by an
American/European team; it consists of an array of 3 drag free spacecraft at the vertices of an
equilateral triangle of length of side 5 x 106km, and this cluster is placed in an Earth-li ke orbit at a
distance of 1 AU from the Sun, and 20 degrees behind the Earth. Proof masses inside the spacecraft
(two in each spacecraft) form the end points of three separate but not independent interferometers.
Each single two-arm Michelson type interferometer is formed from a vertex (actually consisting of the
proof masses in a 'central' spacecraft), and the masses in two remote spacecraft as indicated in Fig. 6.

Mercury

Venus

Sun

Earth

60º

20º1 
AU

Relative
  Orbit of
Spacecraft

5 × 10 6   km

Fig.6 The proposed LISA detector

The three-interferometer configuration provides redundancy against component failure, gives better
detection probabilit y, and allows the determination of polarisation of the incoming radiation. The
spacecraft in which they are accommodated shields each pair of proof masses from external
disturbances (e.g. solar radiation pressure). Drag free control servos enable the spacecraft to follow
the proof masses to a high level of precision, the drag compensation being effected using proportional
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electric thrusters. Illumination of the interferometers is by highly stabili sed laser light from Nd:YAG
lasers at a wavelength of 1.064 microns. For each interferometer - consisting of a central spacecraft
and two distant spacecraft - the two lasers in the central spacecraft are phase locked together so they
effectively behave as a single laser. The lasers in the end spacecraft are phase locked to the incoming
light, and thus act as ampli fying mirrors.

LISA, in a slightly earlier form with six spacecraft, two at each vertex, was adopted by ESA as a
Cornerstone project in their post Horizon 2000 programme. However the timescale of this programme
is somewhat long and following suggestions from the LISA Team group at JILA the lower cost three
spacecraft version has recently been studied at JPL and could allow the possibilit y of an earlier launch
as a NASA led or ESA led collaborative medium scale mission.

The second experiment, OMEGA [40], calls for three craft to be placed in a geocentric orbit,
the arm length in this case being 109m and this is currently being proposed to NASA as a MIDEX
mission.

3. CONCLUSION

A large amount of effort worldwide is now being invested in the development of both ground and
spaced based searches for gravitational radiation and we are entering a new era where the signals from
neutron star and black hole interactions will widen our understanding of the Universe. Beyond this,
however, there is the very exciting prospect that gravitational wave astronomy will be li ke radio
astronomy and X-ray astronomy and will allow the discovery of very active sources currently
unknown to us.
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Abstract
Experimental techniques used in high energy physics experiments are
described. Emphasis has been placed on the techniques to be used in the
pp experiments at the Large Hadron Collider. The physics underlying
the working of some key detectors is outlined. Factors determining the
measurement accuracy attainable with these detectors are discussed. The
reasoning behind the designs of the ATLAS and CMS experiments is
discussed.

1. INTRODUCTION

The aim of Particle Physics is to answer the two following questions: What are the fundamental
constituents of matter? What are the fundamental forces that control their behaviour at the most
basic level? Experimentally this involves study of hard particle interactions, determining the
identity of the resulting particles and measuring their momenta with as high a precision as
possible. Some thirty years ago a single detection device, the bubble chamber, was sufficient to
reconstruct the full event information. At the current high centre of mass energies no single
detector can accomplish this even though the number of particles whose identity and momenta
can be usefully determined is limited [electrons, muons, photons, jets, b-jets, taus and missing
transverse energy Et(ν)]. This leads to a familiar onion-like structure of present day high energy
physics experiments. Each layer is specialized to measure and identify different classes of
particles.

Starting from the interaction vertex the momenta of charged particles is determined in the
inner tracker which is usually immersed in a solenoidal magnetic field. Identification of b-jets can
be accomplished by placing high spatial resolution detectors such as silicon pixel or microstrip
detectors close to the interaction point. Following the tracking detectors are calorimeters which
measure the energies and identify electrons, photons, single hadrons or jets of hadrons. Only
muons and neutrinos penetrate through the calorimeters. The muons are identified and measured
in the outermost sub-detector, the muon system which is usually immersed in a magnetic field.
The presence of neutrinos is deduced from the apparent imbalance of transverse momentum or
energy.

These lectures rely heavily on previous literature [1-9]. The emphasis is placed on their use
at the future Large Hadron Collider. Hence illustrative examples from ATLAS and CMS are used.
These examples are described in detail in Technical Design Reports of various sub-detectors
[10,11]. Examples will also be taken from some of the many other experiments, planned or
ongoing, using novel techniques.

2. INTERACTION WITH MATTER

2.1 Energy Loss by Charged Particles

Moderately relativistic charged particles, other than electrons, lose energy in matter through the
Coulomb interaction with the atomic electrons. The energy transferred to the electrons causes
them either to be ejected from the parent atom (ionisation) or to be excited to a higher level
(excitation). The energy loss is given by the Bethe-Bloch equation :
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where E is the kinetic energy of the incident particle with velocity β and charge Zi, I (≈ 10×Z eV)
is the mean ionization potential in a medium with atomic number Z. The notable features of this
formula are:

• 1/me ⇒  energy is lost essentially to electrons

• 1/β2 ⇒  slower particles lose more energy. The slower particles have a longer time in the
vicinity of atomic electrons during which to interact.

• at low β the increase in energy loss does not continue down to β =0. In a head-on collision
the electron can acquire an energy 2mv2. If this is insufficient to excite electrons to higher states
then the particle cannot lose energy. If I≈2mv2 then the 1st term → 0.

• energy loss is ∝  Zi
2

• the energy loss minimum occurs at βγ ≈ 4 (said to be minimum ionizing particles or mips)

• relativistic rise – the relativistic expansion of the electric field means that for relativistic
particles interaction with electrons further and further away is possible. The relativistic rise does
not continue forever as the polarization of the medium starts screening electrons in the more
distant atoms.

A very useful quantity is areal density measured in units of g.cm-
2. The energy loss of relativistic

particles of unit electric charge per unit areal density is found to be roughly the same in all
materials with

1
1 5 2 2ρ

dE

dx

MeV

g cm
  .     

.
≈ − −

where ρ is the density of the medium. The energy loss rate in liquid hydrogen, gaseous helium,
carbon, aluminium, tin and lead is shown in Fig. 1 [4]. It can be seen that the above
approximation is valid for all solids.

Figure 1: Energy loss rate in liquid hydrogen, gaseous helium, carbon, aluminium, tin and lead.
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2.2 Energy Loss by Electrons

Above about 1 GeV radiative processes dominate energy loss by electrons and photons. In the
intense electric field of nuclei relativistic electrons radiate photons (bremsstrahlung), and photons
can be converted into electron-positron pairs (pair creation).

In dealing with electrons and photons at high energies striking blocks of material (e.g.
calorimeters) it is convenient to measure the depth and radial extent of the resulting cascades in
terms of radiation length (X0) and Moliére radius (RM).

Consider the process of bremstrahlung. A free electron cannot radiate a photon. However a
charged particle emits radiation when it is subjected to acceleration or deceleration. For a given
force the acceleration/deceleration is greater the lighter the particle. The Feynman diagram for the
bremstrahlung process is shown in Figure 2. The cross section for the process comprises the
coupling constant at the three vertices and the propagator term (∝  1/m2)

e–

e–α

Z √α

γ

γ

J_V_257

α

Figure 2: The Feynman diagram for bremstrahlung

σ α
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m ce

2 3
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We are interested in dσ/dν where ν is the energy of the emitted photon. We can make a guess for
the expression using dimensional arguments:
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Turning this to energy loss per unit distance traversed by the electrons gives
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where νmax = kinetic energy of electron, νmin ≈ 0 and n is no. of nuclei/unit volume. A numerical
factor [4 ln(183/Z1/3)] has to be added describing the effect of the possible range of impact
parameters of the electron. At large impact parameters the protons are shielded by atomic
electrons. Hence
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The radiation length is defined to be the distance over which the electron loses, on average, all but
1/e of its energy i.e. X0 =1/B i.e.
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Infact for Pb, Z = 82, n = 3.3.1028 nuclei/m3, X0 ≈ 5.3 mm which is close to the PDG [4] value of

5.6 mm. The radiation length can be approximated as X
A

Z
g cm0 2

2180
    .≈ −  where A is the mass

number

Figure 3: The photon total cross-sections as a function of energy in carbon and lead.

2.3 Energy Loss by Photons

Photons lose energy through photoelectric effect and Compton scattering at low energies and by
pair production at relativistic energies. The cross-section for photoelectric effect is given by
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γ γpe
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with a strong dependence on Z. The cross-section for Compton scattering has been calculated by
Klein and Nishina :

σ σ σγ

γ
C C

atom
C

E

E
per electron and Z per atom  

ln
             ≈ =

If the energy of the photon is >> mec
2 then the dominant energy loss mechanism is pair

production and its probability can be deduced, as done in Equation (1) for bremstrahlung. It is
given by:
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The probability of a pair conversion in 1 X0 is e-7/9. Since the photon disappears on producing a
pair a mean free path length can be defined as

L Xpair    = 9
7 0  independent of energy.

The photon total cross-sections as a function of energy in carbon and lead are shown in
Figure 3 [4] which shows the above mentioned dependences.

2.3.1 Critical Energy and Moliére Radius

The critical energy, ε, is defined to be the energy at which the energy loss due to ionisation (at its
minimum i.e. at β ≈ 0.96) and radiation are equal (over many trials) i.e.
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which simplifies to

⇒ ≈        ( )ε 560
Z

MeV

The Moliére radius gives the average lateral deflection of critical energy electrons after traversal
of 1 X0 and is parameterized as:

R
X A

Z
g cmM

MeV       .= ≈ −21 70 2

ε

Table 1: Physical properties of some materials used in calorimeters.

Z ρ
g.cm-3

I/Z

eV

(1/ρ)dT/dx

MeV/g.cm-3

ε
MeV

X0

cm

λ int

cm

C 6 2.2 12.3 1.85 103 ≈ 19 38.1

Al 13 2.7 12.3 1.63 47 8.9 39.4

Fe 26 7.87 10.7 1.49 24 1.76 16.8

Cu 29 8.96 1.40 ≈ 20 1.43 15.1

W 74 19.3 1.14 ≈ 8.1 0.35 9.6

Pb 82 11.35 10.0 1.14 6.9 0.56 17.1

U 92 18.7 9.56 1.10 6.2 0.32 10.5

2.4 Hadronic Interactions

A high energy hadron striking an absorber interacts with nuclei resulting in multi-particle
production consisting of secondary hadrons (e.g. π±, π0, K etc.). A simple model treats the nucleus,
mass number A, as a black disc with radius R. Then
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In dealing with hadrons it is convenient to measure the depth and radial extent of the resulting
cascades in terms of interaction length (λ int) which is defined as

λ
σint

int

/    = ∝A

N
A

A

1 3

The values of the above mentioned parameters for various materials are listed in Table. 1.

3. EXPERIMENTAL MEASUREMENTS: MEASUREMENT OF MOMENTUM

Consider the motion of a charged particle in a uniform solenoidal magnetic field (Fig.4). The
radius of curvature, r, is given by:

r
p

B
T  

.
=

0 3

where r is measured in m, B  is the magnetic field strength measured in T and pT is the momentum
perpendicular to B and measured in GeV/c.
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Figure 4: The trajectory of a charged particles in a magnetic field.

The angle θ is given by

sin   
θ
2 2

= L
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If r >> L then
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Therefore the sagitta, s, is given by
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As an example s ≈ 3.75 cm for pT=1 GeV/c, L=1m and B=1T. Suppose the sagitta is measured
using points A, B and C. Then
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assuming is the independent single point errorσ

σ σ σ σ σ

where σs is the error on the sagitta. The relative momentum resolution can now be estimated as:
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Hence the momentum resolution will degrade linearly with increasing pT but will improve for
higher field and larger radial size of the tracking cavity. The latter improvement is quadratic in L!
The next question that can be asked is the arrangement of N measuring points. Uniform spacing
is best for minimizing the effect of multiple scattering (see 3.1.2) and the resolution is given by

dp

p

p

BL N
T

T

x T  
.

 =
+

σ
0 3

720
42

For example, dpT/pT ≈ 0.5% for pT = 1 GeV/c, L = 1m, B = 1T, σx = 200 µm and N=10. For the
best  momentum resolution N/2 points should be grouped at the centre and N/4 points at the two
ends of the track. Then

dp

p

p

BL N
T

T

x T  
.

 = σ
0 3

256
2

leading to an improvement in the momentum resolution by a factor of 0.6.

However in a real tracker the errors due to multiple scattering need to be included.

3.1 Multiple Scattering

The electric field close to an atomic nucleus may give a large acceleration to a charged particle.
This will result in a change of direction for a heavy charged particle (m>me). For small particle-
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nucleus impact parameters a single large angle scatter is possible. This is described by Rutherford
scattering and the angle θ is given by

d

d

σ
θΩ

  
sin /

∝ 1
24

Larger impact parameters are more probable and the scattering angle will be smaller as the
nuclear charge is partly screened by the atomic electrons. Hence in a relatively thick material
there will be a large number of random and small deflections. This is described by multiple
Coulomb scattering. The relative probability of scattering as a function of scattering angle is
illustrated in Fig. 5.
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Figure 5: The relative probability of scattering as a Figure 6: The estimated momentumresolution
function of scattering angle. In CMS as a function of pt at various η.

The r.m.s. of the scattering angle is given by

θ
β0

0

13 6
  

.
  ≈ MeV

pc
Z

L

Xinc

where L is the thickness of the material in the tracker and X0 is the radiation length of the material,
Both are measured in m. The apparent sagitta due to multiple scattering is given by

s
L

ms   = θ0

4 3

If the extrapolation error from one measuring plane to the next is larger than the point resolution,
i.e. θ0∆r > σx, then the momentum resolution will be degraded. The relative momentum resolution
due to multiple scattering is then given by

s

s

dp

p B LX
s

BL

p
ms

ms

    .   sin  
.= ≈ =0 05

1 0 3
80

2

ce                        (3)

Hence the relative momentum resolution is independent of p and is proportional to 1/B. For
example dp/p ≈ 0.5% for argon gas with L=1m and B=1T. The estimated momentum resolution
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in CMS is illustrated in Fig. 6. The momentum resolution is independent of momentum in the
range where the multiple scattering error dominates (up to ≈ 20 GeV/c). The resolution, ∆p/p,
above 20 GeV/c is proportional to p.

4 MEASUREMENT OF ENERGY

Neutral and charged particles incident on a block of material deposit their energy through
creation and destruction processes. The deposited energy is rendered measurable by ionisation or
excitation of the atoms of matter in the active medium. The active medium can be the block itself
(totally active or homogeneous calorimeter) or a sandwich of dense absorber and light active
planes (sampling calorimeter). The measurable signal is usually linearly proportional to the
incident energy.

An example of the phenomena (bremstrahlung and pair production) involved in electromagnetic
showers is illustrated in Fig. 7 in which a 50 GeV electron is incident on the BEBC Ne/H2

(70%/30%) bubble chamber in a 3 T magnetic field.

e–

50 GeV/c

Depth (m)

1.0 2.0 3.0

JV
_2

56

Figure 7: An example of a 50 GeV electron shower in a Ne/H2 (70%/30) filled BEBC bubble chamber. The
radiation length is ≈ 34 cm.

4.1 The Electromagnetic Cascade

4.1.1 Longitudinal Development of the Electromagnetic Cascade

A high energy electron or photon incident on a thick absorber initiates a cascade of secondary
electrons and photons via bremsstrahlung and pair production as illustrated in Fig. 8. With
increasing depth the number of secondary particles increases while their mean energy decreases.
The multiplication continues until the energies fall below the critical energy, ε. Ionization and
excitation rather than generation of more shower particles dominate further dissipation of energy.
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Figure 8: Schematic development of an electromagnetic shower.

Consider a simplified model of development of an electromagnetic shower initiated by an electron
or a photon of an energy E. A universal description, independent of material, can be obtained if
the development is described in terms of scaled variables

t
x

X
and y

E
         = =

0 ε

Since in 1 X0 an electron loses about 2/3rd of its energy and a high energy photon has a
probability of 7/9 of pair conversion, we can naively take 1 X0 as a generation length. In each
generation the number of particles increases by a factor of 2. After t generations the energy and
number of particles is

e t
E

and n tt
t( )       ( )   = =

2
2

  respectively.

At shower maximum where e ≈ ε, the no. of particles is

n t
E

y t
E

y( )           ln   lnmax max= = = =
ε ε

and

Critical energy electrons do not travel far (≤ 1X0). After the shower maximum the remaining
energy of the cascade is carried forward by photons giving the typical exponential falloff of
energy deposition caused by the attenuation of photons. Longitudinal development of 10 GeV
showers in Al, Fe and Pb is shown in Fig. 9 [12]. It can be noted that the shower maximum is
deeper for higher Z materials because multiplication continues down to lower energies. The
slower decay beyond the maximum is due to the lower energies at which electrons can still radiate.
Both of the above effects are due to lower ε for higher Z materials.

The mean longitudinal profile of energy deposition is given by:

dE

dt
Eb

bt e

a

a bt

= ( )
( )

− −1

Γ

The maximum of the shower occurs at tmax = (a-1)/b. Fits to tmax give
tmax = ln y – 0.5 for electron-induced cascades and
tmax = ln y + 0.5 for photon-induced cascades.

The coefficient a can be found using tmax and assuming b≈0.5. The photon induced showers are
longer since the energy deposition only starts after the first pair conversion has taken place. The
mean free path length for pair conversion of a high energy photon is Xγ = (9/7) X0.
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Figure 9: Simulation of longitudinal development of 10 GeV electron showers in Al, Fe and Pb.
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Figure 10: Lateral profile of energy deposition by 50 GeV electrons showers in PbWO4 at various depths.

4.1.2 Lateral Development of the Electromagnetic Cascade

The lateral spread of an e.m. shower is determined by multiple scattering of electrons away from
the shower axis. Also responsible are low energy photons which deposit their energy a long way
away from their point of emission, especially when emitted from electrons that already travel at
large angles with respect to the shower axis. The e.m. shower begins, and persists, with a narrow
core of high energy cascade particles, surrounded by a halo of soft particles which scatter
increasingly as the shower depth increases. This is shown in Fig. 10 for 50 GeV electrons incident
on lead tungstate [13]. In different materials the lateral extent of e.m. showers scales fairly
accurately with the Moliére radius. An infinite cylinder with a radius of ≈ 1 RM contains ≈ 90% of
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the shower energy. For lead tungstate, and a depth of 26 X0, the amount of energy contained in a
cylinder of a given radius is shown in Fig. 11. The fact that e.m. showers are very narrow at the
start can be used to distinguish single photons from pizeros (see Section 6.6.2).
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Figure 11: The percentage of energy contained in a cylinder of lead tungstate of different radii.

4.2 The Hadronic Cascade

4.2.1 The Longitudinal Development of the Hadronic Cascade

A situation analagous to that for e.m. showers exists for hadronic showers. The interaction
responsible for shower development is the strong interaction rather than electromagnetic. The
interaction of the incoming hadron with absorber nuclei leads to multiparticle production. The
secondary hadrons in turn interact with further nuclei leading to a growth in the number of
particles in the cascade. Nuclei may breakup leading to spallation products. The cascade contains
two distinct components namely the electromagnetic one (π0s etc.) and the hadronic one ( π±, n,
etc) one. This is illustrated in Fig. 12.

The multiplication continues until pion production threshold is reached. The average number, n,
of secondary hadrons produced in nuclear interactions is given by n α ln E and grows
logarithmically. The secondaries are produced with a limited transverse momentum of the order
of 300 MeV.
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E.M.
COMPONENT

e+

e+

λ
n

n π-

π-

π0

JV215.c

HADRONIC
COMPONENT

Figure 12: Schematic of development of hadronic showers.

It is convenient to describe the average hadronic shower development using scaled variables
ν = x/λ   and   Eth ≈ 2mπ = 0.28 GeV

where λ is the nuclear interaction length and is the scale appropriate for longitudinal and lateral
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development of hadronic showers. The generation length can be taken to be λ. Note
λ ≈ 35 A1/3 g.cm-2. Furthermore, if it is assumed that <n> secondaries/primary are produced for
each generation and that the cascade continues until no more pions can be produced. Then in
generation ν

e
E

n

e E E
E

n

n
E

E
E E n

th th

th
th

( )   

         

          ln / ln

max

max

max

max

ν

ν

ν

ν

ν

ν

=

( ) = ∴ =

= ⇒ = ( )

The number of independent particles in the hadronic cascades compared to electromagnetic ones
is smaller by Eth/ε and hence the intrinsic energy resolution will be worse at least by a factor
√( Eth/ε) ≈  6. The average longitudinal energy deposition profiles are characterised by a sharp
peak near the first interaction point (from π0s) followed by a exponential fall-off with scale λ.
This is illustrated in Fig. 13. The maximum occurs at tmax ≈ 0.2 lnE + 0.7 (E in GeV).
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Figure 13: longitudinal profile of energy deposition for pion showers of different energies.

A parameterisation for the depth required for almost full containment (95%) is given by L0.95(λ) ≈
tmax + 2λatt where λ att ≈ λ E0.13. Fig. 13 shows that over 9λ are required to contain almost all the
energy of high energy hadrons. However there is a considerable variation from one hadronic
shower to another as illustrated in Fig. 14 [13]. The peaks arise from energy deposited locally by
π0s produced in the interactions of charged hadrons. These interactions take place at differing
depths from shower to shower. The energy carried by π0s also varies considerably from shower to
shower.

4.2.2 The Lateral Development of the Hadronic Cascade

The secondary hadrons are produced typically with <pt> ≈ 300 MeV. This is comparable to the
energy lost in 1λ in most materials. At shower maximum, where the mean energy of the particles
is  Eth ≈ 280 MeV, the radial extent will have a characteristic scale of Rπ ≈ λ. High energy hadronic
showers show a pronounced core, caused by the π0 component with a characteristic transverse
scale of RM, surrounded by an exponentially decreasing halo with scale λ. This is illustrated in
Figure 12 for a lead/scintillating fibre calorimeter [14].
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270 GeV Incident Pions in Copper
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Figure 14: A simulation of the development of four representative pion showers in a block of copper.
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5. ENERGY RESOLUTION

The energy resolution of calorimeters is usually parameterised as :

σ
E

a

E

b

E
c      = ⊗ ⊗

where the r.h.s. is the square root of the quadratic sum of the three terms.

The first term, with coefficient a, is the stochastic or sampling term and accounts for the statistical
fluctuation in the number of primary and independent signal generating processes, or any further
process that limits this number. An example of the latter is the conversion of light into photo-
electrons by a photo-device.

The second term, with coefficient b, is the noise term and includes:
- the energy equivalent of the electronics noise and
- the fluctuation in energy carried by particles, other than the one(s) of interest, entering the
measurement area. This is usually labeled pileup.

The last term, with coefficient c, is the constant term and accounts for:
- imperfect quality of construction of the calorimeter
- non-uniformity of signal generation and/or collection
- cell-to-cell inter-calibration error
- the fluctuation in the amount of energy leakage from the front or the rear (though somewhat
increasing with energy) the volume used for the measurement of energy,
- the contribution from the fluctuation in the e.m. component in hadronic showers.

The tolerable size of the three terms depends on the energy range involved in the experiment. The
above parametrisation allows the identification of the causes of resolution degradation. The
quadratic summation implies that the three types of contributions are independent which may not
always be the case.

5.1 Intrinsic Electromagnetic Energy Resolution

It is instructive to look at homogeneous calorimeters in which all the energy is deposited in the
active medium. If the shower is fully contained then the intrinsic energy resolution is determined
by the fluctuation in the number, n, of ions or photons produced. If W is the mean energy
required to produce an electron-ion pair (or a photon) then n = E/W, and

σ
E

n

n

W

E
    = =

However the fluctuation is smaller as the total energy deposited (= incident energy) does not
fluctuate. The improvement in resolution is characterised by the Fano factor, F, as

σ
E

F
W

E

FW

E
    = × =

F is dependent on the nature of processes that lead to energy transfer in the detector including
ones that do not lead to ionisation e.g. phonon excitations.

Consider calorimeters used for the spectroscopy of low energy (≈MeV) gamma rays. The two
commonly used detectors are inorganic scintillators (e.g. NaI) and semiconductor detectors
(e.g. Ge). The energy resolution of the Ge detector is superior and is measured to be σ  ≈ 180 eV
for photons carrying 100 keV. The above formula  gives σ = √(FEW) ≈ 195 eV where FGe=0.13
and W=2.96 eV. It should be noted that without the Fano factor σ ≈ 540 eV!
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Other phenomena may limit the number of signal generating events. Lead glass shower detectors
are based on the detection of Cerenkov light, produced by the electrons and positrons with kinetic
energies greater than ~ 0.7 MeV. This means that at most 1000 / 0.7 ~ 1400 independent particles,
per GeV of deposited energy, produce Cerenkov light. The resolution is then dominated by the
fluctuation in this number and thus cannot be better than (σ/E)n ≥ 3% / √E. This is further limited
by photo-electron statistics as only about 1000 photo-electrons are generated when using
photomultipliers to detect the scintillation light. This leads to an additional loss of resolution given
by (σ/E)pe ≈ 3% / √E.

5.2 Energy Resolution of Sampling Electromagnetic Calorimeters

When the very best energy resolution is not required, sampling calorimeters are employed. The
shower energy is measured in active layers, often of low Z, sandwiched in between passive
absorber layers of high Z materials. Only a fraction of the shower energy is dissipated in the
active medium and the energy resolution is dominated by the fluctuation in this fraction. If the
energy loss in an active layer is much smaller than that in the absorber layer then the number of
independent charged particles crossing an active layer can be approximated by n=E/∆Eabs where
∆Eabs is the energy lost by a minimum ionizing particle (m.i.p.) in the absorber layer.

Now ∆Eabs = tabs × (dE/dx) where tab is measured in units of X0. Hence

σ
E

n

n

t

E
abs    = ∝

For a fixed thickness of an active layer the energy resolution improves with decreasing absorber
thickness. The above formula is not valid if the crossings between consecutive active layers are
correlated, i.e. when tabs is small. A generally valid formula is:

σ s
samp cell

f

E E
f E samp  

%
  

.= −( ) −( )5
1

0 5 1∆

where ∆Ecell is the energy deposited in a unit sampling cell i.e. 1 active and 1 absorber layer. fsamp

is labeled the sampling fraction and is the fraction of the total energy that is deposited in the
active medium. As fsamp → 1, σs = ‘a’ → 0 (usually a ≠ 0 due to imperfections in calorimeter
systems) and as fsamp → 0, σs  ∝   √∆Ecell  ∝   √∆Eabs

The sampling fraction can be calculated as follows. If d is the thickness of active layer then

f f
d

dE

dx
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fmip ≈ 2/(12.75+2) ≈ 13.5% for a sampling calorimeter with 1cm Pb and 1cm scintillator plates
 The fractional energy resolution as a function of √(d/fsamp) is shown in Figure 16  [5]. Clearly the
energy resolution of gas calorimeters will be poor as the sampling fraction tends to be very low.

5.3 Energy Resolution of Hadronic Calorimeters

Hadronic calorimeters, because of the large depth required (≈10λ), are by necessity sampling
calorimeters. The response of a sampling electromagnetic calorimeter can be expressed as

E e Evis    =

where E, Evis are incident and visible energies respectively and e = fsamp, the electromagnetic
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sampling fraction. Similarly the response of a hadronic sampling calorimeter is

E e E E n E N Evis em ch n nucl            = + + +π

where Eem, Ech, En, Enucl are respectively the energy deposited by electromagnetic component,
charged hadrons, low energy  neutrons and energy lost in breaking up nuclei. Each component
has its own sampling fraction. N is normally very small but Enucl can be large e.g. it is ≈ 40% in Pb
calorimeters. Hence the ratio of the response to electromagnetic and hadronic showers i.e. e/h is
usually > 1 and the hadronic calorimeter is said to be non-compensating.

In hadronic calorimeters the fluctuation in the visible energy has two sources :
• sampling fluctuations as in the e.m. case which can be reduced by finer sampling and
• intrinsic fluctuation in the shower components (δEem, δEch etc.) from shower to shower as seen

in Fig. 14.
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Figure 16: The fractional energy resolution of some calorimeters as a function of √(d/fsamp)

Therefore the stochastic term is given by
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where c is the constant term which depends on e/h and vanishes for a compensating calorimeter.

5.3.1 The Intrinsic Hadronic Energy Resolution

There is a considerable event-to-event fluctuation in the e.m. component (F0) of hadronic
showers. A large event-to-event fluctuation in the neutral fraction is evident. Although at relatively
low energy most of the e.m. component is produced in the first interaction, there is a rise in the
fraction as the energy of the incident hadron increases, and hadrons further down the cascade
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have enough energy to produce neutral pions. This can be seen in Fig. 17 [15] which shows the
result of a simulation of pions of 20 GeV and 200 GeV incident on lead.

It usually turns out that the response to electrons and photons i.e. the e.m. component (labeled e)
differs from that due to charged hadrons i.e. the non-e.m. component (labeled h). If E is the
incident energy the response to electrons (Ee) and charged pions (Eπ) can be written as :

Ee = e E, Eπ = [ e F0 + h (1 – F0) ] E    leading to

e e h

e h F Fπ
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Figure 17: Distribution of e.m. energy fraction for charged pions incident on lead.

If e/h = 1 the calorimeter is said to be compensating.

Consider dEπ = [ (e  - h ) dF0 ] E. Then

dE

E

dF e h

e h F F
  

 /   

/   
=

( ) −
( ) + −( )[ ]

0

0 0

1

1

Hence the fractional error depends on e/h, F0 and dF0. If e/h=1 then there is no contribution due to
the fluctuation dF0. For example:

dF

F

df

f f n
0

0

0

0 0

1
   ~  =

i.e. for a 200 GeV hadron, <n> ≈ 9, dF0 ≈ 0.6 ⇒  (dE/E)comp ≈ 3.5%.

dE

E E
and as E n E

comp

 ~  
ln

     sin  ln
1

0→ → ∞ ∝ce

This aspect is illustrated by calorimeters using quartz fibres as active media. Charged particles
traversing the fibres generate Cerenkov light which is guided to photomultipliers by the fibres
themselves. Such a technique is employed by CMS for calorimetry in the very forward region (3
< |η | < 5) [11: Hadron Calorimeter TDR]. The aim is to measure the energies of, and tag, high
energy jets from the WW fusion process. The signal in the calorimeter arises predominantly from
the electromagnetic component as charged hadrons have a very high Cerenkov threshold when
compared to that of electrons.  Hence e/h is very large and the energy resolution at high energies
will be dominated by the fluctuation in F0. The resolution should improve as 1/lnE  rather than as
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1/√E as illustrated in Fig. 18 which shows the measured energy resolution of the CMS
copper/quartz fibre calorimeter. Also shown is the resolution after subtraction of the contribution
from photostatistics. It should be noted that the photostatistics contribution is sizeable as only
about 1 photoelectron per GeV is generated.
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Figure 18: The measured pion energy resolution of a copper/quartz fibres calorimeter.

If |e/h| ≥ 10% the performance of the calorimeter is compromised because of the fluctuation in
the π0 content of the cascades. This leads to:
• a non-Gaussian measured energy distribution for mono-energetic hadrons,
• an e/π ratio that is different from unity and that varies with energy,
• a non-linear response in energy to hadrons,
• an additional contribution to the relative energy resolution (σ/E),
• a σ/e that does not improve as 1/√E.
These effects have been observed and are detailed in reference [12].

5.3.2 Compensation

The degree of compensation is expressed by the energy independent ratio e/h. The e/h ratio
cannot be measured directly but can be inferred from the energy dependent e/π signal ratios. Two
relations between the signal ratio e/π(E) and e/h given by Groom [15] and Wigmans [16] are:

e e h

e h F
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or F E R Wigmans

π
  

/
 /

    / .     .     

    .  ln           .  

.

=
+ −( )

= − ( )
=

−

1 1

1 0 76

0 11

0

0
0 13

0

It is instructive to see how the energy is dissipated by a hadron in a Pb absorber. The breakdown
of the dissipated energy is as follows:

• 42% in breaking up nuclei and not rendered measurable (invisible)

• 43%  by charged particles

• 12% by neutrons with kinetic energy ~ 1 MeV

• 3% by photons with an energy ~ 1 MeV.

The sizeable amount of invisible energy loss means that hadronic calorimeters tend to be under-
compensating (e/h > 1).

Compensation can be achieved in three ways;
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• boost the non-e.m. response using depleted uranium,

• suppress e.m. response

• boost the detectable response to low energy neutrons.

The ZEUS Collaboration [17] have found that achieving compensation for U/scintillator and
Pb/scintillator calorimeters requires absorber/scintillator plate thickness ratios given by 1:1 and 4:1
respectively. They also used a technique of interleaved calorimeters to determine the intrinsic
energy resolution of U and Pb calorimeters. This is accomplished by reading out odd and even
scintillator layers separately. The results are as follows:

hadrons Pb σsamp = 41.2±0.9%/√E σintr = 13.4±4.7%/√E

U σsamp = 31.1±0.9%/√E σintr = 20.4±2.4%/√E

electrons Pb σsamp = 23.5±0.5%/√E σintr = 0.3±5.1%/√E

U σsamp = 16.5±0.5%/√E σintr = 2.2±4.8%/√E

The intrinsic fluctuations in a compensating Pb calorimeter are smaller than those for a U one.
However the sampling has to be much coarser for Pb calorimeter leading to a much poorer e.m.
energy resolution. ZEUS therefore chose U as the absorber material. It can also be seen that for
compensating Pb and U calorimeters the energy resolution is dominated by sampling fluctuations
and is given by

σ samp
cellE MeV

E GeV
  

. % ( )

( )
=

11 5 ∆

The sampling fluctuations for hadrons are larger than those for e.m. showers by a factor of 2.
From the above it is evident that very good e.m. energy resolution is incompatible with e/h=1.

5.4 Jet Energy Resolution

Hadronic calorimeters are primarily used to measure the energies of jets and hence the most
important quantities that characterize them are:

• jet energy resolution and energy linearity,
• missing transverse energy resolution.

In hadron-collider experiments the energy of jets is often estimated by adding the energy
contained in  a cone, with half angle ∆R, where ∆R = √(∆η2+∆φ2) in pseudorapidity (η) and φ
space, and whose axis is centred on a seed cell with an energy above a pre-defined threshold.
The jet energy resolution is limited by effects from:

• algorithms used to define jets (energy is dependent on cone radius, lateral segmentation of
cells etc.),

• the fluctuation in the particle content of jets due to differing fragmentation from one  jet to
another,

• the fluctuation in the underlying event,
• the fluctuation in energy pileup in high luminosity hadron colliders  
• magnetic field.

A figure of merit of a hadron calorimeter is di-jet mass resolution. For the purposes of measuring
the jet energy resolution low pt di-jets (50 <pt<60 GeV), high pt di-jets (500 <pt<600 GeV) and
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high mass di-jets (3 < mZ’<4 TeV) at the LHC can be used [18]. The mass resolution for the three
categories v/s cone size, ∆R, is shown in Fig. 19a for a perfect calorimeter with no underlying
event. The mass resolution improves with increasing cone size. However when running at high
luminosity there are ≈ 30 minimum bias events which accompany the event of interest. The
fractional mass resolution as a function of cone size is plotted in Fig. 19b. Also plotted is the case
when energy is etsimated using only the towers above a certain energy threshold (low pt events –
Et>0.3 GeV, others Et > 1 GeV).
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Figure 19: The fractional jet-jet mass resolution as function of cone radius a) perfect calorimeter, b) with 30
minimum bias events overlapped with the event of interest.

From the above it can be seen that in hadronic colliders the uncertainties caused by jet
fragmentation (fluctuation of energy inside a pre-defined cone size) and underlying event are
very significant in comparison with instrumental effects such as energy resolution, magnetic
field, threshold ET etc.). Hence the mass resolution finally depends on the physics itself. At high
luminosities the resolution is degraded if the cone-size is too small (some signal energy is
excluded) or if the cone size is too large (significant pileup energy is included). In order to
obtain the best mass resolution the cone size has to be optimised for each process and
instantaneous luminosity.

The mass resolution due to the angular error, dθ, in defining the jet axis is given by:

dM

M

p

M
dT= θ

Only highly boosted and low mass di-jets (e.g. boosted Zs from H→ZZ) will have a significant
contribution from the angular error. This is illustrated in Fig. 20 [18].
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Figure 20: The fractional jet-jet mass resolution as Figure 21: The difference in the time of flight as a

a function of the tower size. Function of time for different pairs of particles.

In experiments at e+e- machines the jet energy resolution can be improved by using the centre of
mass energy to constrain the energies of jets if the jet directions are measured relatively precisely.

6 IDENTIFICATION OF PARTICLES

6.1 Identification of Particles using Time of Flight

At low momenta the difference in the time taken by different particles to traverse a certain
distance can be used to distinguish between them. For a particle, with momentum p and mass m1,
the time taken to traverse a distance L is

t
L

c1
1

  =
β

Hence the difference in the time of flight for two particles with masses m1 and m2 is

∆t
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The difference ∆t is illustrated in Fig. 21 for different pairs of particles as a function of
momentum and for a path length of 1m. Plastic scintillators have usually been used to measure
the time to a precision of about 300 ps. This enables π/K separation up to ≈ 1 GeV. ALICE [19],
the heavy ion experiment on the LHC, will use parallel plate chambers which give a timing
precision of ≈ 100 ps enabling π/K separation up to ≈ 2GeV/c.

6.2 Identification of Particles using Specific Energy Loss

The energy loss of charged particles traversing a medium is given by Equation 1. The ‘truncated’
mean energy loss, measured in the OPAL jet-chamber [20], for different species of particles is
shown in Fig. 22. The gas used is 80%/20% Ar/CH4 at NTP. A large number of samples is used
with each sample corresponding to a path-length of ≈ 1 cm. The energy loss measured in each
sample has a considerable fluctuation as can be seen from the distribution for minimum ionising
pions (400 MeV/c <p < 800 MeV/c) shown in Fig. 23. The distribution is known after Landau
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who first calculated it. There is a long tail to the distribution and OPAL reject 30% highest charge
samples when determining the mean energy loss per track.

6

8

10

12

14

16

18

10
-1

1 10 10
2

p (GeV/c)

dE
/d

x 
(k

eV
/c

m
)

dE/dx-resolution:
(159 samples)

µ-pairs: 2.8 %
min. ion. π: 3.2 %

p

K

π

µ

e
µ-pairs

 

0

10000

20000

30000

40000

50000

60000

70000

80000

90000

0 5 10 15 20 25 30 35 40 45 50

dE/dx (keV/cm)

Landau distribution of
minimum ionising pions

p = 400 - 800 MeV/c
(dE/dx)mp = 6.8 keV/cm

most probable dE/dx

→  30% of highest charge
truncated

Figure 22: The truncated mean energy loss as a function Figure 23: The energy loss distribution for minimum
of momentum for different species of particles. ionising pions.

The difference in the energy loss at a given momentum by various particles can be used to
distinguish between them. Since

p m
dE

dx
          ln( )= ∝βγ

β
β γand

1
2

2 2

a simultaneous measurement of p and dE/dx will yield the mass of the particle. The average
energy loss for an electron, muon, pion, kaon and proton in 80%/20% Ar/CH4 gas mixture at NTP
is shown in Fig. 22. It can be seen that separation of 10 Gev/c pions and kaons, at 2σ level,
requires a σ(dE/dx) of ≈ 3%. The separation power in OPAL is summarized in Fig. 24.
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6.3 Identification of Particles using Cherenkov Radiation

Cherenkov radiation is emitted when a charged particle traverses a dielectric medium, with a
refractive index n, at a velocity which is higher than the velocity of light in that medium i.e. if

v
c

n
or

nparticle thr           > > =β β 1

At each point of emission‘Huygen’s wavelets’ are generated which add constructively along a
cone with half-angle given by the Cherenkov angle (see Fig. 25). The outer surface of the cone
constitutes a wavefront. The process is similar to the generation of a sonic shock wave by
supersonic aircraft.

θ
light = (c/n)∆t

part = βc∆t

Wave front

θc

J_V_282

Figure 25: The construction of the Cherenkov light wave-front and the formation of a ring image.

The Cherenkov angle is given by
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with the characteristic 1/λ2 dependence. The energy loss through Cherenkov radiation is small
(≈1%) when compared with that due to ionization. Values of the above parameters for a few
radiators are given in Table. 2.
The number of photoelectrons (pe) detected in a photo-device is given by

N L E E E dEpe col C    ( )  ( )  sin ( )  det= ∫370 2ε ε θ

where L is the path length in the radiator, ecol is the efficiency for collecting the Cv light, edet is
the quantum efficiency of photo-conversion of the photodevice. Typically for a photomultiplier,
with sensitivity in the range 350-550 nm, Nγ ≈ 450 sin2θC cm-1.
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Table 2: Parameters for some selected Cherenkov radiators.

Medium n-1 θmax πthr(p) GeV/c Nγ (eV-1cm-1)

Air 1.000283 1.36° 5.9 0.21

Isobutane 1.00217 3.77° 2.12 0.94

Aerogel 1.0065 6,51° 1.23 4.7

Aerogel 1.055 18.6° 0.42 37.1

Water 1.33 41.2° 0.16 160.8

Quartz 1.46 46.7° 0.13 196.4

Two types of Cherenkov detectors are used for particle identification. Threshold Cherenkov
detectors use the existence of a threshold for radiation to make a simple yes/no decision based on
whether a particle is above/below a threshold velocity (β=1/n). Ring-Imaging Cherenkov (RICH)
detectors can use the dependence of the Cherenkov cone half-angle on the velocity to test a given
hypothesis for the mass of the particle with known momentum.

6.3.1 Threshold Cherenkov Detectors

The number of photons emitted depends on the velocity of the particle and is given by

N
n n

m

pCγ θ
β

  sin     ∝ = − = − +
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1

An example of the use of threshold Cherenkov counters comes from BaBar experiment at SLAC
[21]. Two aerogel radiators are used: A1 with n=1.055 and A2 with n=1.0065 leading to the
following conditions (Fig. 26) :

p > 0.4 GeV/c, π in A1 give light,

p > 1.2 GeV/c, π in A1 and A2 give light,

p > 1.4 GeV/c, K in A1 give light,

p > 4.2 GeV/c, K in A1and A2 give light.

Hence π/k separation can be obtained in the range below 4.2 GeV/c which is adequate for the
study of CP violation in BaBar.

6.3.2 Ring Imaging Cherenkov (RICH) Detectors

RICH detectors determine the identity of particles by measuring the Cherenkov angle, θC, once the
momentum has been measured precisely. The principle of operation is illustrated in Fig. 27 [22].
All photons, emitted at the same angle, are focused by a spherical mirror, placed at radius RM from
the point of origin of the particle, to a spherical detecting plane at a radius 0.5 RM. The detecting
plane will see a ring of photon impacts whose radius can be measured once the centre is known
from the tracking system. In realistic detectors this simple concept is modified by magnetic field
effects and the requirement of placing the detectors outside the path of the particles.
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Figure 26: The pion and kaon thresholds for the two Figure 27: The principle of operation of ring-
aerogel radiators used in BaBar. imaging Cherenkov detectors.

The angle θC is given by:
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The error in the measurement of the angle is minimized by minimizing the error on the
localization of a photo-conversion, σθ, and maximizing the number of photo-electrons, Npe. Two
particles with masses m1 and m2 can be distinguished by nσ up to a momentum p given by
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As an example π/K can be separated up to 75 GeV/c at a 3σ level for N= 20 pe, σθ =1 mrad and
θ=31 mrad (CF4).

The LHCb experiment [23] will use two RICH detectors to provide π/K separation in the
momentum range from 1 to ≈ 100 GeV/c. The first RICH detector (Fig. 28) is a combined gas
(C4F10)-aerogel device and the second one is a gas device. The Cherenkov light will be detected by
recently developed hybrid photo-detectors (HPD), sensitive to visible and near-UV light using
small silicon-pad pixels to give unambiguous 2-D space points. The response for many triggers is
shown in Fig. 29: there are ≈ 4 photoelectrons/event on the air ring (HPD1) and ≈ 1
photoelectron/event on the aerogel ring (HPD2-7).
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Figure 28: A combined gas(C4F10)/aerogel RICH Figure 29: The Cherenkov light is detected by
HPDs.device for LHCb. The response for many triggers is shown.

6.4 Identification of Electrons using Transition Radiation Detectors

The existence of transition radiation was predicted by Ginzburg and Franck in 1946. Transition
radiation is emitted when a charged particle moves from a medium of refractive index n1 to a
medium of a different index n2. This may be thought of as an apparent acceleration. The changes
in the medium are achieved by using thin foils of material like polyethelene and air.
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If the momentum is precisely measured (i.e. ∆p/p is small) then the mass resolution at high
momenta is α γ. The radiated energy/boundary to vacuum is given by:
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where 20 eV for polyethelene) is the plasma frequency

The X-rays of transition radiation are emitted at a small angle w.r.t. the charged track (θ=1/γ).
The energy of the photons and the number of photons per boundary are given by

  
E and N

W
ph p ph
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3

1
137

h
h

 Hence many transitions are needed. The detector therefore consists of a stack of many thin foils
with a high Z detecting gas for effective photo-conversion of X-rays. The particle must traverse a
minimum thickness to efficiently emit transition radiation, This is ≈ 20 µm for polyethelene.
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6.4.1 ATLAS Transition Radiation Tracker

The ATLAS TRT [10. Inner Tracking TDR] comprises straw tube proportional chambers
embedded in polyethylene fibres (see Fig. 30). Standard radiators for TR are made out of 15-20
µm thick polypropylene foils with a regular 200-300 µm spacing. Such regular radiators provide
the highest radiation yield because the thickness and spacing can be optimised for each detector
concerned. The ATLAS geometry however does not allow use of foil radiators. Foam radiators
made out of polyethylene have been found to be the best but not as good as foil radiators as the
variation of wall thickness and spacing are large. Furthermore it was found that properly oriented
polyethylene fibres are almost as performant.

The gas in the straw tubes has to be an efficient X-ray absorber and hence dense gases such
as Xe are employed. In order to attain high rate capability the gas has to be fast and ATLAS use
CF4. In order to ensure stable operation at high gains a quenching gas such as CO2 is needed. The
gas chosen by ATLAS has the following composition: 70%:20%:10%/ Xe:CF4:CO2.

The probability to observe in a single straw an energy deposit from 200 GeV electrons
above a given threshold is shown in Fig. 31 as a function of the this threshold for a variety of
radiators (and no radiator). The best radiators are those yielding the highest probability/straw for
an energy threshold of ≈ 6-7 keV. The probability to exceed such a threshold is a factor 3-4
higher with than without a radiator.  The difference between the probability for electrons and
pions to deposit large amounts of energy in straws is shown in Fig. 32. In ATLAS the average
number of TR hits (signaled by large energy deposits) for 30 GeV electrons is ≈ 6 per track
compared with ≈1 for pions of the same energy.

  
Figure 30: The detail of the polyethelene fibre radiator. Figure 31: The probability of 200 GeV electrons to

exceed a given threshold with and without radiators.
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Figure 32: The difference between the distribution of energy deposits in the ATLAS TRT for 20 GeV pions and
30 GeV electrons showing clearly the onset of transition radiation for electrons.

6.5 Identification of b-jets

There are two methods for tagging b-jets. Charged leptons with relatively high momentum and a
large momentum transverse to the jet axis arise mainly from semi-leptonic decays of b-hadrons.
Hadronic decays of b-quarks can be enriched by taking advantage of the relatively long (≈ 1.5
ps) lifetimes of bottom hadrons. The long lifetime leads to secondary vertices which are separated
from the primary vertex. Hence one looks for:

• relatively high transverse momentum electrons or muons within a jet arising from the semi-
leptonic decay of a b-quark.

• one or more charged tracks within a jet with a significant impact parameter (defined to be the
distance of closest approach of the track from the primary vertex)

• a secondary vertex consistent with the flight path of a B-meson (see Fig. 33).

The latter two methods require measuring layers close to the interaction vertex. Both CMS and
ATLAS have several layers of pixel detectors. The precision with which the impact parameter can
be measured is determined by:

• the closeness of the first measuring layer from the interaction vertex,

• the number of measurements close to the interaction vertex,

• the spatial resolution of the measured points and

• the amount of material in these layers leading the degradation in the significance of impact
parameter due to multiple scattering.

Some of these points are illustrated in Fig. 34 that presents the results of a simulation of the CMS
inner tracker. The points plotted are for two different radii of the first pixel layer (4 cm or 7.7
cm), differing number of tracks with different significance of the impact parameter. The estimated
impact parameter resolution for 10 GeV tracks in CMS is around 15 (>20) µm for the first pixel
layer at 4 (7.7) cm.
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Figure 33: A DELPHI (LEP) event with two Figure 34: Tagging efficiency for b-jets and mistagging
reconstructed B-hadron vertices. probability in CMS for various conditions.

6.6 Particle Identification Using Calorimeters

Below we consider some ways in which calorimeters can be used to identify isolated electrons and
photons from hadrons and jets.

6.6.1 Isolated electromagnetic shower-jet separation

The largest source of electromagnetic showers is from the fragments of jets, especially π0s. A
leading π0 taking most of the jet energy can fake an isolated photon. There are large uncertainties
in jet production and fragmentation. Furthermore the ratio of production of di-jets to irreducible
di-photon background is ≈ 2.106 and γ-jet/irreducible γγ is ≈ 800. Hence a rejection of ≈ 5000
against jets is needed. A certain rejection factor (≈ 20) can be obtained by simply asking for e.m.
showers with a transverse energy greater than some threshold with the energy measured in a small
region.

Jets can be distinguished from single electromagnetic showers by
• demanding an energy smaller than some threshold in the hadronic compartment behind the

electromagnetic one
• using isolation cuts
• demanding a lateral profile of energy deposition in the ECAL consistent with that from an

electromagnetic shower.

Using these criteria ATLAS [10: LAr TDR] estimates that the rejection factor against jets can be ≈
1500 for a photon efficiency of 90%. This is illustrated in Fig. 35 where the effect of various cuts
is shown: a) the energy (ET

had) in the hadron calorimeter compartment behind the e.m. one of size
∆η×∆φ=0.2x0.2 should be less than 0.5 GeV, b) e.m. isolation (Risol)– more than 90% of the
energy is contained in the central 3×5 e.m. cells compared with that in central 7×7 e.m. cells, c)
lateral shower profile (Rlateral)– look for an e.m. core such that the central 4 towers contain more
than 65% of the shower energy, d) shower width  in η (ση). The distribution for jets is shown as
dashed histogram whereas the full histograms depict single photons.
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Figure 35: The distributions used to cut against jets. Solid histogram is for photons and the dashed one for jets.
See text for explanation.

6.6.2 Photon – π0 separation

 After the application of the above criteria only jets resulting in leading π0s can fake genuine
single photons. Further rejection can only be achieved by the recognition of two e.m. showers
close to each other. CMS [11: ECAL TDR] uses the fine lateral granularity (≈2.2cm×2.2cm) of
their crystals and a neural network algorithm that compares the energy deposited in each of the 9
crystals in a 3×3 crystal array with that expected from a single photon. Variables are constructed
from the 9 energies, x and y position of impact and a pair measuring the shower width. The
fraction of π0s rejected is shown in Figure 36.

The narrowness of the e.m. shower in the early part can be used to reject events consisting of two
close-by e.m. showers. Planes of fine pitch orthogonal strips after a pre-shower, placed at a depth
of ≈ 2.5 X0, can also be used to distinguish π0s from single photons. Results using 2mm pitch
strips are shown in Fig. 36.
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Figure 36: lhs) Fraction of pizeros rejected using lateral shape of energy deposit as a function of pT rhs)
Variation of pizero rejection as a function of η using two planes of orthogonally oriented 2mm pitch Si strips

after 2 and 3 X0.

6.6.3 Electron-hadron Separation

A high energy pion faking an electron leads to the contamination of signals using prompt
electrons.  At LHC in order to bring down the rate of fake electrons from this source to a factor ≈
10 below that from the genuine sources (e.g. b –> e X, W –> eν etc.) an e-π separation of ≥ 1000
is required for pT ≥ 10 GeV/c.

The electron–hadron separation is usually based on the difference in the longitudinal and lateral
development of showers intiated by electrons and charged hadrons. One or more of the following
can be used to achieve the desired pion rejection power when detecting electrons :

• a preshower detector between  ≈ 1.5 - 4 Xo
• lateral segmentation
• longitudinal segmentation including a hadron calorimeter
• energy - momentum matching

The ultimate rejection power is limited by the charge exchange process or the first hadronic
�interaction, which results in one or several π0s taking most of the energy of the incoming hadron.
The shower from such hadrons then looks like an e.m. shower. Therefore sampling of showers
early in their longitudinal development is important.

The separation power for single particle, using (i - iii)  is shown in Fig. 37 [24]. The structure of
the calorimeter consisted of :

• towers of a lateral size of ~11 x 11cm (effective Xo ≈ 8mm),
• 8-fold longitudinal segmentation, the first four samplings (2mm U / 2.5 mm TMP) with

thickness of 3, 6, 10, 7 Xo leading to a total of 1λ, the next two ( 5mm U/  2.5mm TMP) each with
thickness of 0.7 λ and the last two (5cm Fe/ 1cm scintillator) each with thickness of 2.5 λ.

• a position detector placed at a depth of 3 Xo. The rejection power, as a function of energy,
using (ii), (iii) and (iv) individually and then all combined is shown.
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Figure 37: The probability that a single pion is taken to be an electron using a) longitudinal profile only,
b) preshower detector only, c)lateral profile only and d) all three combined.

6.7 Identification of Muons

Muons are identified by their penetration power through the material of calorimeters which
absorb the electrons, photons and hadrons. The depth required to absorb the hadrons is shown in
Fig. 38 for pions of various energies. It can be seen that about two metres equivalent of iron is
needed to absorb most of the energy of the hadrons. This corresponds to over 10λ of material.
Insufficient depth of material can allow debris from hadronic showers to emerge and hence cause
false identification of a hadron as a muon. The added confusion can also lead to difficulty in
matching muon-tracks in jets and increase in trigger rate. Two scenarios are illustrated in Fig. 39.
The study was carried out in H2 beamline at CERN using a 3T magnet followed by slabs of
magnetized iron. A calorimeter is installed inside the magnet. One shows a hadron starting a
shower late and contaminating the first muon station and the second with a secondary muon
penetrating the muon system.

The identification and the measurement of the momentum of muons is accomplished by tracking
in magnetic field. Two configurations are possible, tracking in air-filled magnetic field or in
magnetized iron.

Extra material is usually required when muons are tracked through an air-filled field in order to
decrease hadronic punchthough from the calorimeters. However the magnetic field can help by
sweeping the soft debris that may‘punch-through’.

Muons of energies above a few hundred GeV generate their own background when traversing
magnetized iron. The critical energy of muons in iron is 350 GeV and hard bremstrahlung
(sometimes labeled catastrophic energy loss) can spoil muon tracking. A simulation of a  1 TeV
muon traversing iron is shown in Fig 40. When tracking in iron several muon stations are required
separated by a sufficient thickness of iron so as to kill the e.m. shower before the following station
is reached.
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Figure 38: The punchthrough probability as a function of thickness of iron.

.

Figure 39: Two examples of punchthrough-one leading to confusion in the muon station and the other leading to
a secondary muon.



35

Figure 40:The simulation of a 22 GeV electromagnetic shower generated by a photon radiated by a 1 TeV muon.

7 THE EXPERIMENTAL CHALLENGE AT THE LHC

In the search for high-mass objects and rare signatures, high √s and high luminosity are required.
The main LHC machine parameters (proton-proton mode) are a centre of mass energy of √s=14
TeV, design luminosity of L=1034 cm-2 s-1 and a bunch crossing interval of 25 ns. The large
proton-proton inelastic cross-section (≈70 mb) leads to some 109 interactions/sec. These
parameters lead to formidable experimental challenge [6].

The event selection (trigger) must reduce the billion interactions/s to ≈ 100 events/s for storage.
The short bunch-crossing period has implications for the design of the readout and trigger
systems. It is clearly not feasible to make a trigger decision in the time between bunch crossings,
yet new events occur every crossing and a trigger decision has to be made for every crossing. This
requires relatively complicated pipelined trigger processing and readout, where many bunch
crossings are processed concurrently by a chain of processing elements. The 1st Level trigger
decision takes ≈ 3 µs so the data must be stored in pipelines for ≈ 3 µs.

At design luminosity a mean of ≈ 20 minimum bias events will be superposed on the event of
interest. Around 1000 charged tracks emerge from the interaction region every 25 ns. Thus, the
products of an interaction under study may be confused with those from other interactions in the
same bunch crossing. This problem, known as pileup, clearly becomes more severe if detectors
with a response time longer than 25 ns are used. The affect of pileup can be reduced by using
highly granular detectors with good time resolution, giving low occupancy (fraction of detector
elements that contain information) at the expense of having large numbers of detector channels.

The high particle fluxes emanating from the interaction region lead to high radiation levels
requiring radiation hard detectors and front-end electronics.

LHC detectors are therefore not just larger versions of the previous generation of HEP detectors.
Many years of R&D have been needed to develop detectors and electronics that could survive the
harsh environment of LHC.

8 THE PROTON-PROTON EXPERIMENTS AT THE LHC

The p-p General Purpose Detectors (GPDs) at the LHC follow closely the onion-like structure
discussed in the introduction. The single most important aspect of the overall detector design is
the magnetic field configuration for the measurement of muon momenta. The choice strongly
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influences the rest of the detector design. The two basic configurations are solenoidal and
toroidal. The closed configuration of a toroid does not provide magnetic field for inner tracking.
Since a detector without magnetic inner tracking cannot adequately study a number of important
physics topics an additional inner solenoid is required to supplement a toroid. Large bending
power is needed to measure precisely high momentum muons or other charged tracks. This forces
a choice of superconducting technology for solenoids whereas both superconducting (air or iron
core) and warm (iron core) are possible for toroids. Below we briefly discuss the advantages and
drawbacks of each of the configurations.

Figure 41: The 3-D view of the ATLAS detector displaying the various sub-detectors.

8.1 ATLAS

The overall detector layout is shown in Fig 41. The magnet configuration uses large
superconducting air-core toroids consisting of independent coils arranged with an eight-fold
symmetry outside the calorimetry. The magnetic field for the inner tracking is provided by a
inner thin superconducting solenoid generating a field of 2T.

The inner detector is contained a cylinder of length 6.8 m and radius 1.15 m. It consists of a
combination of ‘discreet’ high-resolution Si pixel and microstrip detectors in the inner part and
‘continuous’ straw-tube tracking detectors with transition radiation capability in the outer part of
the tracking volume. Highly granular liquid-argon (LAr) e.m. sampling calorimetry covers the
pseudorapidity range |η |<3.2. In the endcaps the LAr technology is used for the hadronic
calorimeter. The forward LAr calorimeters, extending the coverage to |η |=4.9 are also housed in
the same cryostat. The barrel part of the hadronic calorimetry is provided  by Fe/ scintillator-tile
sampling calorimeter using WLS fibres. The calorimetery is surrounded by the muon
spectrometer. The air-core toroid system encloses a large field volume. The muon chambers,
grouped into three stations, are placed in the open and light structure to minimize effects from
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multiple scattering. The muon spectrometer defines the overall dimensions of the ATLAS detector
with a diameter of 22m and a length of 46 m. The weight of the detector is about 7000 tons.

8.2 The Compact Muon Solenoid (CMS)

The overall layout is shown in Fig. 42. At the heart of CMS sits a superconducting solenoid. In
order to achieve a good momentum resolution within a compact spectrometer without making
stringent demands on muon-chamber resolution and alignment a high magnetic field is required.
CMS has a long (13 m), large bore (φ=5.9 m) and high field (4T) solenoid. The field is large
enough to saturate 1.5 m of iron which is thick enough to accommodate four muons stations to
ensure robustness and full geometric coverage. Each muon station consists of many measuring
planes. These consist of aluminium drift tubes in the barrel region and Cathode Strip Chambers
(CSCs) in the endcap region.
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Figure 42: The transverse cut of the CMS detector.

The bore of the magnet is large enough to accommodate the inner tracker and the calorimetry
inside the coil. The tracking volume is given by a cylinder of length 6 m and a diameter of 2.6 m.
In order to deal with high track multiplicities tracking detectors with small cell sizes are used.
Solid-state and gas microstrip detectors provide the required granularity and precision. Pixel
detectors placed close to the interaction region improve the measurement of the track impact
parameter and secondary vertices. The electromagnetic calorimeter (ECAL) uses lead tungstate
(PbWO4) crystals. A preshower system is installed in front of the endcap ECAL for π0 rejection.
The ECAL is surrounded by a copper/scintillator sampling hadronic calorimeter. The light is
channeled by clear fibres fused to wave-length shifting fibres embedded in scintillator plates. The
light is detected by photodetectors that can provide gain and operate in high axial magnetic fields
(proximity focussed hybrid photodiodes). Coverage up to rapidities of 4.7 is provided by a
Cu/quartz fibre calorimeter. The Cerenkov light emitted in the quartz fibres is detected by
photomultiupliers. The forward calorimeters ensure full geometric coverage for transverse energy
measurement. The overall dimensions of the CMS detector are: a length of 21.6 m, a diameter of
14.6 m and a total weight of 14500 tons.
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8.3 Muon Systems

8.3.1 ATLAS

The number of field lines crossed by a muon track in toroids is constant. In the endcap region the
magnetic field increases as 1/R. Hence toroids have the property that the transverse momentum
resolution is constant over a wide range of pseudo-rapidity. The integral of B.dl (∝  1/sinθ)
compensates for the Lorentz boost in the forward direction. In an air-core toroid a good stand
alone momentum resolution can be reached as long as the quantity BL2 is large enough (cf.
Equation 2). Two drawbacks of the toroidal configuration are:

• the bending does not take place in the transverse plane and hence benefit cannot be drawn
from the precise knowledge of the beam-beam crossing point (20 µm at LHC), and

• a solenoid is needed to provide field for the inner tracker, opening the debate of whether the
coil should be place before or after the electromagnetic calorimetry.

The design criteria for the muon system can be obtained by requiring that an unambiguous
determination is made of the sign for muons of 1 TeV. This implies that ∆p/p ≈ 10%. The sagitta,
s, for a track of momentum p in a uniform magnetic field is given by s=0.3BL2/8p. In the case of
ATLAS where B≈0.6T, L≈4.5 m s ≈ 0.5 mm for pµ =1 TeV. This implies that the sagitta has to be
measured with a precision of ≈ 50 µm. For muon system as large as in ATLAS precision of this
nature presents special challenges of spatial and alignment precision. From the term BL2 (see
Equation 2) it is clear that a large magnet is required. However it is not easy to generate a high
field over a large volume. By considering Ampere’s theorem we can estimate the current required,
Now
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where n is the number of turns and I is the current. ATLAS employ 2x2x30 turns leading to a
current of I=20 kA. Such currents can only be considered in the context of superconducting
magnets.
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The basis of measurement in the barrel part of the ATLAS spectrometer is to measure a position
on the muon trajectory before and after the magnet, and a third point between the other two.
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where p is in GeV, B in T and σ,L is in m. In ATLAS σ≈70µm, Ni≈6, B≈0.6T, L≈4.5m implying
∆p/p ≈ 0.8 % at 100 GeV which is very close to the value found in simulations.

The momentum resolution is limited by energy loss fluctuation in the calorimeters at small
momenta and by detector resolution at high momenta, whereas multiple scattering effect is
approximately momentum independent as can be seen in Fig. 43. The momentum resolution is
typically 2-3% over most of the kinematic range apart from very high momenta, where it
increases to ≈ 10% at pt=1 TeV.

8.3.2 CMS

A large ∫B.dL can be obtained for a modest size using high field solenoids. The bending, which
takes place in the transverse plane, starts at the primary vertex. For tracks which pass through the
end of the solenoid the momentum resolution worsens as LC.tanθ/rC where LC.and rC is the length
and radius of the solenoid. The effect can be attenuated by choosing a favourable dimensional
ratio (length/radius). For CMS coil, where a high magnetic field is chosen, the challenge lies in the
production of a reinforced superconducting cable that can take an outwards pressure of about 60
atm.

The field generated in a solenoid is given by B = µ0nI. For CMS with B=4T, n=2168 implying
that I≈ 20 kA again requiring superconducting technology.

Centrally produced muons are measured three times: in the inner tracker, after the coil and in the
return flux. If multiple scattering and energy loss are neglected then the muon trajectory beyond
the return yoke extrapolates back to the beam-line due to the compensation of the bending before
and after the coil. This fact can be used to improve the momentum resolution at high momenta.
The sagitta is given by perpendicular distance between the outermost inner tracking points and the
line joining the beam to the muon beyond the return yoke. The muon momentum resolution is
illustrated in Fig. 44.

6.3.3 Muon Detectors

Two kinds of muon detectors are used at LHC serving complementary purposes. These are
gaseous drift chambers that provide accurate position measurement for momentum determination
and ‘trigger’ chambers, such as resistive plate chambers, that have a short response (≤25 ns) for
precise bunch crossing identification but less accurate position measurement. The former
category of detectors can also provide a first level-trigger on muons. In LHC GPDs the rate in the
barrel region  (≈ 10 Hz/cm2) is two orders of magnitude smaller than in the endcaps. This rate is
due mainly to hits induced by photons from neutron capture. The neutrons are evaporation
neutrons produced by breakup of nuclei in hadronic showers. Hence drift chambers are replaced
by faster chambers such as cathode strip chambers. Since the dominant background is neutron
induced which usually affecting two detecting layers, each of the muon stations comprises several
(≈6) layers of detectors.

The operation of the gas chambers is discussed later.
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9. INNER TRACKING

The most powerful way to ‘see’ the event topology is by using the inner tracker. The role of the
innner tracker is to measure the momentum and impact parameter of charged tracks with minimal
disturbance. The figures of merit are the track finding efficiency, the momentum resolution and
the secondary vertex resolution. As described earlier the inner tracker plays a crucial role in the
identification of electrons, taus and b-jets.

During the 60’s the bubble chamber was the detector of choice for tracking. However it was
superceded by electronic detectors as HEP moved to the study of lower cross-section phenomena.
The bubble chambers had a low repetition rate and lacked sufficient triggering capability.
Recently large detectors such as ALEPH and DELPHI at LEP have used ‘electronic bubble
chambers’ in the form of Time Projection Chambers (TPCs). These give 3-D spatial information
with high granularity and some particle identification capability is in-built using dE/dx
measurements. However these are not used in the LHC GPDs as the electron drift time is long (25-
45 µs). They are suitable for LEP as the event rate is low and the bunch crossing interval is large.
The tracking detectors at the LHC have to deal with very high particle rates (≈ 4.1010 particles/s
emerging from the interaction point) and very short bunch crossing time (25 ns). Furthermore the
target momentum resolution for 100 GeV tracks is almost an order of magnitude better at the
LHC than at LEP. Hence Si pixel and microstrip detectors, and short drift-time gaseous detectors
(straw or MSGCs) are used.
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Figure 45: The integrated dose, neutron and charged hadron fluence in the inner tracking cavity for and integrated
luminosity of 5.105 pb-1 corresponding to the first 10 years of LHC operation.

The radiation levels in the CMS tracking system are illustrated in Fig. 45 for an integrated
running time of 10 years corresponding to 5.105 pb-1. Three regions can be delineated. Pixel
detector are placed closest to the interaction vertex where the particle flux is the highest. The
typical size of a pixel is about 150µm × 150µm leading to an occupancy of about 10-4 per LHC
crossing. In the intermediate regions the particle flux is low enough to enable use of Si microstrip
detectors with typical cell size of 10cm × 75µm leading to an occupancy of ≈ 1%/LHC crossing.
In the outermost regions of the inner tracker the particle flux has dropped sufficiently to allow
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use of gaseous detectors. Typical cell size in CMS is 25cm × 250 µm giving an occupancy of a
few percent.

We shall now look at the operation of gaseous and semi-conductor detectors,

9.1 Gaseous Tracking Detectors

Fast charged particles ionise atoms of a gas. If W is the energy required to create an electron-ion
pair then the total total number of electron-ion pairs is

n
E

W

dE

dx

x

Wtotal      = =∆ ∆

In fact ntotal ≈ 3-4 nprimary. Fig. 46 shows the number of primary electrons for various gases. For a
gap of 1 cm of Argon about 100 electron-ion pairs are created. A signal consisting of only 100
electrons is not easy to detect as the noise of fast amplifiers tends to be ≈ 1000 e’s. Hence one
needs amplification in the gas. Consider a cylindrical cell, with grounded walls and a very thin
anode wire placed at the axis. The electric field at a distance r from the wire can be calculated
using Gauss’ theorem and is given by

E r
CV

r
( )    = 0

02
1

πε

Consider a charged track that traverses the cell (Fig. 47). The electrons from the electron-ion pairs
drift towards the anode wire. Close to the wire the electric field is sufficiently high for the
electrons to gain enough energy to ionise further atoms. This leads to an exponential increase in
the number of e-ion pairs.
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Figure 46: The number of primary clusters Figure 47: Schematic of a charged track traversing a cylindrical
per cm in various gases. gas chamber (e.g. a straw tube).

The probability that an electron will produce an ionising collision with an atom in a distance dr is

N dra i  σ
where Na is the no. of atoms/unit volume. The increase in the number of electrons after dr then is

dn n N dra i     = σ
Let Naσi = α. α is known as the 1st Townsend coefficient. The larger is the value of α the larger is
the number of collisions per unit distance. The mean free path length (λ) between collisions can
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be defined as α =1/λ. α is a function of r as it varies with electric field which usually varies with r.
Hence

dn n r dr

n n r dr
a

rc

=

∴ = ∫

  ( )  

    exp ( )  
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where n0 is the no. of electrons initially present. Therefore the gain, M, is given by
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It is interesting to calculate what happens near an anode wire. From Table 3 it can be deduced that
50% (90-%) of the electrons are produced ≈ 2.5 (10) µm from the anode wire.

Table 3: Values of various parameters that determine gain in gas wire-detectors.

r (µm) E (kV/cm) α (ip/cm) λ=1/α  (µm)

10 200 4000 2.5

20 100 2000 5

100 20 80 125

200 10 1 1 cm

9.1.1 Detector Gas Mixtures

Avalanche multiplication occurs in all gases. However gases should have the following properties:
a low working voltage, stable operation at high gain, high rate capability, long lifetime and fast
recovery. The principal component of a desirable gas is usually a noble gas such as argon. These
allow multiplication at relatively low electric fields. They do not have molecules and hence the
electrons only suffer elastic collisions with little loss of energy. Electrons can easily be absorbed
by complex molecules. Argon is usually preferred as it gives more primary ionisation than He or
Ne and is significantly cheaper than Kr or Xe.  However a counter full of a noble gas (e.g.argon)
does not allow stable operation. During the avalanche  process many Ar atoms are excited and
decay emitting UV photons (e.g. with an energy of 11.6 eV ). These UV photons can strike the
cathode (usually clad with copper which has an ionisation threshold of 7.7.eV) and eject photo-
electrons which give rise to another avalanche. There is therefore a positive feedback and a
continuous discharge sets in. A chamber filled with pure Ar suffers such breakdown at relatively
low gain. Gases are added which ‘quench’ the secondary avalanches. Polyatomic gases have
many non-radiative vibrational and rotational excited states over a wide energy range. If a
chamber contains a fraction of such a gas, its molecules will absorb energy from excited argon
atoms by colliding with them or by dissociating into smaller molecules. Since τemission >> τcollision the
UV photon emission is eliminated or quenched. The presence of a quenching gas can allow an
enormous increase in stable gain obtainable. Isobutane (C4H10), methane (CH4) and many
hydrocarbons and alcohols are such gases.
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9.1.2 Operation Modes of Chambers

We can look at various operation modes of gas chambers (Fig. 48) as the potential difference is
increased [25]. At very low voltages electrons begin to be collected but recombination of
electrons and ions is the dominant process. At higher voltages all the electrons and ions are
collected and the chamber is said to operate in the ionisation mode. At a certain higher voltage
called the threshold voltage (VT) the electric field close to the surface of the anode is large enough
to begin the process of multiplication. Increasing the voltage (V0) beyond VT results in gains ≥ 104

with the detected charge being proportional to the deposited energy. The chamber is said to
operate in the proportional mode. At even higher voltages the proportionality is gradually lost
due to the distortion of the electric field caused by space charge around the anode (limited
proportionality mode). The region of limited proportionality eventually ends in a region of
saturated gain i.e. the size of the signal is the always the same i.e. independent of the initial
deposition of energy. The chamber is said to operate in the Geiger mode.
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Figure 48: The variuos modes of operation of gas wire detectors.

9.1.3     Time development of the Signal

Consider a single primary electron drifting towards the anode (at ≈ 5 cm/µs) and into the region
of increasingly high electric field (Fig. 49). At a radius of typically a few wire radii the electric
field becomes large enough for the primary electron to gain enough energy to cause ionisation.
Due to lateral diffusion a drop-like avalanche surrounding the wire develops. The whole process
of exponential avalanche multiplication lasts ≈ 1 ns. The electrons are collected very fast (in ≈ 1
ns) as the drift distance is only a few microns. The positive ions drift slowly towards the cathode.
However the signal on the electrodes is induced by the movement of charges. Since the electrons
move a very short distance they induce a very small signal. The size and time development of the
induced signal is determined by the ion drift. It is given by:
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where t0 is the characteristic time. For example, the total drift time for ions in Ar at NTP is 550 µs
for a = 10µm, b = 8mm, C = 8 pF/cm, µ+ = 1.7 cm2V-1s-1, V0 = 3kV. The growth time is very fast
(1/1000 of the total drift time). The normal practice is to terminate the counter with a resistor R
such that the signal is differentiated with a time constant RC allowing very short pulses. A high
rate capability is therefore possible.
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Figure 49: The schematic drawing of the development of an avalanche in a wire

c h a m b e r .

9.1.4  Drift Chambers

The working of a drift chamber is illustrated in Fig. 50. The electrons liberated along the path of
the charged track drift towards the anode wire. The spatial information is obtained by measuring
the time of drift of electrons. The traversal of the particle is signaled by a scintillator or by the
bunch crossing time in collider experiments. The stop on a TDC is given by the arrival of the
electrons. The cell size in drift chambers is much larger than in multi-wire proportional chambers
thus relatively fewer number of wires and electronics channels are needed.
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Figure 50: The principle of operation of a drift chamber

The desired properties of the gases used in drift chambers are listed below:
• the gas should have a high purity - electrons can be captured if electro-negative impurities
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are present. The longer the drift path length the higher the required level of purity.
• the gas should exhibit saturation of drift velocity i.e. drift velocity that is constant over small

voltage shifts away from the working voltage. The precision then becomes insensitive to field
inhomogenieties, changes in voltage and temperature etc.

• the gas should be fast for high counting rate. The maximum counting rate is limited by the
total drift time.

Below we consider two drift chambers; the monitored drift tubes (MDTs) used in the ATLAS and
drift tubes (DTs) used in the CMS muon system.

The MDTs are cylindrical aluminium tubes with a length of about 5 m, a diameter of  3 cm and a
wall thickness of 400µm with a 50µm diameter central W-Re wire. The tubes are operated with a
non-inflammable Ar-CH4-N2 (91%-5%-4%) gas mixture at a pressure of 3 bars. The wire is set at
a potential of ≈3300V and the electric field at the wire is ≈ 200 kV/cm yielding a gain of about
20,000. The maximal drift time is ≈ 500ns. The distance-time relation is shown in Fig. 51a and
good linearity is achieved over almost the full drift path. The measured resolution is ≈ 80 µm
(Fig. 51b).

        
Figure 51: a) The disteance-time relation and b) the measured position resolution for the ATLAS MDTs.

The layout of the CMS muon DT cell is illustrated in Fig. 52. Three field-shaping electrodes are
employed to assure a linear distance-time relationship. The side cathode is set at ≈-1800V, the top
and bottom strips at ≈1800V and the wire is run at ≈3600V. The gain is about 90,000. The gas
mixture is Ar-CO2 (85%-15%). The drift velocity as a function of the electric field is shown in
Fig. 53. The measured resolution is found to be ≈ 200µm (Fig. 54)

 13 mm

 40 mm

ElectrodeAnode wire

Cathode

Figure 52: The layout of the drift cell of the CMS drift tubes
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Figure 53: The drift velocity as a function of the electric Figure 54: The measured position resolution in the
field in Ar-CO2. The calculated one is shown as a line. CMS drift tubes.

9.1.5  The Time Projection chamber

The time projection chamber (TPC) is a 3-D imaging drift chamber. An example is the ALEPH
TPC illustrated in Fig. 55 [26]. It consists of a large gas filled cylinder with a thin HV electrode in
the middle plane. The magnetic and electric fields are parallel, uniform and along the axis. The
ends of the cylinder are covered by sector arrays of proportional anode wires. Parallel to each
wire are rectangular cathode pads.

The ALEPH TPC has a diameter of 3.6 m and a length of 4.4m. It is filled with Ar-CH4 (91%-9%)
at atmospheric pressure. The electron drift time is 45 µs. The r-φ coordinate is obtained by
interpolating signals induced on precisely located cathode pads (6.2mm×30mm) and the z
coordinate from the drift time. Particle identification for low momenta particles can be achieved
by using the dE/dx information. Diffusion is significantly reduced by the axial magnetic field and
the performance is improved by laser calibration. Various systematics are removed by making
straight line fits to trails of ionisation caused by laser beams shot into the gas volume. The
performance is given by:
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where pt is in GeV.
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Figure 55: The illustration of the ALEPH time projection chamber.

9.1.6  Microstrip Gas Detectors

Microstrip gas chambers (MSGCs) are made using micro-electronics technology where the
precision of photo-lithography is ≈ 0.1-0.2 µm [27]. This allows the overcoming of two major
limitations of multi-wire proportional chambers (MWPCs). The spatial resolution in MWPCs,
orthogonal to the wire is limited by wire spacing. The limit is around 1mm due to mechanical and
electrostatics considerations. The rate capability of MWPCs is limited by the long ion collection
time that is typically several tens of µs.
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Figure 56: The principle of operation of a micrsostrip gas chamber.

The MSGC is a miniaturized version of a MWPC. The principle of operation of an MSGC is
illustrated in Fig. 56. The wires are replaced by thin strips imprinted on an insulating support e.g.
glass to prevent the electrostatic forces from distorting or breaking them. Hence their spacing and
width can be reduced. The cathode and anode strips are laid on the substrate over which is placed
a planar electrode generating the drift field. The gas gap between the substrate and the drift
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electrode is usually about 3mm. The MSGCs have been operated up to rates of 106

particles/mm2/s.

For the chambers to be used in CMS the drift plane is set at –3500V, the cathode at around -520V
and the anode is grounded. The primary electrons drift along the uniform electric field (Fig.57)
until they get close to the anode where multiplication takes place. A major advantage of the
MSGC is the much faster signal development since the ions have only to drift the short distance of
about 60 µm from the anode to the cathode as shown in Fig. 58.

  

Figure 57: Illustration of the drift field lines. Figure 58: The drift path of ions.

Many parameters can significantly affect the performance. Coating the surface of glass with
resistive coating (e.g. Pestov glass with r≈1016 Ω/cm2) stops charging-up of the substrate at high
rates and renders the detector independent of the bulk electrical characteristics of the substrate.
Strips have to be made out of gold to slow aging and decrease attenuation of the collected charge
along the strips if they are long. A reduction in the maximum operating voltage for MSGCs
exposed to heavily ionising tracks and at high rates has been observed. A proposed solution is to
passivate the cathode edges and has been adopted by CMS.
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The gas mixture used by CMS is Neon-DiMethylEther (40%-60%). DME generate a large
number of primary clusters (60 clusters/cm and 180 electrons/cm for a mip). From many points
of view 100% DME would be the best gas but it would require a cathode voltage too close to the
breakdown voltage. The performance of CMS chambers with an anode-cathode pitch of 200 µm
is shown in Fig. 59.

The average cluster size is over 2 and a resolution of about 45 µm can be achieved by using the
centroid of the charge deposition.

In a more recent development, the Gas Electron Multiplier (GEM [28]) the gain is achieved in two
stages. The first stage of amplification is carried out in a thin polymer foil (kapton), metal-clad on
both sides and perforated with a high density of holes with photo-lithographic processing. When a
suitable potential difference is applied between the two sides, the field in the hole is large enough
to allow multiplication. The second stage can be a conventional MSGC. This is illustrated in Fig.
60. The MSGC can then be operated at a lower voltage promising a wider margin for safe
operation as illustrated in Fig. 61.

Much research is still being carried out on the miniaturized gas chambers.
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Figure 60: Schematic drawing of GEM+MSGC 2-stage Figure 61: The various combinations of GEM and
gas micrsostrip detector MSGC potential difference for a given gain.

9.2 Silicon Detectors

Solid state detectors have long been used for the measurement of low energy photons. When used
for tracking they have several advantages :

• a large number of carriers are produced. Charged particles traversing Si create electron-hole
(e-h) pairs. It takes about 3.6 eV of deposited energy to create an e-h pair compared with about
30 eV  to create e-ion pair in gas detectors. The typical thickness of Si detectors is about 300 µm
leading to the creation of about 3.104 e-h pairs on average. This is large enough not to require
multiplication.

• the mobility of electrons and holes is 1450 and 450 cm2/Vs respectively. The typical
operating voltage is ≈100V and both the electron and hole charges drift to the respective
electrodes within 10 ns. Hence silicon detectors have a fast response and both charge carriers
equally induce the detected pulse.

• microelectronic techniques are used for the production of silicon detectors. Silicon detectors
therefore have small pitch (≥ 50µm) but strip lengths are usually limited in length(≤ 12cm).

9.1.7  Signal generation in Silicon Detectors

The energy levels of atoms become energy bands in a regular assembly of atoms such as crystals.
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Valence and conduction bands of energy levels are formed in crystalline materials due to the
periodic lattice structure. In the valence band the electrons are bound to specific lattice sites
whereas in the conduction band they are free to move through the crystal. At non-zero
temperatures it is possible for valence electrons to get enough energy to get into the conduction
band (the band gap energy is 1.12 eV). In a pure intrinsic (undoped) material the electron
density, n, and the hole density, p, are equal i.e. ni=pi. For silicon ni=1.45×1010 cm-3. Hence in a
silicon detector with an area of 1cm2 and a thickness of 300µm there are 4.5×108  free charge
carriers but only ≈3.104 e-h pairs are created by the passage of a mip. For the signal to be
significant the number of free charge carriers has to be considerably reduced. This is done by
‘depleting’ the detector using reverse biased p-n junctions.

The p-n junction is made by doping to create p-type and n-type silicon.

Silicon sits in Group IV of the periodic table i.e. it has 4 outer electrons and can form 4 covalent
bonds. If a small concentration (few ppm) of a pentavalent impurity (e.g. P or As) is added one
electron is left over after all the covalent bonds are formed. It is very lightly bound and can easily
be promoted to the conduction band without creating a corresponding hole. P or As are known as
donor impurities. Donor electrons are not part of the regular lattice and can occupy a position in
the normally forbidden gap (near the top of the gap). Thermal excitation is sufficient to ionize a
large fraction of the donors (ND) and n = ND. The added concentration of electrons increase the
rate of e-h recombination shifting the equilibrium between electrons and holes. The concentration
of holes decreases but

n p n pi i    =
e.g. at room temperature, ni = pi = 1010 cm-3 and if donor impurities are ND≈1017 atoms/cm3,
n = 1017 cm-3 and p = 103 cm-3. Charge neutrality is maintained by the presence of ionized donor
impurities which cannot migrate as they are fixed to the lattice sites.

If a small concentration (few ppm) of trivalent impurity (e.g. B) is added there is one fewer
electron and one covalent bond is left unsaturated. The vacancy represents a hole. Other electrons
can be captured to fill this vacancy but are on the whole less firmly bound to the specific sites. are
formed. Such impurities are labeled acceptor impurities. These lie near the bottom of the
forbidden gap. Thermal excitation always assures that electrons are available to fill the vacancies.
Hence a large fraction of the acceptor sites are filled i.e.

p N with n p n p and p nA i i               ≈ = >>
A measure of impurity level is the electrical conductivity or its inverse resistivity e.g. an impurity
concentration of 1013 atoms/cm3 leads to a resistivity of 500 Ω.cm.

Heavily doped materials with an unusually high impurity concentration are labeled n+ or p+ and
have a high conductivity. Such doping is often used for electrical contacts.

Consider now the formation of a p-n junction. Start with a wafer of p-type crystal with an original
acceptor concentration NA. Assume that one side is left exposed to the vapour of n-type impurity
so that the left side becomes n-type. The density of electrons in n-type material is much higher
than in the p-type one. There is a net diffusion of conduction electrons into p-type material where
they quickly recombine with holes. The electrons moving out of n-type material leave immobile
+ve charges and net –ve charge on the p-side is established. The accumulated space charge creates
an electric field that diminishes the tendency for further diffusion. The region over which the
imbalance exists is called the depletion region. The concentration of electrons and holes in this
region is ≈ 100/cm3! In our case the region will extend deeper into p-side than the n-side. For
electron-hole pairs created in the depletion region electrons will be swept towards the n-type
material and the holes towards the p-type. The application of reverse bias (n-side made +ve)
extends the depletion region and the depletion depth is given by
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where N is the lower dopant concentration, ρ is the resistivity (typically between 1-10 kΩ.cm).
Typically for d≈300µm and ρ=5 kΩ.cm the bias voltage is ≈ 70V.

Figure 62: Schematic of a silicon microstrip detector.

1.1.3  Radiation Damage in Silicon Detectors

There are two types of effects that take place in silicon after high levels of irradiation: surface and
bulk. The bulk damage is more important than surface damage. High energy hadrons interacting
with nuclei, requiring a transfer of only ≈15eV, can displace Si atoms from their lattice positions.
The simplest defects are vacancies where a Si atom is absent from its site and interstitials where a
Si atom occupies a position intermediate between other atomic sites. Disruption of the crystal
symmetry leads to the formation of unwanted energy levels in the forbidden gap. The presence of
these energy levels considerably increases the leakage current in radiation damaged detectors. The
volume current density is observed to increase linearly with particle fluence with

∆I

V
   = α φ

where V is the volume (in cm3), φ is the fluence in particles/cm2 and α = 2.10-17 A/cm for
minimum ionizing protons and pions after long term annealing.

The ultimate limit to detector lifetimes is given by significant changes in the substrate dopant
density during and after irradiation. This effect is poorly understood. The substrate eventually
becomes p-type irrespective of the initial type. This is shown in Fig. 63. The depletion voltage
initially decreases and then increases without limit with increasing particle fluence. Partially
depleted detectors can still operate but the charge collection in the undepleted volume is slow and
occurs with reduced efficiency due to trapping of electrons. The dopant changes continue after
irradiation has stopped BUT can be arrested if the detectors are kept below 0oC. The manufacture
of Si detectors has improved substantially and high voltage operation (bias voltage ≥ 500 V) is
nowadays possible. It is expected that Si microstrip detectors can be operated to fluences beyond
a few time 1014 cm-2.
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Figure 63: a) The bias voltage to achieve full depletion as b) the bias voltage to achieve full depletion as a
a function of running time at the LHC at high luminosity function of the neutron fluence.

With increasing particle fluence the depletion voltage increases without limit. To obtain a detailed
picture of the signal loss after irradiation we consider Si pixel detectors irradiated with pions of
300 MeV/c at extremely small angles. The thickness of the Si was 300 µm and the size of the
pixels was 125 µm×125µm , Effects due to charge trapping can be separated from charge lost due
to reduced depletion depth. The method and results are illustrated in Fig. 64.
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Figure 64: Minimum ionising pions (450 MeV/c) graze b) Depth profiles of charge collected from the
the pixel array at an angle of 8o (bottom). The signals array irradiated with 6.1014 pions/cm2. The
from the hit pixel row exhibit the response of pixels at dotted histogram is for the un-irradiated array.
various depths (top). Each pixel sense a depth of 17.5 µm.

The detector was kept at 3oC and was irradiated to 6.1014 pions/cm2. Twenty days after irradiation
the signals from various pixels were measured. The reduced depth of the depletion can clearly be
discerned from the pixels that yield little or no charge. The decrease in signal with increasing
depth of traversal is due to trapping of charge in the depleted region. The trapping of charge can
be kept below ≈ 10% by applying a high bias voltage.
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10. ELECTRONICS NOISE

 Noise is any unwanted signal that obscures the desired signal. Therefore noise degrades the
accuracy of the measurement. There are two types of noise: intrinsic and extrinsic noise. The
intrinsic noise is generated in the detector or electronics and cannot be eliminated though possibly
reduced. The extrinsic noise is due to pickup from external sources or unwanted feedback (e.g.
ground loops, power supply fluctuations etc.) and is usually eliminated by proper design.

Intrinsic noise has two principal components namely :
• thermal noise (Johnson or Nyquist noise) – series noise
Any resistor, R, will develop a voltage across its ends whose average value is zero but r.m.s. is

v ktR f2 4  .= ∆

• shot noise – parallel noise
This source arises from fluctuation in the charge carriers  and is given by

ENC
ktR C C

I I Is d in
s n p

2
24
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     = + +
τ

τ

where Cd is the detector capacitance, Cin is the input capacitance of the amplifier, In is the leakage
current, τ  is the shaping time and Is, Ip are series and parallel noise integrals (≈ 1 for (RC)2

shaping). For example, for τ = 50 ns, and a leakage current of 1 µA, ENC ≈ 800 electrons.
Further examples are considered in Sections 9.3 and 10.2.

10.1 Electronics for LHC Experiments
The main components of electronics systems are:

• front-end, signal processing,
• data transmission,
• power supplies, services, …

The features that differentiate the electronics of the LHC experiments from e.g. LEP experiments
are:

• high speed signal processing
• signal pileup
• high radiation levels
• larger number of channels (large data volume),
• new technologies

For example the challenges for the inner tracker electronics are:
• signals are small and fast response must be preserved. Hence long leads cannot be used and

the preamplifiers must be mounted on the detectors themselves.

• the data must be held in pipeline memories awaiting Level-1 decision. It is not feasible to
transfer data off of the detector at a rate of 40 million events/s for millions of channels. Hence the
pipeline memories must be located on the detectors. Consideration has to be given to how the
signals are taken out.

• the several millions of channels will dissipate a considerable amount of heat (power
dissipation has to be kept as low as possible; the goal is ≤ few mW/channel). This leads to the
question of how the electronics are cooled.

The above leads to difficult engineering and systems challenges. All this has to be accomplished
whilst keeping the amount material in the tracker to the minimum to minimize multiple scattering
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and conversion or bremstrahlung.

10.1.1  Electronics of Sub-detectors

The characteristics and requirements for the electronics for the various sub-detectors can be
summarized as follows:

tracking: large number of channels (≈ 10’s of millions), limited energy precision and limited
dynamic range (< 8-bits). The power dissipation/channel has to be low (≈ mW/ch) and the
electronics have to withstand very high radiation levels (neutron fluence of 1015 n/cm2, integrated
doses of 10’s of Mrads).

calorimetery: : medium number of channels (≈105), high measurement precision (12-bits), large
dynamic range (16 to 17-bits), very good linearity and very good stability in time. The power
constraints and the radiation levels ((neutron fluence of 1013 n/cm2, integrated doses of 100’s of
krads) are not as stringent as for the tracker.

muon system: the large surface area that needs to be instrumented means that the electronics are
distributed over large area and the radiation levels are low.

The generic LHC readout system is illustrated in Fig. 66.

Amplifier Pipeline
memory

Electrical 
      or
optical link

DAQ Driver

DAQ

Comparator

MUX

A/D

Receiver
A/D
DSP
...

Clock
Trigger
Control

(optional) (optional)

Figure 66a: A generic readout system for a p-p experiment at the LHC.

Figure 66b: The deconvolution of the signal of a silicon detector. The amplifier has a time constant of 50ns.

The functions that are common to all systems are amplification, analogue to digital conversion,
association to beam crossing, storage prior to trigger, deadtime-free readout, zero suppression and
formatted storage prior to access by the data acquisition, calibration control and monitoring. Most
of these features can be illustrated by using as an example the microstrip tracking electronics
chain of CMS. The scheme is illustrated in Fig. 67.

Each microstrip is read-out by a charge sensitive amplifier with τ=50 ns. The output voltage is
sampled at the beam crossing rate of 40 MHz. Samples are stored in an analogue pipeline for up
to the Level-1 latency of ≈ 3.2 µs. Following a trigger a weighted sum of 3 samples is formed in
an analog circuit. This confines the signal to a single bunch crossing and gives the pulse height
(Fig. 66b). The buffered pulse height data are multiplexed out on optical fibres. The output of
the transmitting laser is modulated by the pulse height for each strip. The light signals are
transformed into electrical pulses by a Si photodiode and digitized. After some digital processing
(zero suppression etc.) the data are formatted and placed into dual port memories for access by
the data acquisition. The electronics noise/channel of the tracking system is about 1000 to 1500
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electrons before and after irradiation respectively.

The calorimeter and muon systems have also to generate the primitives (energy or momentum
values)  for the first-level trigger.
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Figure 67: Schematic of the CMS Tracker readout and control system

11. INORGANIC SCINTILLATORS

The desirable properties of a scintillator include:
• a high efficiency of conversion of deposited energy into scintillation light,
• a conversion to light that is proportional to the energy deposited,
• a high light output,
• a medium that is transparent to its emitted light,
• a short luminescence decay time,
• a refractive index n ≈ 1.5 for efficient coupling to photosensors
• radiation hardness for LHC operation.

No material simultaneously meets all these criteria. Inorganic scintillators (e.g. sodium iodide)
have the best light output and linearity whilst organic scintillators (e.g. plastic scintillator) have
faster light output but smaller light yield and display saturation of output for radiation with high
linear energy transfer. Two types of light emission are possible: fluourescence resulting in prompt
emission of light in the visible wavelength range and phosphorescence resulting in slower
emission of light at longer wavelengths. In particle physics inorganic scintillators are only used
for electromagnetic calorimetry.

The most demanding physics channel for an electromagnetic calorimeter at the LHC is the two-
photon decay of an intermediate-mass Higgs boson. The background is large and the signal width
is determined by the calorimeter performance. The best possible performance in terms of energy
resolution is only possible using fully active calorimeters such as inorganic scintillating crystals.

Inorganic scintillators have crystalline structure. The valence band contains electrons that are
bound at the lattice sites whereas electrons in the conduction band are free to move throughout
the crystal. Usually in a pure crystal the efficiency of scintillation is not sufficiently large. A small
amount of impurity, called an activator, is added to increase the probability of emission of visible
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light. Energy states within the forbidden gap are created through which an electron, excited to the
conduction band, can de-excite. Passage of a charged particle through the scintillator creates a
large number of electron-hole pairs. The electrons are elevated to the conduction band whereas
the +ve holes quickly drift to an activator and ionize it. The electrons migrate freely in the crystal
until they encounter ionised activators. The electrons drop into the impurity sites creating
activator excited energy levels which de-excite typically with T1/2≈ 100 ns. In a wide category of
materials the energy required to create an electron-hole pair is W ≈ 3Eg e.g. in sodium iodide
(NaI), W ≈ 20 eV. In thallium doped sodium iodide [NaI(Tl)] the number of emitted photons Nγ ≈
40000γ/MeV with an energy of ≈ 3 eV.

Conduction Band

Valence Band

Band
Gap

Activator excited states

Activator ground state

Figure 26: The energy level diagram for a scintillating crystal containing an activator

The consequence of luminescence through activator sites is that the crystal is transparent to its
own scintillation light because the emission and absorption bands do not overlap and self-
absorption is small. The shift towards longer wavelengths is known as Stokes’ shift.

The scintillation mechanism in crystals without activators is more complex. For example, in lead
tungstate the intrinsic emission in the blue is through excitons localized on the Pb site whereas the
green emission is due to defects in the crystalline structure linked to oxygen vacancies [29].

The properties of various crystals used in high energy experiments are given in Table 3. The
parameters of some of the recently designed crystal calorimeters are given in Table 4 [30].

Table 3: Properties of various scintillating crystals.

Crystal NaI(Tl) CsI(Tl) CsI BaF2 BGO CeF3 PbWO4

Density        g.cm-2 3.67 4.51 4.51 4.89 7.13 6.16 8.28

Rad. length      cm 2.59 1.85 1.85 2.06 1.12 1.68 0.89

Moliére radius  cm 4.5 3.8 3.8 3.4 2.4 2.6 2.2

Int. length        cm 41.4 36.5 36.5 29.9 22.0 25.9 22.4

Decay Time      ns 250 1000 35

6

630

0.9

300 10-30 <20>

Peak emission  nm 410 565 420

310

300

220

480 310-
340

425

Rel. Light Yield  % 100 45 5.6

2.3

21

2.7

9 10 0.7

d(LY)/dT      %/0C ≈ 0 0.3 - 0.6 - 2.0 - 1.6 0.15 -1.9

Refractive Index 1.85 1.80 1.80 1.56 2.20 1.68 2.16
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Table 4: Parameters of various experiments using scintillating crystals.

Experiment

Laboratory

KTeV

FNAL

BaBar

SLAC

BELLE

KEK

CMS

CERN

Crystal Type CsI CsI(Tl) CsI(Tl) PbWO4

B-Field                   T - 1.5 1.0 4.0

Inner Radius          m - 1.0 1.25 1.3

No. of crystals 3,300 6,580 8,800 76,150

Crystal Depth         X0 27 16-17.5 16.2 26

Crystal Volume    m3 2 5.9 9.5 11

Light Output   p.e./MeV 40 5,000 5,000 4

Photosensor PMT Si PD Si PD APD*

Gain of photosensor 4,000 1 1 50

Noise / channel     MeV Small 0.15 0.2 30

Dynamic Range 104 104 104 105

* APD: Si avalanche photodiode

11.1 Radiation Damage in Crystals

All crystals suffer from radiation damage at some level. It is rare that irradiation affects the
scintillation mechanism itself. However formation of colour centres takes place leading to
absorption bands. A colour centre is a crystal defect that absorbs visible light. A high
concentration of blue light colour  centres makes crystals yellowish. The simplest colour centre is
an F-centre where an electron is captured in an anion vacancy. The consequence of colour centre
production is a decrease in the light attenuation length leading to a decrease in the amount of
light incident on the photosensor. This is illustrated in Figure 27 for various samples of PbWO4

crystals grown under differing conditions. The crystals were irradiated using γs, incident at the
front of the crystal, from a 60Co source.

Extensive R&D has been carried out over the last 5 years by CMS in order to improve the
radiation hardness of PbWO4 crystals [29]. Generally the strategy has been to decrease the
concentration of defects that lead to colour centre production by optimizing the stoechiometry
(the concentration of PbO and WO3 in the melt) and annealing after the growth of the crystal. The
remaining defects are compensated by specific doping, e.g. by pentavalent elements on the W site
and trivalent on the Pb site, and by improving the purity of the raw materials. The levels of
improvement can be seen from Fig 69. The most recent crystals of lead tungstate have shown very
good resistance to irradiation. This is illustrated in Fig 70. The loss of collected light, for crystals
doped with both niobium and yttrium, show a decrease in the collected light of less than 2% at
saturation. The effect of irradiation can also be dose-rate dependent
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Figure 70: The loss in the collected light as a function of dose (delivered at ≈ 0.15 Gy/hr) for recent PbWO4
crystals doped with Niobium and Yttrium.

The radiation dose expected at the shower maximum for the lead tungstate calorimeter of CMS,
over the first ten years of LHC operation, is below 4,000 Gy in the barrel region (|η | < 1.5), ≈
70,000 Gy at | η | ≈ 2.5 rising to 200,000 Gy at | η |≈ 3.0. Furthermore the expected dose rate at
design luminosity, and shower maximum, is below 0.3 Gy/h in the barrel region, ≈ 6 Gy/h at | η |
≈ 2.5 rising to 15 Gy/h at | η | ≈ 3.0.
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11.2 Performance of CMS Lead Tungstate Crystals

Several matrices of improving quality have been tested in electron beams over the last few years.
Radiation damage leads to a decrease in the attenuation length and hence in the collected light. As
the efficiency of the scintillation mechanism is not affected by irradiation the energy resolution
will not be affected as long as the attenuation length does not fall below ≈ 2-3 time the length of
the crystal. The small loss of light can be corrected by regularly measuring the response to a
known amount of light injected into crystals. This has been demonstrated in beam tests [31].

Results from a recently tested prototype are shown in Fig 71. The distribution of the sum of
energy in 9 crystals for electron of an energy of 280 GeV is shown. An excellent energy
resolution is measured without significant tails. The measured energy resolution is also shown.
The stochastic term is expected to be < 3% in the final calorimeter since the surface area of the
photosensor will be doubled.
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Figure 71: a) The distribution of the sum of energy in 9 crystals for an electron of an energy of 280 GeV, b) the
measured energy resolution

11.3 Photosensors

11.3.1 Photomultipliers

The contribution to the energy resolution from the process of conversion of light to
photoelectrons can be significant. For example, in a lead glass calorimeter about 10,000 Cerenkov
photons/GeV impinge on the photomultiplier. The conversion leads to about 1000
photoelectrons/GeV and hence the contribution to the stochastic term will be

     . %
σ
E pe





 = ≈1000

1000
3 2

The maximum number of independent e± particles, given that the Cerenkov threshold is 0.7 MeV,
is 1000/0.7 per GeV i.e. n = 1400 e±. This leads to an additional contribution to the energy
resolution i.e. (σ/E)n=(√1400)/1400 ≈ 2.7%. The observed resolution then becomes



61

σ σ σ
E E En pe

    . %= 



 + 



 ≈

2 2

4 5

An energy resolution of σ/E ~ 5% / √E for e.m. showers has been measured in a large lead glass
array [32].

11.3.2 Silicon Avalanche Photodiodes

The light output from PbWO4 crystals is low. These crystals are deployed by CMS in a 4T
transverse magnetic field and the use of photomultipliers is excluded. Unity gain Si photodiodes
cannot be used since even the small rear shower leakage from 25 X0 deep crystals considerably
degrades the energy resolution. This is due to the fact that the photodiode response to ionising
radiation is significant compared with the signal due to scintillation light. Hence CMS use Si
avalanche photodiodes (APDs) with a gain of about 50. The particularity of these novel devices,
over and above photomultipliers, is the noisy amplification process. The working principle of
these devices is shown in Fig 72.
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Figure 72: The working principle of a Si avalanche photodiode.

Consider a crystal with a light yield of Nγ photons/MeV. Nγ.E photons hit the APD for an energy
deposit E. Assuming a quantum efficiency Q (which can easily be ≈ 85% for APDs),
No. of photoelectrons is Npe = Nγ.E.Q

Then the photostatistics fluctuation is ±√ Npe

If there is no fluctuation in the gain process then the no. electrons transferred to the amplifier is
(M=gain) M.Npe ± M √ Npe

BUT if the multiplication process is noisy and the gain itself has a fluctuation, σM, then the no. of
electrons is M.Npe ± √(M2+  σM

2) √ Npe

Hence the photostatistics contribution to the energy resolution becomes

σ σ
γ γ

pe M
E

E N EQ

M

M N EQ
F

( )
     = + =1 12 2

2

where F is called the ‘excess noise factor’ and quantifies the induced degradation in the energy
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resolution due to fluctuations in the amplification process. Typically for APDs F≈ 2 and for
photomultipliers F ≈ 1.2. Some properties of APDs, from two manufactures, are listed in Table 5.

Table 5: Some properties of APDs

Parameter Hamamatsu EG&G

Active Area                          25 mm2 25 mm2

Quantum Efficiency at 450nm 80% 75%

Capacitance                             100 pF 25 pF

Excess Noise Factor, F 2.0 2.3

Operating Bias Voltage             400-420 V 350-450 V

dM/dV x 1/M at M=50 5% 0.6%

dM/dT x 1/M at M=50 -2.3% -2.7%

11.4 System Aspects

A real calorimeter is a system comprising active media, electronics chain and mechanical structure,
all enclosed in an environment that must be kept stable. Hence many factors have to be
considered in order to maintain the resolution achieved in beam tests. For example, in the case of
the CMS ECAL, the temperature of the crystals has to be maintained to within 0.1% since both the
crystal and the photosensor each have a temperature dependence of the output signal of
d(Signal)/dT ≈ -2%/0C. This requires a powerful cooling system and a hermetic environmental
shield. To maintain uniformity of response across crystals the mechanical structure has to be thin
and preferably made of low-Z material. No load from one crystal should be transferred to its
neighbours. A 300 µm glass fibre alveolar structure has been chosen by CMS. The electronics
system has to provide a stable response, deliver high resolution digitization (12-bits) and a large
dynamic range (≈16-bits) whilst preserving a low electronics noise per channel (<40
MeV/channel). Furthermore, the on-detector electronics must be radiation hard and have as low a
power consumption as possible.

More information on the systems aspects of calorimeters can be found in the ATLAS [10] and
CMS [11] Technical Design Reports.

12. CALORIMETRY USING NOBLE LIQUIDS

Calorimeters using liquid filled ionization chambers as detection elements have several important
advantages. The absence of internal amplification of charge results in a stable calibration over
long periods of time provided that the purity of the liquid is sufficient. The number of ion pairs
created is large and hence the energy resolution is not limited by primary signal generating
processes. The considerable flexibility in the size and the shape of the charge collecting electrodes
allows high granularity both longitudinally and laterally.

The desirable properties of liquids used in ionization chambers include:
•  a high free electron or ion yield leading to a large collected charge,
•  a high drift velocity and hence a rapid charge collection,
•  a high degree of purity. The presence of electron scavenging impurities leads to the reduction
of electron lifetime and consequently a reduction in the collected charge.
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The properties of noble liquids are given in Table 6.

12.1 Charge Collection in Ionisation Chambers

Ionisation chambers are essentially a pair of parallel conducting plates separated by a few mm and
with a potential difference in an insulating liquid (e.g. liquid argon).

Consider what happens when a single ion-pair is created at a distance (d-x) from the +ve electrode
(Fig. 73). The electron drifts towards the +ve electrode and induces a charge

Q e
d x

d
    

( )= − −

where d is the width of the gap. Assuming that the electron drifts with a velocity v, and the time to
cross the full gap is vd, then the induced current is

i t
dQ

dt
e

v

d

e

td

( )          = = − = −

The contribution from the drifting ions can be neglected as their drift velocity is about three
orders of magnitude smaller than that of electrons.

Table 6: Properties of noble liquids.
___________________________________________________________

LAr LKr LXe
___________________________________________________________

Density  g/cm3 1.39 2.45 3.06
Radiation Length  cm 14.3 4.76 2.77
Moliere Radius     cm 7.3 4.7 4.1
Fano Factor 0.11 0.06 0.05
Scintillation Properties
Photons/MeV - 1.9 104 2.6.104 
Decay Const.   Fast ns 6.5 2 2
                      Slow ns 1100 85 22
% light in fast component 8 1 77
λ peak nm 130 150 175
Refractive Index @ 170nm 1.29 1.41 1.60
Ionization Properties
W value  eV 23.3 20.5 15.6
Drift vel (10kV/cm) cm/µs 0.5 0.5 0.3
Dielectric Constant 1.51 1.66 1.95
Temperature at triple point K 84 116 161
___________________________________________________________

Now consider the case where a charged particle traverses the gap (Figure 31b). Suppose N ion-
pairs are produced and are uniformly distributed across the gap. The fraction of electrons still
moving at a time t after traversal is (td-t)/td for td < t. Therefore

i t Q
v

d

t

td

( )      = − −




0 1
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where Q0 = Ne and the current is at its maximum at time t = 0 and disappears once all the charges
have crossed the drift gap. This time is about 400 ns for a 2 mm LAr gap. Hence

q t i t dt Q
t

t

t

t
for t t

d d

t

d( )   ( )           = = − −






<∫ 0
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2

The total collected charge (for t >td ) is

Q
Q

c   = 0

2

The factor two is due to uniform distribution of ionisation. During drift the electrons can be
trapped by impurities. Then the induced current will be reduced. In fact if the electron lifetime is
τ
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Figure 73: The current and charge for a) a single e-ion pair, b) uniformly distributed e-ion pairs.

12.2 Signal Shapes

As discussed above, for a long electron ‘lifetime’ the induced current has a triangular shape with
a duration equal to the electron drift time td (Fig. 74a ). The total collected charge is also shown. It
is clear that a device based on full charge collection will be slow, and hence not suitable for use at
the LHC. However the energy information is contained in the initial current i0. The information
can be extracted and high rate operation made possible by clipping the signal with fast bipolar
shaping (Fig. 74b). If the system impulse response has zero integrated area then pileup does not
produce a baseline shift. For a peaking time, tp that is much faster than drift time i.e. tp  << td , the
output response becomes the first derivative of the current pulse (Fig. 74c). The height of the
output pulse is proportional to the initial current. However, with respect to full charge collection,
the energy equivalent of the electronics noise will increase as this scales with 1/√τ, where τ (=RC)
is the shaper time constant. At high luminosities, pileup also influences the choice of the value of
τ. Pileup scales as √τ. As an example, the optimized value for τ gives
tp≈40 ns for the ATLAS “accordion” e.m. calorimeter..
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Figure 74: a) Induced current and integrated charge, b) bipolar shaping function and c) the shape of the output
pulse, all as a function of time.

12.3 Examples of Noble Liquid Calorimeters

Conventionally ionization chambers are oriented perpendicularly to the incident particles.
However in such a geometry it is difficult to
• realize fine lateral segmentation with small size towers, which in addition need to be projective

in collider experiments,
• implement longitudinal sampling,

without introducing insensitive regions, a large number of penetrating interconnections, and long
cables which necessarily introduce electronics noise and lead to significant charge transfer time.
To overcome these shortcomings a novel absorber-electrode configuration, known as the
‘accordion’ (Fig. 75, [33]), has been introduced, in which the particles traverse the chambers at
angles around 450.

In a variant, the NA48 [34] experiment has chosen an arrangement of electrodes that is almost
parallel to the incident particles. With such structures the electrodes can easily be grouped into
towers at the front or at the rear of the calorimeters. In ATLAS the absorber is made of lead
plates, clad with thin stainless steel sheets for structural stiffness and corrugated to the shape shown
in Fig. 75. Details of the sampling structure are also shown. The read-out electrodes are made out
of copper clad kapton flexible foil and kept apart from the lead plates by a honeycomb structure.
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Figure 75: Top) the “accordion” structure of absorber plates of the ATLAS ECAL, below) details of the electrode
structure.

Figure 76: The distribution of the reconstructed energy Figure 77: The fractional energy resolution for the
for 300 GeV electrons in the ATLAS ECAL. ATLAS barrel prototype ECAL.

The results from a beam test of a large ATLAS prototype are shown in Figs. 76 and 77. The
electron shower is reconstructed using a region of 3x3 cells each of a size of ≈ 3.7 cm x 3.7 cm.
The distribution of reconstructed energy for 300 GeV electrons, over a large area, is shown in
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Fig. 76. The fractional energy resolution is shown in Fig. 77 and can be parameterised as

∆E

E E E
GeV  

%
  

.
  . %≈ ⊕ ⊕10 0 28

0 35

where E is in GeV. The response of more than 150 cells over a large area has also been measured.
The cell-to-cell non-uniformity is measured to be ≈0.58%. The major contributions come from
mechanics (residual φ-modulation, gap non-uniformity, variation of absorber thickness) and
calibration (amplitude accuracy). The large flux of isolated electrons from W or Z decays will be
used to establish cell-to-cell intercalibration.

13. COMBINED E.M. AND HADRONIC CALORIMETRY

The LHC pp-experiments have put more emphasis on high precision e.m. calorimetry. This is not
compatible with perfect compensation. For example the electromagnetic energy resolution of the
compensating ZEUS U-calorimeter is modest. The e.m. (σE) and hadronic (σh) resolutions are
given by  

σ σE h

E E
and

E E
  

%
       

%= =17 35

Nevertheless it is very important to ensure:
• a Gaussian hadronic energy response function (a moderate energy resolution is acceptable),
• hermiticity
• linearity of response, especially for jets.

Figure 78: Distribution of reconstructed energy of 300 GeV pions [8, HCAL TDR].

As an example in CMS this is done by introducing multiple longitudinal samplings. Reading out
separately the first scintillator plate, placed behind the e.m. calorimeter, allows a distiction to be
made between the cases where an e.m. shower has developed in the crystals (little signal from the
first scintillator) and the ones where a hadronic shower has started (signal from the first
scintillator). The energy observed in the first scintillator therefore allows a correction to be made.
In fact the correction can be somewhat ‘hard-wired’ by choosing an appropriate thickness for the
scintillator. The longitudinal leakage can also be up-weighted by increasing the thickness of the



68

last scintillator. The measured energy distribution for 300 GeV pions in the CMS baseline is
shown in Fig. 78. The tails are kept below a few percent.

The test beam results of the combined calorimetry of ATLAS (LAr ECAL and Fe/Scintillator
HCAL) are shown in Fig. 79. The data are compared with results from two simulation codes
namely Fluka and GCALOR. Use is made of three energy-independent corrections for the:
• intercalibration between the e.m. and hadronic calorimeter
• energy lost in the cryostat wall separating the two calorimeters
• non-compensating behaviour of the e.m. calorimeter. A quadratic correction is made.

The above procedure minimizes the fractional energy resolution but results in a systematic
underestimation of the reconstructed energy: by 20% at 30 GeV and decreasing to ≈10% at 300
GeV. Other weighting methods, which have the effect of simultaneously minimizing the non-
linearity and the energy resolution can also be employed.

Figure 79: The energy resolution for pions compared with FLUKA and GCALOR simulation codes.

The hadronic cascade simulation codes such as FLUKA, GHEISHA and GCALOR have improved
substantially and can now be used with some confidence in the design of hadron  calorimeters.

14. TRIGGER AND DATA ACQUISTION SYSTEM

The bunch crossing rate at the LHC is 40 MHz. At high luminosity about 1 billion pairs of
protons are intereacting every second. The role of the trigger and data acqusition system is to
look at (almost) all the bunch crossings, select about one hundred of these containing the most
interesting events, collect all the detector information corresponding to these and record on
permanent storage for offline analysis. This is a daunting task because the selection process:

• must be highly efficient. Since only data from about 100 crossings can be recorded the vast
majority of the events have to be rejected. However none of the few expected rare events should
be missed.

• should not introduce any bias.
• should cause as little deadtime as possible.
• must use data from the same crossing for all sub-detectors. This requires synchronisation of

millions of channels.
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• needs an information super-highway as the 20 or so interactions every 25 ns lead to the
generation of 40,000 Gbits/s. The data flow has to be reduced as quickly as possible by high
selectivity.

• is carried out in real time i.e. one cannot go back and recover lost events. It is essential to
monitor the selection process.

A typical trigger and data acquisition system consists of four parts : the detector electronics, the
calorimeter and muon first level trigger processors, the readout network and an on-line event filter
system. As an example the functional view of the CMS system is shown in Fig.80

40 MHz, 
100 Tbytes/s

1 05 Hz, 
100 Gb/s

102 Hz, 
100 Mbytes/s

Detector Frontend

Computing services

Event Flow 
Control

Level-1

Switch fabric

Readout

Farms

Controls

Figure 80: The functional view of the CMS trigger and data acquisition system.

The Level-1 Trigger System is required to reduce the bunch-crossing rate of 40 MHz to an event
rate of 100 kHz. Upon receipt of a Level-1 trigger the data from the pipelines are first transferred
to ‘derandomizing’ memories that can accept the very high instantaneous input rate ( the Level-1
can accept several events within the space of ≈ ten crossings even though the average rate is much
lower). These memories are emptied into readout buffers: usually many individual channels are
multiplexed over a single readout link. After further signal processing (e.g. digitisation,
deconvolution) zero suppression and/or data compression takes place before the reduced amount
of data are placed in dual-port memories for access by the DAQ system. Each physics event (≈1
Mbytes large) is contained in about 500 front-end Readout buffers. To further analyse the event
it is necessary to transfer the data form the 500 Readout units to a single processor running the
appropriate physics selection algorithm. The input rate of 100 kHz is thus reduced to the 100 Hz
of sustainable physics. The‘event building’ is performed using a data switch, somewhat similar to
a telephone exchange; in fact use will certainly be made of switching technologies from the
telecommunications industry. The most important elements, and also the most difficult ones to
develop, are the front-end buffers, the switch that will connect these memories to the processor
farm and the physics selection selection algorithms.

14.1 Level-1 Trigger

Since the detector data are not all promptly available and the selection process is highly complex,
it is carried out by successive approximations called trigger levels.

The search for new physics involves the study of hard interactions. Hence the first trigger step
(Level-1) looks for any one or a combination of the following entities: high transverse
momentum muons, high transverse energy photons, electrons, or jets, significant missing Et (to
find neutrinos). Track stubs in the muon system or energy deposits in the calorimeters  are used
to create the so-called trigger objects: isolated e.m. clusters, muons, jets, Et

miss etc. The selection is
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based on e.m. and/or hadronic clusters and/or muons with transverse energy and momentum
above certain pre-loaded thresholds in trigger processors.

The time required to make the Level-1 decision is between 2 to 3 µs. Most of the time is taken by
propagation delays on cables between the detector and the underground counting room where the
trigger logic is housed. There is not much time to combine information from sub-detectors and
only elementary operations with elementary conditions are possible. Reduced granularity (e.g.
information from groups of 25 crystals are combined to form one trigger-tower, of typical size
∆η×∆φ ≈ 0.1×0.1, in the case of CMS ECAL) and reduced resolution (e.g. 8-bits instead of full
12-bit information is used for energy in the CMS ECAL trigger towers) data are used to form
trigger objects.

An example from ATLAS of how an isolated e.m. calorimeter is selected is shown in Fig. 81.
There are some 4000 ECAL and geometrically matching 4000 HCAL trigger towers each giving
an 8-bit value every 25 ns.

 > Et cut
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Figure 81: Selection of isolated e.m. clusters at Level-1 Trigger in ATLAS

The Level-1 selection proceeds as follows: the energy in a ‘hot’ trigger tower is combined with
that from the hottest one in either η  or φ (Fig. 81) the transverse energy of the sum should be
greater than some Et

cut , an isolation condition is applied. For an isolated cluster the transverse
energy in the 12 towers surrounding the central 2x2 has to be smaller than Et

em. Furthermore the
transverse energy leaking into the HCAL (sum energy in the 16 HCAL towers behind) for an e.m.
shower has to be smaller than Et

had.

The above algorithm is applied for each of the 4000 window positions representing a massive
computing task. Pipelined and parallel processing  is employed. Pipelined processing means that
the logic is organised in a chain of operations to be performed one after the other for each
crossing. Each processing element in the chain performs its function in 25 ns and passes its result
to the next element in the chain. Data corresponding to successive bunch crossings follow each
other down the processing ‘pipe’. Parallel processing means that many processing elements act in
parallel, for example performing the same operations on different data.

The above algorithms algorithms can be extended to triggers on taus or jets. For a τ-trigger, the
vertical and horizontal sum transverse energy of the two (2×1) or four (2×2) trigger towers in
both ECAL and HCAL should be greater than some cut Et

cut. The isoation is applied only in the
ECAL as above. For jet triggers the transverse energy is summed in 4×4 trigger towers in both the
ECAL and the HCAL. A sliding window can be employed centred on blocks of 2×2 towers.

For muon triggering ‘roads’ are defined from one station to the next. The width of the road
depends on the desired pt threshold. The calculation allows for magnetic deflection and multiple
scattering. An example, from CMS, is shown in Fig.82.
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Figure 82: Schematic of  Muon Level-1trigger in CMS using ‘roads’.

Each of the barrel stations consist of two sets of 4 planes of drift tubes measuring the r-φ co-
ordinate. The two sets are separated by about 20 cm and hence a ‘primitive’ giving the track
direction can be created. This is used to project to the next station and if a consistent primitive is
found there the process is continued. This allows muon finding and a yes or no answer for the
trigger.

The trigger rates for e.m clusters for ATLAS and muons for CMS are illustrated in Figs. 83 and
84. The efficiency curves are also shown. Clearly for the lowest possible rate the turn-on in the
efficiency curve should be as steep as possible (ideally a step function).

  
Figure 83: Inclusive electron trigger rate at high Figure 84: Trigger efficiency curve for 40 GeV Et
luminosity (1034 cm-2s-1), without isolation (solid), electrons at high luminosity (1034 cm-2s-1).
requiring only hadronic isoaltion (dotted) and requiring
both electromagnetic and hadronic isolation (dashed).
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Figure 84:

For events within the geometric acceptance of the detector the trigger ‘cocktail’ and the rates at
high luminosity (1034 cm-2s-1) for CMS are detailed in Table. 7. The physics efficiency (for events
within the geometric acceptance of the detector) using these cuts for some example channels is as
follows: H(80 GeV) → γγ - ≈ 99%, H(150 GeV)→ 4l - ≈ 100%, pp → ttbar → eX – ≈90%,
ΣSUSY - ≈ 85%. The cumulative rate of 30 kHz is predicted. However a margin for error is taken
and both ATLAS and CMS are designing their systems to handle at least 100 kHz of input rate.

Table 7: Trigger rates in CMS running at high luminosity for 90% efficiency of selection

Type

Calo.

Et
cut

GeV

Individ.

kHz

Increm,

kHz

Type

Muon

Et
cut

GeV

Individ.

kHz

Increm.

kHz

Sum Et 400 0.3 0.3 1 µ 20 7.8 7.8

Et
miss 200 0.9 2µ 4 1.6 9.2

1 e.m 33 5.3 1µ+1e.m 4/8 5.5 14.4

2 e.m. 20 1.3

1 jet 140 1.0 1µ+1 jet 4/40? 0.3 14.4

Multijets various 3.0 1m+ Et
miss 4/60? 1.0 15.3

1 em+1jet 14/50 0.3

Cumul. 12.1 Cumul. ≈15

Numbers need checking

14.2 Higher Level Triggers and Data Acquisition

The output rate from the Level-1 trigger has to be reduced to 100 Hz by using more complex
algorithms. In CMS all this will be carried out in a processing farm. The farm will consist of about
500 computers with the capability of 1000Gips (Giga instructions per second). The aim is to
initially bring to the farm only the full granularity and full-precision calorimeter and/or muon
system data. The Level-1 trigger will point to the region of interest (ROI) for further analysis. A
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factor of 5-10 reduction in rate is to be achieved by refining the energy or momentum
measurement and applying a sharper cut. The isolation condition is also refined. The tracker data
corresponding to the ROI may then be pulled into the processor through the switch. For example
matching e.m. clusters or track segments in the muon system to tracks in the ROI, both in space
and in energy/momentum, will enable the rate to be further reduced. At each level of refinement
more data are brought into the processor but for fewer and fewer events. The final step will use
the full event data and almost full event reconstruction and physics analysis will be carried out. In
this way the bandwidth needed in the switch can be minimized. Nevertheless a switch network of
about 500 Gbits/s is required. It is estimated that the data rate that will be handled by the LHC
experiment event builders is equivalent to the data rate exchanged by World Telecom today
(1998).

15. CONCLUSION

Much R&D has been carried out during the last 8 years to develop detectors that could cope with
the harsh conditions anticipated in the pp LHC experiments. These detectors are not just bigger
versions of the current detectors but are substantially different, innovative and at the frontier of
technology. Improvements in techniques used in particle detection have always been essential to
explore uncharted territory. The ATLAS and CMS detectors should be capable of discovering
whatever Nature has in store at the TeV energy scale.
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 JINR PROGRAMM E IN HIGH ENERGY PHYSICS
 A. Sissakian
 Joint Institute for Nuclear Research, Dubna, Russia

Abstract

 Information about the current status of Joint Institute for Nuclear Research and its
High Energy Physics programme is presented.

1. GENERAL INFORMATION ABOUT JINR.

 1.1. Histor ical background.

 The Joint Institute for Nuclear Research (JINR) is situated in Dubna, a small town located about
120 km north of Moscow. This town appeared in the late 1940s in hard times after the end of
World War II as part of the USSR Nuclear Defense Programme on the initiative of Igor
Kurchatov, an outstanding Soviet scientist who was responsible for the Programme at that time
and who also had a perfect understanding of the importance of fundamental research.

 JINR — as the international centre — was founded in March of 1956 (in Khruschev
times) on mutual agreement of the governments of Albania, Bulgaria, China, Czechoslovakia,
Hungary, the Socialist Republic of Vietnam, the German Democratic Republic, the Democratic
People’s Republic of Korea, Mongolia, Poland, Romania, and the Soviet Union. The USSR
handed over to the new institution two laboratories located in Dubna. After the establishment of
JINR — an international organization for fundamental research in nuclear science — Dubna
became an open town.
 It is necessary also to mention that the formation of various scientific fields of research
at JINR was initiated by a number of some outstanding scientists of the Institute’s Member States
including the first directors Dmitri Blokhintsev and Nikolai Bogoliubov.

1.2. JINR’s Char ter; membership and internal organization.

 The Joint Institute was created in order to unify intellectual and material potential of Member
States to study fundamental properties of matter.
 The Charter of JINR was adopted in 1956, later on it was revised and newly adopted in
1992.
 In accordance with the Charter the activity of the Institute is realized on the basis of its
openness, mutual and equal cooperation for all i nterested parties to participate in research.
 The main governing body of our Institute is the Committee of the Plenipotentiaries of the
Member-State Governments. Each State contributes to the JINR budget.
 The JINR structure is ill ustrated on Figure 1.
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 Figure 1. Joint Institute for Nuclear Research Structure.
 

 In accordance with new Charter more than 1/3 of Scientific Council now consists of non-
member state scientists (from CERN, France, Germany, Italy, USA). H. Shopper, P. Spill antini,
G. Piragino, F. Legar, B. Peyod, F. Dydak, C. Detraz, G. Trilli ng, M. Della Negra, L. Masperi, et
al. are among the members of SC.

 The aim of the Institute is:
• to carry out theoretical and experimental investigations on adopted scientific topics;
• to organize the exchange of scientists in carrying out research,  of ideas and information by

publishing scientific papers, organizing conferences, symposia etc.;
• to promote the development of intellectual and professional capabiliti es of scientific

personnel;
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• to maintain contacts with other national and international scientific organizations and
institutions to ensure the stable and mutual cooperation;

• to use the results of investigations of applied character to provide supplementary financial
sources for fundamental research by implementing them into industrial, medical and
technological developments.

 The results of investigations carried out at the Joint Institute for Nuclear Research can be
used solely for peaceful purposes to the benefit of mankind.
 So until the late 80’s Dubna was a centre which unified the efforts of leading research
groups of nuclear sciences of the so-called “socialist countries” and the Soviet Union.

 After the disintegration of the USSR the membership of JINR underwent the following
changes: The majority of East European countries, such as Poland, the Czech and Slovak
Republics, Bulgaria, Romania continue to be Member States of our Institute and contribute in the
budget. Germany stays as an observer and makes a substantial financial contribution. Most of the
former Soviet Union republics which became independent states of the CIS (Common-wealth of
Independent States) entered JINR as new members.
 I would li ke here to remind you the words of great Russian writer A. Chekhov who
said:”…there is no national science as no national multipli cation table. If the science is a national
one — this is not a science anymore…”. JINR is a perfect ill ustration of this idea…
 The participation in the Institute can be realized in different forms: on the basis of
membership, bilateral and multil ateral agreements to perform particular scientific programmes.
JINR Member States contribute financially to the Institute’s activity and have equal rights in its
management.

 JINR has at present 18 Member States (Table 1).
 

 Table 1
 JINR Member States

 
 Armenia  Moldova
 Azerbaijan  Mongolia
 Belarus  Poland
 Bulgaria  Romania
 Cuba  Russian Federation
 Czech Republic  Slovak Republic
 Georgia  Ukraine
 Kazakhstan  Uzbekistan
 D.P. Republic of Korea  Vietnam

 
 JINR has special cooperation agreements concluded on governmental level with:
• Germany (in the field of theoretical physics, heavy ion physics, condensed matter physics

and high energy physics);
• Hungary (in the field of condensed matter physics);
• Italy (in the field of intermediate and low energy physics);

 Recently the Agreements were signed with UNESCO and CLAF (Latin America Centre
on Physics).
 Among the major partners with whom JINR has long-term cooperation agreements are:
 
• CERN, in the field of high energy physics;
• IN2P3 (France), in the field of nuclear and particle physics;
• INFN (Italy), in the field of nuclear and particle physics;
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• FNAL, BNL, SLAC and other research centres in USA.
 JINR is also an associated member of EPS, has observer and/or members in ICFA,

ECFA, IUPAP and other international unions. The latest politi cal changes in Eastern Europe and
especially in Russia have been making JINR more and more open. New collaborating countries
are welcomed to join JINR.
 Today JINR is a large centre with a total staff close to 6000 including services and
workshop. Approximately 1100 scientists work in it. Among them there are about 40% from
member-states (but Russia).
 The internal JINR organization is determined by scientific specialization. There are 7
Laboratories in the Institute:
• Bogoliubov Laboratory of Theoretical Physics (BLTP);
• Laboratory of High Energies (LHE);
• Laboratory of Particle Physics (LPP);
• Laboratory of Nuclear Problems (LNP);
• Flerov Laboratory of Nuclear Reactions (FLNR);
• Frank Laboratory of Neutron Physics (FLNP);
• Laboratory of Computing Techniques and Automation (LCTA).
 Each Laboratory (but BLTP) has its own design and construction divisions which
develop and manufacture non-standard equipment for particle accelerators, detectors and other
experimental faciliti es. The staff of these divisions totals about 370 engineers, technicians and
workers.
 A number of associate Experimental Physics Workshops are also part of the Institute.
 The personnel of the JINR Experimental Physics Faciliti es Division totals about 400. It
is equipped with everything necessary to manufacture large-sized non-standard faciliti es,
electronics, and has technological li nes for constructing detectors for high energy physics. It was
there that the main units of JINR’s heavy ion cyclotrons U-400 and U-400M were constructed in
recent years, as well as the Nuclotron —  a new superconducting accelerator for relativistic
nuclear physics. It is an excellent result especially taking into account a diff icult economic
situation in Russia of the last years.
 As certainly known well , nuclear science and in particular its frontier Particle Physics or
High Energy Physics is rather an expensive field of research. Of course it is very well understood
now that deep fundamental studies have always resulted in huge technological benefits. And the
great discoveries of the past such as electricity, magnetism, etc. have never been paid off , and all
the investments to fundamental science in the whole world is still a negligible part compared to
the benefit that mankind got from it. It would be fare to say that mankind is eternally indebted to
fundamental science.

 Now few words about JINR’s international cooperation.
 Despite the present hard economic and financial situation in most of JINR’s Member
States, which of course has greatly affected the ongoing research programme of the Institute,
many scientific groups from Dubna continue to participate in largest projects of world’s major
centres.

 The intensity of JINR international cooperation events can be demonstrated by the
following:
• approximately 1200 our specialists participated in 1997 in joint experiments and

international conferences in outside JINR;
• more than 1000 scientists from collaborating laboratories and centres visited Dubna

annually;
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• each year JINR organizes about 50 conferences,  workshops and other scientific meetings
(among them the International Conference for HEP accelerators  HEACC-98  was held
in Dubna on September, 1998);

• Together with CERN JINR participated in the organization of the European School on HEP
annually (formerly JINR-CERN School of Physics since 1970);

• JINR scientists participated in more than 150 international conferences held world-wide
annually.

 1.3. On for thcoming JINR reforming.

 Since the beginning of 1998 JINR started a programme of new reforms to be accomplished
within 3-4 years. The urgency of reforming JINR is dictated by a number of factors, and first of
all by the diff icult economic and financial situation, that will most probably continue in the
future. Unfortunately, despite the decisions of the Committee of Plenipotentiaries,  many of the
JINR  Member States fail to fulfill t heir financial obligations toward the Institute. During the past
several years, the Directorate had to make extraordinary efforts to secure adequate budgetary
funding, but the actual implementation of budget was about 60-65% of the approved annual one
(37.5 M$ per year). It is quite clear that such low level of f inancing urges the reforms in order to
concentrate the financial and human resources only on the most important directions of JINR’s
activity. One of the timely and important steps toward this should be a reasonable solution to
enhance centralization of the Institute management and reduce the excessive number of
administrative functions and services in all the Laboratories.
 The reforms are proposed to be done in two stages. The main tasks to be solved at the
first stage are as follows:
• Centralized operation and management of the JINR basic faciliti es;
• Optimization and reduction of infrastructure;
• New staff policy.
 
 The Directorate believes that a guaranteed stable operation of the JINR faciliti es should be
achieved through a centralized management of the faciliti es and by a policy of tight economy of
resources. Now we can mention with satisfaction that the reforms have already yielded the first
positi ve results in this area.

 The reform in the field of the overgrown infrastructure of JINR is directed to a maximum
reduction of doubling services and transfer of a part of the buildings for rent, including by JINR
self-supported divisions.
 The proposed reforms envisage a general reduction of the Institute’s personnel with a
tempo not less than 25% during 3 years. The reduction is aimed at:
• a higher inflow of young scientists to JINR,
• an increase in salaries.

The reduction is regarded by the Directorate as a delicate question requiring measures
for social protection of the dismissed personnel, and will be done in cooperation with the
municipal authorities of the town Dubna.

The second stage of reforms will be connected with the field of scientific research.
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2. JINR IS A MAJOR PARTNER OF WORLD’S HEP LABORATORIES.

2.1. JINR’s international cooperation in high energy physics.

Broad international cooperation is one of the most important principles of the JINR activity.
Almost all i nvestigations are carried out in a close collaboration with JINR member-state
scientific centres as well as international and national institutions and laboratories of the world.
The most effective cooperation is realized with such institutes of Russia as IHEP (Protvino),
Kurchatov Institute in Moscow, Institute of Nuclear Physics in Gatchina near St. Petersburg,
ITEP (Moscow), INR (Troitsk), Lebedev Institute of Physics (Moscow), Moscow State
University et al.

A fruitful scientific cooperation is being held with CERN, especially in the last years, as
well as with many physics laboratories in USA, France, Germany, Italy, and other countries.
Cooperation with Nuclear Scientific Centre of Peking University (China) is being developed, a
Protocol on collaboration has been signed between JINR and the Institute of Modern Physics of
Academia Sinica. The JINR Directorate is ready to maintain constant and long-term contacts
with laboratories of other countries as well .

The Figure 2 shows a current status of JINR International Cooperation in HEP.
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Figure 2. JINR International Cooperation in HEP.

2.2. Cooperation with CERN.

Dubna physicists are involved in a big part of the CERN experimental programme. The general
Agreement between JINR and CERN was signed in 1992, but cooperation between two
international organizations has a very long history.
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The Table 2 shows the experimental projects in which Dubna research groups are
involved at CERN.

Table 2
CERN Experiments where Dubna is involved

Project Location a) main goals
b) JINR contribution

NA48 SPS
CERN

a)  Highest precision direct CP-violation searching in neutral kaons
decays.

b)  Subsystems design & construction; data taking runs. Data analysis.

NA49
SPS

CERN
a) Search for the predicted phase transition from hadrons to deconfined

quarks and gluons in Pb+Pb-colli sions at SPS.
b) 900-channel time-of-f light detector for identification of h±, K±, p, p,

d and d. Data analysis.
NOMAD SPS

CERN
a)  Search for νµ→ντ and νµ→νe oscill ations.
b)  Data taking & analysis; new proposal preparation.

COMPASS SPS
CERN

a) Hadron structure and hadron spectrometry on high rate hadron and
muon beams; q&g contribution to nucleon spin; polarization of
nucleon sea q’s etc. Glueballs Search for exotics.

b) Hadron Calorimeter, Muon Detector, large area track chambers.
DIRAC PS

CERN
a) 5% accuracy test of low en. QCD by 10% precision (π+π-) atom li fe

time measurement.
b) JINR proposed experiment; Drift Chambers; secondary particles

channel; trigger development; MC simulation & software. Data
taking RUNs, data processing & analysis.

DELPHI LEP
CERN

a) Precision measurement of m (W), search for new particles, etc.
b) Continue to maintain Hadron Calorimeter and Surround Muon

Chambers; physics analysis.
ATL AS LHC

CERN
a) General purpose pp-experiment.
b) Subsystems: calorimeters; muon, transition radiate detection; radiate

hardness tests; physics software & simulation; trigger and data
acquisition.

CMS LHC
CERN

a)  General purpose pp-experiment.
b)  Subsystems: forward mu-station, hadron END CAP Calorimeter;

e/m cal preshower; simulation. Heavy ion physics.
ALICE LHC

CERN
a) Heavy ions relativistic beams. Study of q-g plasma and phase

transition.
b)  Warm dipole Magnet; large scale Pestov counters production.

Detector assembly. Data taking runs. Data processing & analysis.
R& D for LHC

Accelerator
Complex
Elements

LHC
CERN

a)   Development & construction of LHC beams formation & control
system elements.

b)   Design & construction of transverse oscill ation damping system.
Simulation & prototypes study.

The Figure 3 gives a picture on the scale of Dubna contribution to some CERN Projects.
The very first MODULE 0 for the Atlas Hadron Barrel Tile Calorimeter was successfully

assembled in Dubna on the 6 meters in diameter rotating table of the milli ng-boring shop-
machine.
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Figure 3. MODULE 0 in Dubna.

Russian, Slovakian, Belarus industries were involved in manufacturing of the module.
JINR, IHEP, ANL, PISA, Barcelona, Prague contributed a lot to this activity.

2.3. Cooperation with IHEP (Protvino).

JINR scientists are carrying out experiments at IHEP’s U-70 proton synchrotron with the help of
such set-ups as Tagged Neutrinos, EXCHARM, HYPERON, Neutrino Detector, and others. The
most essential features of our scientific programme on 70 GeV accelerator of Protvino are
summarized in this Table.

Table 3
JINR’s participation in research at U-70

EXCHARM
Search for exotic states with strange quarks, study of processes of
production and decay of particles containing heavy quarks.

HYPERON Investigations of rare K-meson decays.

NEUTRINO
DETECTOR

Investigations of neutrino oscill ations and neutrino-nucleon interactions.

TARGGED
NEUTRINO
COMPLEX

Verification of the universal features of weak interactions; search for
rare decays in neutrino interactions; search for CP-violation in K-
decays.

PROZA-DIBARION Measurements of polarization parameters of πN and NN interactions.
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3. JINR’S SCIENTIFIC POTENTIAL.

3.1. Technical possibili ties of JINR Laborator ies for HEP experiments.

Technical possibiliti es of JINR Laboratories for HEP experiments are as follows:
track and semiconductor detectors (Laboratory of Particle Physics), superconducting

magnetic systems, polarized targets; cryogenic systems in Laboratory of High Energies; wire
proportional chambers, pressurized drift tubes, electromagnetic and hadron calorimeters,
radiation-proof big-sized scintill ation counters in Lab. of Nuclear Problems, radiation tests by
fast neutrons in Laboratory of Neutron Physics, etc.

3.2. Dubna accelerators and reactors.

The main fields of the Institute’s investigations are theoretical physics, elementary particle
physics, relativistic nuclear physics, physics of low and intermediate energies, heavy ion physics,
nuclear physics with neutrons, condensed matter physics, radiobiology and nuclear medicine,
experimental instruments and methods.

The major faciliti es of the Institute for experimental investigations are the nuclotron,
synchrophasotron, phasotron, U-400 and U-400M cyclotrons, IBR-2 and IBR-30 neutron
reactors.

The new superconducting accelerator Nuclotron was put into operation three years ago.
It will enable to perform a wide programme of research in relativistic nuclear physics. The
injection complex is being developed consisting of a buster, linac and ion sources. This complex
will allow one to accelerate nuclei from hydrogen to uranium with the intensity from 1013 to 108

particles per pulse respectively in the energy range of 6� 7 GeV per nucleon. Polarized deutron
beams are foreseen.

Research programme on NUCLOTRON is executing and I give one recent new result on
the determination by studying of cumulative protons production with θpp=1090. Experiment was
performed on internal deuteron 2 GeV/nucleon beam of NUCLOTRON with the carbon target on
orbit. It was found that in the cumulative protons production the transversal dimension (r0) of the
interaction region for incoming deuterons is noticeably larger than for incoming protons (Figure
4).

Figure 4. The Studying of Cumulative Protons Production on Nuclotron.
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Synchrophasotron is an accelerator of 10 GeV protons put into operation in 1957. In the
70’s the acceleration of nuclei heavier than hydrogen, that is deuterium, lithium, carbon, fluorine
and magnium, was accomplished in the broad energy spectrum from a few hundred MeV to 4.5
GeV per nucleon. Average densities of beams range from 104 to 1011 ion/cm2s depending on the
atomic number of accelerated nuclei and experimental requirements (Figure 5).
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Particles obtained Number of particles per

cycle

Energy of particles

protons 4×1012 8-10 GeV

deutrons
3He
4He
7Li
12C
16O

20Ne
24Mg
28Si
32S

1×1012

2×1010

5×1010

2×109

1×109

5×107

1×104

5×106

3×104

3×103

3.6 GeV/nucleon

Figure 5. Synchrophasotron  accelerator of polarized protons and deutrons.

Synchrophasotron beams attracts physicists from all the world. Wide international
collaboration SPHERE has recently performed the study of the nuclear matter at short distances
in experiments with polarized deuteron beams to separate contribution from S and D components
in the deuteron wave function.

In order to clarify the reactions mechanism and the structure of non-nucleon degrees of
freedom the new experiment with the polarized deuteron fragmentation into cumulative hadrons
has been performed. The observed difference of MODEL — to — experiment data is especially
large for K=0.2 GeV/c where it would be natural to expect the manifestation of non-nucleon
degrees of freedom in the deuteron wave function (Figure 6):
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Figure 6. The Measurement of the Tensor Analyzing Power T20 in Inclusive Polarized Deuteron
Fragmentation into Pion at Zero Angle.

Phasotron is an accelerator of 680 MeV protons. It was put into operation in 1949,
reconstructed in 1984 and represent the oldest basic facilit y of JINR. 10 beam channels are
available at this machine which are used to carry out experiments with pions, muons, neutrons
and protons. 5 secondary beams are designed to carry out medical investigations. The intensity of
the  extracted proton beam is 2 mkA. The research programme at the phasotron includes low
energy proton-nuclei interactions, mu-catalysis physics. Radiochemistry and applied physics
(including cancer therapy, proton, pion, meson beam, radioisotopes etc.) are currently the
noticeable part of phasotron programme.

U-400 is a heavy ion isochronous cyclotron constructed in 1978. The range of
accelerated  nuclei is  (A/Z)=4 — 20,  energy is 650 Z2/AMeV, beam  intensity is 1012 —
1014 ion/s.

U-400M is an isochronous cyclotron put into operation in 1991-92 to accelerate heavy
ions. It produces ion beams of atomic masses from 4 to 100 and maximum energy up to 25
MeV/nucleon and beam intensity from 1012 up to 1014 ion/s. It is designed to operate in the
cyclotron U-400+U-400M complex and allows to accelerate ions from hydrogen up to uranium in
the range of energy 120 — 20 MeV per nucleon respectively with the average beam intensity of 4
— 1013 — 1011 ion/s. The main areas of research include synthesis of new elements, investigation
in the chemistry of new transferium elements, and studies of the radioactive decay of heavy
nuclei far from beta-stabilit y.

The Figure 7 shows the cyclotrons U-400 and U-400M.
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U-400 U-400M

Cyclotron Particles obtained Energy of Particles Beam Intensity

ions/sec

U-400 ions B÷Zr 650 Z2/AMeV 10121014

U-400M ions B÷Zr 12020 MeV per

nucleon

4×10131011

Figure 7. Accelerators U-400 and U-400M.

On the U-400M accelerator there was recently obtained quite a new result. In the study
of the reaction of 2 neutrons transfer from 6He to 4He we have detected — for the first time —
the di-neutron bounded state in the nuclei field. Secondary 6He was registered in CMS angular
interval of 10 — 1600.  The observed effect is the increase of 6He yield at the angles Θ>1000

The experiment is expected to be continued with another configuration which provides a
detection of low-energy 6He in angular range more than 160 degrees.

Another very interesting achievement is that during 1998 experiment there was
synthesized the most heavy — of known — nuclei 283Z112 in the reaction chain
U+48Ca → (compound) → 3n + 283Z112. The searches of 114th element of the Mendeleev periodic
table are in progress. This element expectedly has a long time of li fe. Discovery of such an
element would manifest the existence of the “island of stabilit y” .

IBR-2 is a pulsed reactor with average thermal power 2 MW and peak power in pulse
1500 MW. The wide programme of the condensed matter studies was performed on this reactor.
Power pulses with a frequency of 5 Hz are generated by reactivity modulators (Fig. 8).
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IBR-30+LUE-40 is a pulsed neutron source consisting of old pulsed reactor IBR-30 and
electron 40 MeV linac LUE-40. The average heat power of the reactor is 10 kW, instant pulse
power is 150 MW. It generates neutron pulses with frequency about or less than 100 Hz and
duration of 4.5 µs. The total neutron yield is 5×1014 n/s, the flux of fast neutron at surface of
active core is about 1012 n/cm2s.

Reactor Particles

obtained

Thermal Power Pulse Power Frequency of

Power Pulses

IBR-2 neutrons 2 MW 1500 MW 5 Hz

IBR-30+

LUE-40

neutrons

γ-quanta 10 kW 150 MW ≤100 Hz

Figure 8. IBR-2  pulsed reactor:

3.3. Dubna High Performance Computing Centre.

The very important element of the Dubna infrastructure is the Satellit e Space Station. Through
this station and Laboratory of Computing Techniques and Automation we develop of interfaces
with international computer networks to provide a prompt contact between JINR and other
research centres of the world community of scientists.

Regarding the computing faciliti es, at JINR there is a whole diversity of computational
problems in various fields of physics, which need powerful computing resources. They involve
problems of theoretical and mathematical physics, solid state physics problems, experimental
data processing problems, especially in HEP. Following the world tendency in the field of
computing for science and higher schools and the progressive requirements of users, the LCTA
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developed a conception of establishing a High Performance Computing Centre (HPCC) at JINR.
It should be read as a balanced development of four main components of HPCC, namely:

• Telecommunication systems:
• External communication channels (INTERNET);
• High-speed JINR ATM Backbone;

• Systems for powerful computations and mass data processing:
• General High-performance server;
• Clusters of workstations of JINR laboratories and experiments;
• Computing farms (PC-farms);

• Data storage system:
• File servers system based on AFS;
• Mass storage system;
• Information servers and database servers;

• Software support systems:
• Systems for application creation and maintenance;
• Visualization systems.

 

  4. DUBNA AS AN EDUCATIONAL CENTRE.

 4.1. The University Centre of JINR.

 JINR gradually changes from a purely scientific research institution to an international centre in
which fundamental science, applied research, and engineering are closely connected with the
university education process. In 1991, the University Centre (UC) of Moscow State University,
Moscow Engineering Physics Institute, and Moscow Institute of Physics and Technology was
established at JINR.
 The UC students come from many institutes and universities of Russia, the former Soviet
Union, and JINR Member States. Students of 4th and 5th years and graduates are invited to study
at the UC for two years.
 The students complete here their university education. Classes include not only ordinary
courses in physics, but also intensive courses on subjects defined on the basis of JINR research.

 Structurally, it takes the form of a new satellit e “students” laboratory. Its prototype is the
currently working University Centre. This new training function of JINR is supposed to be
oriented to international demand.

 The Centre offers the following full -time graduate programmes:
 Nuclear Physics, Particle physics, Condensed Matter Physics.

 In the above three fields, the UC also offers the full -time theoretical physics programmes
on the basis of the Bogoliubov Laboratory of Theoretical Physics.

 The UC offers also Technical Physics, and Radiobiology.
 The full -time educational programme of the University Centre is two years long, though
it has also become a practice to accept students for shorter periods, such as one or two-month
intense courses on some selected topic. The working language for foreign students is English.
 Post-graduate students are also admitted to attend lectures on selected topics and take
part in scientific research at the JINR Laboratories.
 Students have wide access to the Laboratories of JINR and can work with scientists and
staff of the Institute, as well as to study under professors who are eminent in their fields.
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Graduate and post-graduate studies at the UC are based immediately on JINR’s research
conducted at a wide variety of world-renown faciliti es, for example, heavy ion accelerator U-400,
ion beam from the U-400M cyclotron, the nuclotron — a superconducting accelerator of
relativistic nuclei, the IBR-30 neutron booster, and the IBR-2 pulsed reactor (which is especially
fruitful in condensed matter research).
 Special importance is attached to the language education. Russian and English are taught
here as a second language.
 The UC has a post-graduate training li cense from the State Committee of Higher
Education of Russia. The post-graduate students are trained in the large scale of specialties:
 Physics of nuclei and elementary particles, Theoretical physics, Charged particle beam physics
and accelerator technique, Computational mathematics, Solid state physics, Physical experiment
technique, High energy physics...
 The International University of Nature, Society, Man (the University President is JINR
Director V.G. Kadyshevsky, University Rector is O.L. Kuznetsov, President of the Russian
Academy of the Natural Sciences) was opened in 1994 in Dubna. University works in the very
tight cooperation with JINR University Centre.
 

 4.2. International contacts of the UC.

 International scientific educational contacts have become a regular and well -established UC’s
activity.
 The UC has always kept high profile in the organization and conduction of international
scientific schools and training courses. Here are some typical examples.
 In 1995, the UC actively participated in the organization of two schools — on theoretical
physics (jointly with the Laboratory of Theoretical Physics) and on neutron physics (jointly with
the Laboratory of Neutron Physics). In September-October 1995, the International Nuclear
Information System (INIS) courses of IAEA were conducted in Dubna, which was largely
assisted by the UC. In 1996, the UC and Laboratory of Particle Physics organized jointly the
Young Scientist School on Problems of the Charged Particle Acceleration. Within the frames of
the cooperation between IAEA and JINR, the 9-week International Regional Post-Graduate
Educational Course on Radiation Protection was held in 1996 on the basis of the UC. In 1998,
the UC has conducted the International Summer School in memory of Bruno Pontecorvo.
 The UC is a participant of the European Mobilit y Scheme for Physics Students
(EMSPS). The European Physical Society has appointed the UC one of the Russian Federation
coordinators in the EMSPS.
 By the Partnership Agreement between JINR and European Physics Education Network
(EUPEN), the UC is included in EUPEN’s “Thematic Network” in Physics.
 UC also maintains ongoing contacts with CERN in the training of students and young
scientists.
 A number of graduate students from Western Europe had their specialized practice at
JINR’s laboratories, which was coordinated and assisted by the UC.
 UC also receives student groups from Europe coming here with visits of acquaintance.
 

 5. PLANS FOR FUTURE.

 JINR has the following projects for the development of new basic faciliti es:
 IREN (Intense Resonance Neutron Source) is a project aimed at constructing a high-flux
pulsed neutron source to carry out investigations with resonance neutrons.
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 The facilit y will comprise a modern 200 MeV electron linac and subcriti cal plutonium
booster having neutron multipli cation coeff icient 30. The pulse rate is 150 Hz, duration
 0.4 µs, total neutron yield ~1015 n/s. The research programme for the IREN includes investigation
of P- and CP-violations in slow neutron interaction with nuclei and other fundamental nuclear
physics topics. This project started of realization from 1994. It will be put into operation in 1999.

 cτ-Factory is a project of a new accelerator complex to comprise an electron-positron
colli der with an energy of 1.7 — 3 GeV in each beam and an injection system.
 The research programme for this complex will i nclude the study of Tau-lepton and τ-
neutrino physics, τ−charmonium spectroscopy, CP violation, charmed baryon physics and meson
spectroscopy. The design of specialized synchrotron radiation source (8 — 10 GeV, NK-10) is
under consideration.
 Particularly we investigate the possibilit y of the creation the Synchrotron Radiation
Source at JINR on the base of the NIKHEF (Amsterdam) AmPS machine.
 Accumulated scientific experience, available high quali fication “human resources” and
our realistic estimates of our financial possibiliti es give the reasonably balanced vision of our
nearest perspectives.
 
 JINR’s plans for the nearest future:
• Development of methodical and computing possibiliti es for participation in experimental

programmes of the world’s largest HEP laboratories (CERN, FNAL, IHEP and others).
• IREN construction.
• Development of the injector complex of the Nuclotron.
• Further development of the JINR University Centre.
• The use of JINR’s advanced infrastructure for holding international conferences, meetings

and schools.
 In conclusion of this part of my talk I would li ke to express the following opinion:
 The combination of JINR’s attractive scientific programme, development of new
technologies and our recent initiatives in the educational field make our Institute an interesting
and promising partner.
 

 6. THE STATUS OF HEP IN RUSSIA AND FSU-COUNTRIES.

 Speaking of the programme in high energy physics in the territory of the former Soviet Union,
one has to note the existence of serious economic diff iculties. Yet we believe that they are
temporary. This region has a rich background of applied and fundamental sciences. The world’s
largest proton accelerator in operation in the late 60’s was in Protvino, Russia. The prestige of
our HEP physicists in theoretical investigations, in accelerator and detector technologies was
always very high.

 Among the participants of European and world collaborations one can often see such
research centres as

 Institute for High Energy Physics (Protvino),
 Institute of Theoretical and Experimental Physics (Moscow),
 St. Petersburg Institute of Nuclear Physics (Gatchina),
 Budker Institute for Nuclear Physics (Novosibirsk),
 Institute for Nuclear Research (Troitsk, Moscow),
 Moscow State University,
 Lebedev Institute of Physics (Moscow),
 Kurchatov Institute (Moscow),
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 Moscow Engineering Physics Institute,
 Yerevan Institute of Physics and Yerevan University (Armenia),
 Institute of Physics (Azerbaijan),
 Belarus State University,
 Institute for High Energy Physics (Alma-Ata, Kazakhstan),
 Kharkov and Kiev institutes (Ukraine),
 Institute of Nuclear Physics (Tashkent, Uzbekistan)

 and others.
 These Institutes actively participate in HEP research programmes at CERN, DESY,
FNAL and some other world scientific centres.
 
 The main accelerating faciliti es used for research in high energy physics in Russia are:
 
• the 76 GeV proton synchrotron (IHEP, Protvino, near Serpukhov),
• the 7×7 GeV positron-electron storage rings VEPP-4 (Institute for Nuclear Physics of the

Siberian branch of the Russian Academy of Sciences, Novosibirsk),
• the synchrophasotron for acceleration of protons (10 GeV) and atomic nuclei, and Nuclotron

(Joint Institute for Nuclear Research, Dubna),
• the proton synchrotron of the Institute for Theoretical and Experimental Physics (Moscow)

accelerating protons up to 9.3 GeV,
 and others.

Besides, a number of proton accelerators with energies up to hundreds of MeV,
phasotron is also available operating in Russia at the Joint Institute for Nuclear Research
(Dubna) and isochronous cyclotron — at St. Petersburg Institute of Nuclear Physics.

An intensive linear proton accelerator is also constructed at the Institute for Nuclear
Research (Troitsk). The first stage of the accelerator has been completed.

In IHEP (Protvino, Director  A.A. Logunov) the works to build new accelerator U-600
are in progress.

Another direction of HEP research is connected with plans of the Institute for Nuclear
Physics (Novosibirsk, Director — A.N. Skrinsky) to create colli ding electron-positron beams on
the basis of linear electron accelerators (VLEPP).

The international experience in dealing with heavy-current accelerators shows that a
meson factory is a generator of high-intensity secondary beams of pions, muons, neutrons,
neutrinos, polarized nucleons, hydrogen neutral atoms and is a unique tool for investigations in
nuclear and elementary particle physics. That is why the construction of Moscow meson factory
by the Institute for Nuclear Research (scientific leader — A.N.Tavkhelidze, director  V.A.
Matveev) is another important direction for fundamental studies in physics in Russia.

In terms of its parameters, every large accelerator is a unique physical installation. The
high cost and sophistication of experimental apparatus urges the necessity of a wide international
scientific and technical cooperation. Such cooperation in operating huge accelerating machines
makes it possible to develop faster and more eff iciently complicated experimental faciliti es
comprising numerous detectors, electronic equipment and control systems.

CONCLUSION.

This short review presents only some general information about our research centre  in
Dubna. However, I’d li ke to emphasize that over its 42 years of existence JINR has become a
well -known international scientific centre, which incorporates the fundamental research of the
structure of matter, development and application of high technologies, and university education



  439

in the relevant fields of knowledge. The scientific policy pursued by the JINR  Directorate was
developing in the context of the world scientific trends. At the same time last years were marked
with a struggle for survival and preservation of the Institute as a unified scientific centre in the
time of radical politi cal changes and serious economic diff iculties in Russia and some of the
Member States. This struggle was very often waged under conditions close to the extreme ones.
Nevertheless, due to the joint efforts, the Institute has survived and continues to contribute
significantly to world science in the field of particle physics, nuclear physics, and condensed
matter physics.

Successful implementation of new reforms should become an impulse for the dynamic
development of this international scientific centre in the 21st century.



  440

Acknowledgments.

I would li ke to express my appreciation to Prof. J. Budagov, Dr. O. Pukhov and Mrs. M.
Studenova for their help in this report preparation.



  439

 MALT WHISKY - AN INTRODUCTION TO THE SPIRIT OF
SCOTLAND

 Peter M. Dryburgh
 University of Edinburgh, The King’s Buildings, Edinburgh EH9 3JL, Scotland, U.K.

 Abstract
 The historical connection between malt, grain and blended whisky is used to
introduce the making of malt whisky and outline the preparation of malt
from barley, the processes of fermentation and distill ation and the
maturation of the strong spirit in oak casks. The geographical basis for the
classification of malt whiskies is mentioned. Ten whiskies, ranging from the
lightly flavoured Bladnoch to the heavily peated and phenolic Ardbeg, are
discussed in terms of their individual characteristics and the distill eries
which produced them.
 

INTRODUCTION

 An article on malt whisky might seem out of place in a publication devoted to a summer school on
high energy physics but the malt whisky tasting held on 25th August at St. Andrews, although
essentially a social event, was the occasion for some serious study of this fascinating subject and
seemed to be enjoyed by all participants. The purpose of this article is to expand on the brief notes
which were issued at the event.

 Blended whisky has satisfied the world’s demand for Scotch whisky since the turn of the
century. Despite the overwhelming emphasis given to blended whisky, and its consequent impact
upon world markets, there have always been people to whom the only true whisky was the original
single malt, produced in the traditional way and, nowadays, increasing numbers of discriminating
drinkers are exploring these single malt whiskies in much the same way that more people are learning
about wine.

 Blended whisky was introduced late in the 19th century, when industrial still s started to produce
large quantities of cheap alcohol from fermented cereal mashes other than malt. The spirit produced
had littl e character but was legally ‘grain whisky’ .  Skill ed blenders added malt whiskies to it to
produce blended whisky, which was so successful that, not only is the word ‘Scotch’ use in most
languages, but individual blends li ke Johnnie Walker, Haig and Chivas Regal are familiar throughout
the world.

 The traditional malt whisky of Scotland was prepared originally in farmhouses, crofts and
castles from the simplest of local ingredients, barley and water.  If a moist, sprouting barley seed is
heated and dried over a fire, the tiny plant is kill ed but the sugars and other substances produced to
feed it are left in the seed.  The product of this cereal infanticide is malt, and its importance lies in the
fact that the sugars can be fermented by the action of yeast and water,  just as in the brewing of beer.
A most important source of f lavour in malt whiskies is the peat smoke from the fire used to dry the
malted barley, the way in which the aromatic constituents of the ‘peat reek’ are incorporated into the
drying malt being very reminiscent of the process of kippering. The amount of peat smoke used in the
malting depends upon local tradition.

 By the time that the weakly alcoholic solution produced by the fermentation has been distill ed
twice in simple copper still s - pot still s - it has turned into a colourless, pungent spirit containing
about 70% alcohol.  The slow magic which turns this fierce, raw spirit into mature, malt whisky takes
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place in oak casks. (Old sherry casks are highly prized because of the special finish which they give
to the mature whisky.)  The law requires Scotch whisky to have been matured in the cask for a
minimum period of three years, but malt whiskies have to be kept for much longer to develop their
full character.  The practice of allowing the whisky to mature is the only important feature which
distinguishes the process used in distill eries from that of the ancient cottage industry, but it is of
crucial importance in the development of f lavour, aroma and body.

 Until recently, there were more than 100 malt distill eries distributed all over Scotland from
Wigtownshire to Wick and on the islands of Orkney, Jura, Mull , Skye and Islay.  Malt whiskies are
usually classified as Highland, Lowland and Islay malts, the Highland and Lowland areas lying north
and south of a boundary joining Greenock and Dundee.

0 LOWLAND MALTS

 Lowland malts are of a light character as no peat smoke is used in the malting process and they can be
pleasant and flowery. At their best, they are excellent aperiti fs.  Bladnoch was made in the in the most
southerly distill ery in Scotland until the distill ery was closed in 1993.  Like a number of the earlier
lowland whiskies, Bladnoch was triply distill ed and it has a fresh, simple, slightly lemony taste and
an aroma like that of cut grass.Rosebank, generally regarded as the best of all l owland malts, was
made in Falkirk but, sadly, the distill ery has been shut and the buildings converted to other purposes.
At its best - probably 8 years old, the original standard age for bottling it - Rosebank demonstrates
just how distinguished a lowland malt can be, while still retaining the essential features of lightness
and floweriness.

1 HIGHLAND MALTS

 The highland malts are so numerous and various that any small selection can give only a cursory
introduction to their potential.

 Balvenie is made in Duff town, one of the important distill ery towns north of the Grampians
but, despite the fact that the distill ery was built i n 1892, the whisky has been available in bottles only
since 1971.  The distill ery is operated owned by the Grant family and lies close to their much better
known distill ery, Glenfiddich.  Although the two distill eries are so close, even sharing the same water
supply, Balvenie is surprisingly different from its well known neighbour.  Balvenie has a spicy and
smoky taste but the smoky element is not dominant and the final taste strikes a splendid balance
between smoke, honey, oak and fruit.  Balvenie shows in a most enjoyable way all the important
features of a good malt without any excessive dominance by any of them.

 A much lamented victim of distill ery closures is Glen Mhor, which was situated in Inverness
but was wantonly demolished more than ten years ago. Glen Mhor has been described as the greatest
after-dinner drink in existence.  It is hard to discuss this whisky without straining the vocabulary: it is
smooth, mellow, big and complex. Many brandies are unable to match the depth and subtlety of Glen
Mhor.

 Whiskies from any particular area often have certain generic characteristics but there are some
whiskies which stand out as individuals having littl e in common with any others. One such individual
is Old Pulteney,  made at the most northerly distill ery on the mainland at Wick.  Old Pulteney seems
to derive its considerable strength of taste  from something other than peat.  It matures rapidly for
such a heavy style of whisky and is excellent as normally bottled at 8 years old.  This is a whisky to
enjoy before or after food.  The taste is long and  appetising with a faintly salty character. It is a plain,
robust and satisfying whisky and deserves to be more widely known.

 It is taking something of a liberty to include two Orcadian whiskies with the northern
highlands, particularly as Orcadians have at least as much aff inity with Scandinavia as with Scotland,
but all systems of whisky classification are general and approximate and no one can dispute that
Orkney lies well north of the Highland Boundary.  The two  malt whiskies produced in Orkney are



  441

Highland Park and Scapa and although Highland Park is much the better known, Scapa is a whisky of
real quality.

 Highland Park occupies a site associated with whisky distilli ng  since before 1790 and is one of
the few remaining distill eries to carry on the traditional process of f loor malting. Highland Park
whisky brings to the nose to a decided suggestion of peat smoke but there is nothing heavy-handed
about it and the overall impression of the taste is of substantial quality, good balance and depth.

 Scapa distill ery lies on the shore of Scapa Flow, that great stretch of sheltered water which
provided the base for the Briti sh fleet in the two world wars.  The distill ery is in sight of Highland
Park but is very different in character.  Scapa has a rather flowery aroma, a slightly sweet initial taste
and a long aftertaste. Scapa is a brisk sort of whisky but it is certainly not unsophisticated and is
worthy of considerable study.

2 ISLAY MALTS

 Islay Malts are sometimes considered as being all heavily peated and massive in taste. This is not the
case and the eight whiskies of Islay are easily separated into three distinct groups, one of which
contains Lagavulin, Laphroaig and Ardbeg, usually considered the archetypal heavy whiskies, a
second group consisting  of  Bowmore, Caol Ila and Port Ellen, and a third group of two,
Bruichaddich and Bunnahabhain, which have much more in common with whiskies from the northern
highlands than with their close neighbours in Islay. The three different types were represented at the
tasting by Bunnahabhain, Caol Ila and Ardbeg.

 Bunnahabhain is made using malt which has no peat smoke used and the water comes from a
deep borehole so it contains no trace of the extracts of peat which often colour and flavour water
which has been obtained from surface supplies. To the nose, Bunnahabhain presents a fresh and
attractive aroma, while the taste is nutty and spirituous but beautifull y balanced. It has an almost oily
texture which gives it a general sense of richness in the mouth. Like all good whisky it has a long,
lingering aftertaste.

 Caol Ila is produced in a distill ery first built i n 1846 but rebuilt i n 1974. The distill ery
overlooks the Sound of Islay from where it takes its Gaelic name and has a magnificent view of the
island of Jura. Caol Ila represents perfectly what is often regarded as a typical Islay whisky; smoky,
peaty and spicy to the nose and with a slightly medicinal taste. All malt whisky is best drunk
unchill ed but whisky of this weight and character suffers particularly from being served cold.

 Ardbeg Distill ery has been closed for a number of years but was recently bought and reopened.
This was very good news for the many enthusiasts who enjoy this powerful and unique drink. Ardbeg
contains the highest concentration of polychlorinated phenolic compounds found in any whisky and
this accounts for is decidedly medicinal taste and powerful assault on the taste buds. The distill ery
still uses the old floor malting process and is careful to prevent much air circulating in the kiln so that
the malt is subjected to a huge concentration of peat smoke.  Ardbeg is not to everybody’s taste but,
to those who enjoy it, it is an experience rather than just a drink and demands to be treated with
respect.

 Whether you enjoy the delicate and ethereal, the substantial and satisfying or sheer Wagnerian
splendour, you should  remember that malt whisky is a complex creature of spirits and volatiles and
to chill it i s to paralyse it.  Keep it warm and it will sing for you.
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DOLLY:  THE SCIENCE BEHIND THE WORLD’S MOST FAMOUS SHEEP

H.D. Griffi n
Roslin Institute (Edinburgh),  Roslin,  UK

Abstract
‘The Roslin Institute near Edinburgh is one of the world’s leading centres for
research on farm animals. Its main expertise is in animal genetics, with the
results benefiting the livestock breeding and production industries in
particular.  Its work was, however, little known to the general public. A single
lamb  changed all that.  Dr Harry Gr iffin, Assistant Director at the Institute,
explains.....’

Dolly  was the first mammal cloned from a cell from an adult animal.  She was derived from cells that had been
taken from the udder of a 6-year old Finn Dorset ewe and cultured for several weeks in the laboratory. Individual
cells were then fused with unfertilised eggs from which the genetic material had been removed. Two hundred and
seventy seven of these ‘reconstructed eggs’ - each now with a diploid nucleus from the adult animal - were
cultured for  6 days in temporary recipients.  Twenty nine of the eggs that appeared to have developed normally
to the blastocyst stage were implanted into surrogate Scottish Blackface ewes. One gave rise to  live lamb, Dolly,
 some 148 days later.

DOLL YMANIA

Dolly was born on 5 July 1996. It took Ian Wilmut and his colleagues a few weeks to complete the experimental
work and several more months before they had written a paper and had it accepted by Nature. Publication was
confirmed for  27 February, 1997 and by then plans were well advanced to handle the expected media interest.
 We knew  that Nature was featuring Dolly in the weekly press release that it distributes each  Friday. The
information in these releases is ‘embargoed’ until 7 o’clock on the Wednesday evening before publication and
this is intended to provide journalists time to research their stories more carefully before going to press.  However,
 ideas of a relaxing weekend were shattered by  two phone calls late on Saturday  warning  us that the Observer
would be running the story the next day. 

A quick visit to the newsagents first thing on Sunday confirmed our story was on the front page.  The
Observer ’ s science writer Robin McKie  had resisted taking a sensational li ne but he had raised fears about
human cloning.   Our main aim then was to ensure that the other papers have some solid facts to report.  Two of
the team at Roslin and four at our PR agency De facto’s off ice in Basingstoke worked throughout the day to
answer  calls from  around the world and set up schedules for reporters,  TV crews and photographers desperate
to visit Roslin.

On Monday,  Dolly provided a major story in most of the  papers and Roslin was besieged by  reporters
and TV crews from all over the world.  ABC, NBC, CNN and CBS all beamed live interviews across the Atlantic
via satelli te vans in the car park.  Phones rang incessantly and extra spokesmen were drafted in to help.  Dolly
quickly became the most photographed sheep of all time  and was invited to appear on a chat show in the US.
Astrologers asked  for her date of birth and the shares of our collaborators PPL  rose sharply.  President Bill
Clinton called on his bioethics commission to report on the ethical implications within 90 days and Ian Wilmut
was invited to testify to both the UK House of Commons and  the US Congress.  Dolly Parton said she was
‘honoured’ that we had called our sheep after her.



In the first week after the story broke, we estimated that together the Roslin Institute, PPL and De Facto
answered more than 2000 telephone calls,  talked at length to close on 100 reporters and provided access to Dolly
to 16 film crews and more than 50 photographers from all over the world. After all this, the actual publication
of the paper in Nature on Thursday 27 February seemed an anticlimax.   

‘Science Breakthrough of the Year ’

For developmental biologists, Dolly’s existence challenges one of the fundamental tenets of developmental
biology.  Most scientists had thought that differentiation - the gradual process of specialisation that allows the
fertili sed egg to develop into the hundreds of cell types that make up the whole animal- was irreversible. After
all , even over a 90 year li fespan a liver remains a liver, a nerve cell a nerve cell .  The production of a live lamb
from a cell taken from the udder of  a 6-year old ewe demonstrated that differentiated cells are not immutable:
it was possible to take a differentiated cell and turn its biological clock back to zero. To start its life all over again.
 And for this, Dolly was voted ‘Science Breakthrough of 1997’  by the editors of the prestigious US journal
Science, ahead of NASA’s Pathfinder mission to Mars and advances in cyclotron design.

At first Dolly was a clone alone, but in recent months clones of adult mice have been reported from Hawaii and
cloned calves from both New Zealand and Japan. These additional reports demonstrate that Dolly is not an
‘anecdote’ and that it should be possible to clone from a variety of different cell types and species.

Cloning of humans

The intense media interest was not with sheep.  The immediate assumption was that cloning of humans was just
around the corner and that seemed to trigger an explosion (at least in the media) of  fears about the future. 
However, in contrast to the barrage of calls from the press, the relatively small size of our postbag suggested that
the general public was  much more sanguine.  They seemed to know that the scenarios that the media were
imagining were unlikely to be realised and could, as a consequence, be enjoyed in safety. Just like ‘ the X  files’ .

Much of the media speculation was based on science fiction rather than good sense,  with the Times and
a Dr Patrick Dixon taking our  award for the most outrageous list of  ‘reasons’ f or cloning humans.  A common
misunderstanding was that clones would be somehow less than human.   However, most of us have already met
a human clone - an identical twin - and no one would seriously suggest that we should produce twins to order as
sources of spare parts. Others seemed to believe that cloning would produce an identical photocopy, rather than
a child that would grow up with a personali ty and behaviour all of its own.

Those speculating about potential uses in humans need to recognise that the technology is very much in
its infancy.  Our experiments in sheep produced several lambs with developmental abnormalities that died in late
pregnancy or soon after being born.  A clone will inherit somatic mutations from the donor and this in turn may
lead to premature ageing or a higher incidence of cancer later in li fe.  These risks alone mean that it would be
grossly unethical to perform similar experiments in women now, however desperate they might be to have a child.

Experience with cloning in farm animals may identify ways of reducing risk  but this is likely to take
many years.  In the meantime,  society as a whole has time to contemplate which uses of the technology might
be acceptable and which would not.  Views will i nevitable change over time: the first test tube baby, Louise
Brown, was born in 1979 and in vitro fertili sation is now commonplace.  Attitudes will also vary between
countries: many feared cloning would be exploited by megalomaniacs but in our view it is far more likely that
the ethical boundaries will be tested by the in vitro fertili sation clinics in the US or the Far East.



Nuclear transfer

Cloning by nuclear transfer is not itself novel.  The technique was first reported in frogs in 1953 and has been
used widely since in amphibians to study early development.  This work showed that the first few cell divisions
after fertil isation produce cells that are totipotent (i.e. they can develop into all of the cell types that make up the
whole animal).  As the embryo develops further, the cells  lose this property and the success of nuclear transfer
rapidly declines.  Some nuclear transfer experiments using cells from adult frogs produced viable embryos, but
these never developed beyond the tadpole stage.

Nuclear transfer in mammals proved to be more diff icult. The cloning of mice using nuclei from very
early embryos was reported in 1977 but this work was not repeatable and interest among developmental
biologists waned.  Research on nuclear transfer in cattle continued, stimulated by the potentially large commercial
benefits of multiplying elite embryos.  Artificial insemination allows each bull to have thousands of offspring but
each cow can only produce 5 or 6 calves in a lifetime.   Multiple ovulation embryo transfer (MOET) and cloning
by embryo splitting have been used to partially redress this imbalance,  but these techniques have limited potential
for further development.  By contrast, nuclear transfer has, at least in principle, the ability to produce an unlimited
number of identical animals.

By the middle of the 1980's several research groups from around the world had produced cloned sheep
and cattle by transferring nuclei directly from early embryos.   In 1985 Steen Will esden in the US had produce
live calves  by nuclear transfer from embryos that had progressed to the 64- and 128-cell stage and this was the
first suggestion that nuclear transfer in mammals  was possible from at least partially differentiated cells.

In the early 1980's the then Animal Breeding Research Organisation initiated a programme designed to
produce transgenic sheep and cattle that would secrete human proteins in their milk. Using the beta- lactoglobulin
promoter, John Clark and colleagues were able to direct expression of the transgene to the mammary gland. This
success led to the setting up in 1987 of PPL Therapeutics and in 1989 the  production of  Tracy, a transgenic
sheep that secreted 35 g of a human protein- alpha-1-antitrypsin- in her milk.  Over the same period other groups
had developed other transgenic livestock, including genetically modified pigs for use as sources of organs for
transplantation to human patients.

At this time the only way of producing transgenic livestock was by pro-nuclear injection.  This procedure
involves the introduction of 200-300 copies of the transgene into a recently fertilised egg which is then implanted
in a surrogate mother. Only 2-3% of eggs give rise to transgenic offspring and only a small proportion of these
express the added gene at sufficiently high levels to be of commercial interest.  It was also only possible to add
genes.

If animals can be derived from cells in culture, then it is possible to carry out much more specific genetic
modifications, including the removal or substitution of specific genes.  This has been achieved in mice using
embryo stem (ES) cells but to date no one has yet succeeded in obtaining ES cells from cattle, sheep or pigs. After
learning of Will esden’s  success,  Ian Wilmut thought that nuclear transfer might provide an alternative.

The major  breakthrough came in 1995 when Keith Campbell, Ian Wilmut and colleagues  produced live
lambs - Megan and Morag - by nuclear transfer from cells from early embryos that had been cultured for several
months in the laboratory.   The key element in this success was the induction of quiescence in the donor cells.
However, at this stage they did not know if they had also stumbled on a particular amenable cell type simply  by
chance.

Additional experiments were performed to test if successful nuclear transfer technique was restricted to
 embryo-derived cells or could be carried out with a wider range of cell types.  Nuclear transfer was carried out



from  embryo-derived cells, foetal fibroblasts and - in collaboration with PPL Therapeutics - cells from an adult
ewe.  Four lambs were born from embryo cells, two from the foetal cells and one, subsequently named Dolly,
from an adult cell .  Their identity was confirmed by DNA testing and the results published in Nature on 27
February 1997.

Practical applications of cloning

The abili ty (via nuclear transfer)  to derive live animals from cultured cells provides an alternative way of 
producing  transgenic farm animals.  Moreover, the abili ty to manipulate many milli ons of cells at once opens
up the possibili ty of much more specific genetic modifications,  including the deletion or substitution of specific
genes or the introduction of the single letter changes in the whole of the genetic code that are characteristic  of
many human genetic diseases.

human therapeutic proteins

Human proteins are in great demand for the treatment of a variety of diseases. Whereas some can be purified from
blood,  this is expensive and runs the risk of contamination by AIDS or hepatitis C.  Proteins can be produced
in human cell culture but costs are very high and output small.  Much larger quantities can be produced in bacteria
or yeast but the proteins produced can be diff icult to purify and they lack the appropriate post-translational
modifications that are needed for eff icacy in vivo.

By contrast, human proteins that have appropriate post-translational modifications can be produced in
 the milk of transgenic sheep, goats and cattle.  Output can be as high as 40 g per li tre of milk and costs are
relatively low.  PPL Therapeutics, one of the leaders in this field, recently announced that alpha-1-antitrypsin
produced from a transgenic flock is now being used to treat cystic fibrosis patients in phase 2 clinical trials. In
the US, Genzyme Transgenics have focussed on goats and their lead product, tissue plasminogen activator, is also
in clinical trials. 

An immediate advantage of producing transgenic animals by nuclear transfer is  that it uses less than half
of the  experimental animals than does pronuclear injection. It is also possible  to specify the sex of the offspring
and thereby substantially reduce the time taken to generate a production flock. PPL and the Roslin Institute have
already used this approach to produce Polly and Molly, two transgenic sheep that secrete the human blood clotting
factor IX in their milk.

At present such transgenic animals produce a human protein in addition to the normal complement of
milk proteins. This restricts yield and with some proteins there would be a major advantage in removing one or
more of the endogenous milk proteins.  This is the case with serum albumin where the total demand for treatment
of burns and other trauma is estimated at over 600 tonnes each year. In this case production would be in cattle
and the aim would be to replace the bovine albumin gene with its human equivalent.

nutraceuticals

There are a number of potential opportunities for altering the nutritional content of milk.  For example, cow’s
milk is ideal for calves but not for premature infants.  Gene targeting using nuclear transfer will allow milk to be
produced in which one or more of the normal cow’s proteins have been replaced by human proteins,  thereby
improving its nutritional quality for these special ‘consumers’.  Other people have a immune response to specific
proteins in milk or are intolerant of lactose and gene targeting  would allow the creation of herds of cows that
produced milk lacking the problem  components.

xenotransplantation



Over the past 20 years transplantation of hearts and kidneys has become almost routine.  There is an  shortage
of suitable organs for transplant (about 5000 each year in the UK) and many patients have to suffer prolonged
dialysis and/or die as a result. Transgenic pigs are being developed as sources of organs to meet the shortfall .
  The pigs produced so far have an added human protein such as compliment inhibitory factor that coats the pig
tissues and is intended to prevent immediate rejection of the transplanted heart or kidney.

The abili ty to remove genes could have a major impact on the success of such xenotransplants. 
Surprisingly, most of the antibodies in our blood that would the react against a pig organs recognise a single
carbohydrate linkage, galactose alpha (1,3) galactose.  This sugar residue does not appear to be functionally
important because it is not present in  humans and monkeys.  Elimination of the glycosyltransferase responsible
for attaching this sugar residue by targeting the relevant gene in pigs is therefore expected to greatly reduce
hyperacute rejection of transplanted organs.

animal models of disease

Mice in which specific mutations have been deliberately introduced have often proved very useful as models for
studying  human genetic diseases.  In some cases, differences between mice and humans means that the effects
of the introduced  mutation are not the same as in the human genetic disease.  This is the case for the cystic
fibrosis mutation, where differences in chloride channel mean that the knock out experiment in mice has li ttle
effect on  lung physiology.

Nuclear transfer will extend the range of species in which gene targeting will be possible and thereby
provide better models to  test treatments for  human diseases.  Lung physiology in sheep and humans is very
similar and the gene targeting to introduce the cystic fibrosis mutation in sheep would be expected to produce a
similar phenotype in homozygous animals to that in man.  The deliberate creation of a genetic disease in a large
animal raise public concerns and the ethical justification of creation of such a model would need to be well argued.

cell therapy

Intact cells are already  used to treat patients suffering from a number of diseases, including leukemia and
Parkinson’s disease.  In most cases these cells have to be obtained from close relatives to avoid problems of
immune rejection.

The fact that Dolly was cloned from a cell taken from an adult ewe shows that even differentiated cells
can be ‘reprogrammed’ into all the cell types that make up an intact animal. The only way that we can perform
this dedifferentiation step now  is by ‘ incubating’ cells  in the cytoplasm of an unfertilised egg but when we know
more about the mechanisms involved, then it may be possible that human  cells can be reprogrammed without
the use of a human egg.  This would allow the patient’s  own cells to be used in cell  therapies, thereby avoiding
the time, expensive and uncertainty  of  tissue matching.  Cells would removed from the patient, converted into
the desired cell type in the laboratory and then reintroduced into same patient for treatment. 

cloning in farm animal production

In addition to providing a route to gene targeting in livestock, nuclear transfer could  be used to deliver what is
the popular image of cloning:  that is the production of,  at least  in principle, unlimited numbers of genetically
identical animals.

There are major practical hurdles to overcome before this could be a routine procedure in livestock



production.  We first need to show the techniques can be used in cattle and pigs since it is probably only in these
species that the benefits are likely to justify the cost.  Non-surgical means would be needed for embryo transfer
and success rates would have to be dramatically improved. Previous experience with new technologies such as
artificial insemination and multiple ovulation embryo transfer suggest that it may be 10-20 years before this could
be possible

Nevertheless, the main advantage of cloning would not be in selection programmes but in the more rapid
dissemination of genetic progress from elite herds to the commercial farmer.   At present this is achieved through
artificial insemination - which supplies only half the genes- and by limited use of embryo transfer. This process
is not that eff icient and in dairy cattle, the performance of the average cow  is probably some 10 years behind
 the best.   With cloning, it would be possible to remove this difference.  Farmers who could afford it would
receive embryos that would be clones of the most productive cows of elite herds and thereby lift the performance
of their herds to that of the very best within one generation.   This  would be a one-off gain, since from then on
the rate of genetic progress would return to that of the eli te herds.

In this scenario, breeding companies would sell cloned embryos in much the same way as they now sell
semen.  Farmers would choose cloned embryos for high merit beef bulls or dairy cows from catalogues that
described the genetic merit for a series of economically important traits, including fertilit y, health and longevity.
 The cloned embryo would be delivered to the farm much in the same way as semen straws are today, perhaps
from breeders overseas.

A major risk would be loss of genetic diversity but this could be avoided by systems that ensured that
breeding companies produced a limited number of clones of each genotype and restricted the number of each of
the clones that could be sold to any one producer.   Although the herds of some producers might consist entirely
of cloned animals, the fact that they were clones of different elite animals may actually increase genetic diversity
on some farms. 

genetic conservation

Although cloning is associated in most people’s minds with a loss of genetic diversity,  the techniques that were
used to produce Dolly will also provide new approaches to genetic conservation.   With increasing commercial
pressures, many indigenous breeds  adapted to local conditions are under threat from imported  breeds that are
being reared in intensive farming systems.  The local breeds may contain valuable genes that confer heat tolerance
or disease resistance and there is an urgent need to prevent their extinction.  Current methods of conservation
involve storage of frozen semen or embryos but are time consuming and  costly. As a consequence, the future of
only a small proportion of endangered breeds is being addressed.

The new techniques developed at Roslin may  provide much simpler and  more effective means of
conserving breeds.   Blood samples, skin biopsies or even hair folli cles might be suitable sources of cells that
could be grown briefly in the laboratory and then frozen in liquid nitrogen for long term storage or transfer to
other endangered populations.

To some these appli cations seem much less glamorous than the prospect of the cloning of human
beings. In realit y, they have the potential to provide radical new treatments for a wide variety of serious
diseases that affect many milli ons of people world-wide.  By contrast, the cloning of human beings- if and
when it happens- is li kely to remain a marginal activity with littl e impact on society beyond the immediate
participants.

Further information on cloning, including references to work cited, is  available on the Institute’s web site on



www.ri.bbsrc.ac.uk


















